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PREFACE. 



In this little book I have endeavoured, to expound, upon 
simple and rational principles, the rudiments of the science 
OP Arithmetic. With rules I have given reasons : and al- 
though the work is designed chiefly for schoolboys and young 
persons, yet, contrary to the usual practice, I have chosen to 
regard the learner less as an arithmetical machine than as an 
intellectual being. I venture to hope, that what I have here 
done may meet with some degree of countenance from School- 
masters and Teachers ; and that it may also prove acceptable 
to the solitary and self-dependent student. This is not an un- 
reasonable hope : for, although so-called Treatises on Arithmetic 
are very numerous, the number of books really deserving of 
the appellation is but few. As I have reserved no room here 
for even the most summary analysis of the following pages, I 
must leave them to the candid examination of those who may 
be interested in the progress of this class of educational books. 
I trust no fault will be found with me for the familiar and 
colloquial form of exposition I have adopted : any attempt at 
elevation of style, in works of this kind, is wholly misplaced. 
I have imagined my own pupils before me; and I have 
addressed them as I was formerly in the habit of doing in 
oral instruction. My sole aim has been to be intelligible, 
and to invest the subject with what interest I could con- 
sistently with the preservation of scientific accuracy : but if 
there be one part more than another, to which I would invite 
special attention, it is the subject of Decimals^ towards the 
end of the book. 

J. R. YOTJNG. 

London, 1868. ^^ 



*♦* A Key to the work is now published : besides solutions 
in rail to all the Exercises, it will furnish some additional 
instructions for the otherwise unassisted learner. 
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AEITHMETIC. 



(1.) The marks used in Arithmetic are 

1, 2, 3, 4, 5, 6, 7, 8, 9; 
which stand for one^ two^ three^ four^ five^ six^ seven^ eighty 
nine* 

These marks are called figures; and by help of these 
figures, and another mark, 0, to stand for nought^ or nothing^ 
any number may be written down. 

The mark or nought^ may also be called z, figure; so that 
there are ten different marks ov figures used in Arithmetic. 

(2.) You must remember that k figure is only one of these 
marks : when you see two or three or more of them written 
side by side, you see a number: thus, 24 is a number^ of 
two figures; it stands for twenty-four ; also 37 is a number 
of two figures; it stands for thirty-seven: and so on. 
Twenty-four means two tens and four; thirty-seven means 
three tens and seven. And in like manner forty-eight means 
four tens and eight; and this number, written in figures, is 48. 

You see then, that, in a number of two figures, the first, or 
left-hand figure, tells us how many tens there are in the 
number; and the second, or right-hand figure, tells us how 
many ones^ or units there are in the number, besides fhe 
tens : one^ you are to remember, is also called unit, or unity, 

(3.) From what has now been said, you see that the word 
number does not mean the same thing as the word figure : 
there are only ten different figures, or single marks, but by 
joining two or more of these together, we may write down as 
many numbers as we please. The single figures themselves 
are also called numbers^ as well as sets of two, three, or more 
figures : thus, 5, 7, 6, &c., are numbers of one figure each ; 
57, 75, 76, &c., are numbers of two figures ; and 576, 756, 
&c., are numbers of three figures. The number 57 is fifty- 
seven^ the number 75 is seventy-five, the number 76 is seventy- 

* Arithmetic may be defined as the science which teaches how to per- 
form compatations by numbers. It would perhaps be of but little use to 
I a beginner to give a formal definition of Arithmetic in the text. 

B 



2 ARITHMETIC. 

«w?, and 80 on. The number 576 is five hundred and seventy- 
six^ the number 756 is seven hundred and fifty six; and in 
. any number of three figures, the first figure on the left hand 
tells us how many hundreds there are in the number ; the 
next figure tells us how many tens there are, besides the 
hundreds ; and the last figure tells us how many units there 
are, besides the hundreds and tens : there may be no units 
after the hundreds and tens ; if so, a nought or 0, is put for 
the last figure : thus, five hundred and seventy, would be 
written in this way, 570 ; and seven hundred and fifty y 
would be written 750. Should there be no tens after the 
hundreds, then, in the same way, a is put in the place of 
tens: thus, 506, means five hundred, no tons, and six units; 
that is, five hundred and six; also, 605 means six hundred 
and five; and 600 means six hundred, without any tens or 
units besides. You see, therefore, that if you write down a 
single figure, you mean so many units; but if you put a 
nought to the right of it, you mean ten times as many, and 
if two noughts, one hundred times as many. 

(4.) When a number has four figures, as, for instance, the 
number 3562, the first figure on the left hand tells us how 
many thousands there are in the number; the next figure, 
how many hundreds besides ; the third figure, how many 
ten^s; and the fourth, or last figure, how many units besides; 
so that the number just written is three thousand five hun- 
dred and sixty-two : if, instead oi five hundreds, there had 
been no hundreds, the number would have been written 
3062 ; that is, three thousand and sixty-two. In like man- 
ner, 3502 is three thousand five hundred and two; also, 
3002, is three thousand and two; and 3000, is three thou- 
sand only. 

(5.) From the explanations which have now been given, 
you see that when a figure stands by itself, that is, without 
any figures beside it, it stands for a certain number of units: 
thus, 6 stands for six units, or six ones; and that when a 
figure does not stand by itself, but at the right-hand end of 
a row of figures, it still stands for units: thus, the 6 in the 
number 346 is still six units; but the 6 in the number 562 
stands for ten times 6, or sixty ; the 6 in the number 4637 
stands for ten times sixty, or six hundred; the 6 in the 
number 6253 stands for ten times six hundred, or six thou- 
sand. It is on this account that we say that the last figure 
of any number occupies the place of units; the next figure, 



NUMERATION. 3 

n tbe left, the place of tens; the next, the place of hun- 
dreds; the next, the place of thousands; and so on, as in 
he following Tahle, which is called the 

I^umeration Table, 

37526 8 436297 
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(6.) The number written above, which is a numbet of 
twelve figures, is therefore three hundred and seventy-five 
thousand two hundred and sixty-eight millions^ four hundred 
and thirty-six thousand, two hundred and ninety-seven. If 
we were to put another figure before the first figure 3 above, 
w© should have a number of thirteen figures, and the new 
figure would be in the place of billions ; another new figure 
put before this would be in the place of tens of billions, and 
80 on. You should learn this table, by repeating the words, 
units, tens, hundreds, thousands, &c., till you can say them 
in order without looking at the book ; and you must notice, 
that whichever of these you pronounce, the next you pro- 
nounce is always ten times it : thus, ten is ten times unit ; 
a hundred is ten times ten ; a thousand is ten times a hun- 
dred, and so on. 

(7.) Until you have learned the Numeration Table, you 
will not know the meaning of a large number written in 
figures. Suppose the number 465287 were shown to you; 
you could teU what it means only by knowing the Numera- 
tion Table. You would point to the 7 and say units, to the 
8 and say tens, to the 2 and say hundreds, to the 5 and say 
thousands, to the 6 and say tens of thousands^ and Ic^ \k:i<^ ^^ 
and say hundreds of thousands ; and yon ntoxjXj^ ^iJowa Vs^^'w 
b2 
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the number to be four hundred and sixty-five thousand^ two 
hundred and eighty-seven. And in this way you are now 
required to write in words the following numbers : * — 

Exerciaea in Numeration, 



1. 2763 


35162 


45280 


2. 56106 


82030 


910257 


3. 173004 


6789523 


3486025 


4. 1142060 


1110111 


4362800 


5. 64370253 


99874062 


35006200 


6. ) 73892531 
7</ 7539336210 


875062035 


107926500 


326972573971 


415862314203 


9z ,73,q254,06^810 


173004202604. 


50213P^65p80 



(8.) Write the following numbers in figures : — 

1. A mile contains one thousand seven hundred and sixty 

yards. 

2. It has been found that there are more than five hundred 

and forty-six thousand persons in the world who are 
deaf and dumb. 

3. The expense of buildiog London Bridge was two millions 

of pounds. 

4. The expense of the Britannia Tube, over the Menai 

Straits, was six hundred and twenty-one thousand 
eight hundred and sixty-five pounds. 

5. The quantity of gold collected at California, in the year 

1850, is estimated at three hundred and twelve thou- 
sand five hundred ounces. 

6. The money received by the London and North-western 

Railway for passengers and goods, during the first half 
of the year 1851, was one million one hundred and 
seventy-seven thousand five hundred and eighty pounds. 

7. The number of visitors to the Great Exhibition, on 

Tuesday, the 7th of October, 1851, was one hundred 
and nine thousand nine hundred and fifteen. [[This 
was the greatest number on any one day.] 

8. The money received by the Great Exhibition amounted 

altogether to five hundred and five thousand one hun- 
dred and seven pounds. 

9. In the month of September, 1851, there were one million 

one hundred and fifty-five thousand two hundred and 
forty visits paid to the Exhibition. 

* The answers to all the questions and exercises are placed at the end. 
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10. The greatest number of visits to the Exhibition in any 

one month was in July ; the number in that month was 
one million three hundred and fourteen thousand one 
hundred and seventy-six. ' 

11. The total number of visits to the Exhibition, without 

counting the closing day and certain private days, was 
six million seven thousand nine hundred and forty- 
four.* 

12. The number of people in Great Britain and the British 

Islands in 1851 was twenty million nine hundred and 
thirty-six thousand four hundred and sixty-eight. 

(9.) From these exercises you will see that the ten figures of arithmetic 
are sufficient for the purpose of expressing any^umber, however great ; 
and that the reason why so few are enough, is, that each figure changes 
its meaning as its place in a number is changed. The value of a figure 
in any particular place is called its local value ; thus, the local value of 
the 6 in 263 is sixty ; and the local value of the 2 is two hundred : the 
local value being always ten times what it would be if the figure were in 
the next place on the right. This ten-fold increase in the local valae of a 
figure, when it is advanced one place from right to left, is the reason why 
our system of notation in arithmetic is called the decimal systern.f 

It may be proper to mention here, that the figures 1, 2, 3, &c. are also 
called digits s and that 0, or nought, is also called cipher, or zero, 

(10.) It may also be further noticed, that when we have to express a 
veiy Urge number in words, it is convenient to separate the figures of it 
into periods of three figures each, by putting a comma before the last 
three figures, another comma before the next three, and so on : thus, the 
large number by which I have illustrated the Numeration Table, when 
tiie figures are ^vided into periods, is 375,268,436,297. The advantage 
of this is, that as the leading figure of each period occupies the place of 
hundreds, — ^tbat is, of hundreds simply, or hundreds of thousands, or 
hundreds of millions. Sec., the number is more readily put into words. 
la the tables published by order of Government, relating to revenue, 
population, &c., this plan is always adopted. 



ADDITION. 

(11.) The rule for adding a set of numbers together, so as 
to find the sum of them all, is called the rule for Addition ; 
it is the first rule in Arithmetic, and is as follows : — 

* Including the six exceptional da3rs ; namely, the opening day, the 
two days at one pound, the two exhibitors' days, and the closing day, the 
number in the 144 days was about 6,170,000. 

t The learner may be here informed, that the particular marks or 
symbols used in anyscience,-^as, for instance, the notes in music, and the 
diaracters or symbols 1,2,3, &c. in arithmetic, — constitute thft tu^iolxotv 
of that science. 
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Rule 1. Place the numbers to be added under one another, 
80 that the unitg may all be in the first column on the ri^ht, 
the tens in the second column, the hundredi in the third 
column, and so on. 

2. Add up the column of unxU; that is, find the 9um of the 
units in this column ; if this sum be a number of only one 
figure, put this figure down under the unit column ; but if it 
be a number of more than one figure, it is not to be put down ; 
the Uut figure of it only, that is, the figure in the units placiy 
is to be put down, and the number expressed by the remain- 
ing figure or figures, after the one put down is rubbed out, 
is to be carried to the column of tens^ and added up with that 
column. In like manner, put down the last figure of the 
number which is the sum of this second column, and carry 
the number expressed by the remaining figures, when the one 
put down is rubbed out, to the next column, or column of 
hundreds, and so on till you reach the last column, the whole 
amount of which is to be put down. 

For example : Suppose we have to add together 327 
the numbers 327, 241, and 58. Then, writing the 241 
numbers under one another, so that the units may 58 

all be in the first column on the right, the tens in 

the second colunm, and the hundreds in the third, 626 
as in the margin, we should proceed as follows : — ■ 
8 and 1 are 9, and 7 are 16; therefore there are sixteen 
units in the first column, and as this number consists of ttoo 
figures, 1 and 6, we put down only the 6, and carry the 1 to 
the next column, and say 1 and 5 are 6, and 4 are 10, and 2 
are 12; we therefore put down 2 and carry 1 to the next 
column, saying 1 and 2 are 3, and 3 are 6, which we put 
down, and thus find the sum of the numbers to be 626 ; that 
is, six hundred and twenty-six. 

Again: Suppose we have to add together the numbers 
7625, 3253, 1802, and 211. Writing the numbers ,^ ^ 
under one another, as before, we say, 1 and 2 are 3, 09 co 
and 3 are 6, and 5 are 11, 1 and carry 1 ; 1 and -10/^9 
1 are 2, and 5 are 7, and 2 are 9; this being a „ 

single figure^ we put it down, and have nothing to 

carry to the next column; 2 and 8 are 10; and 2 looq, 

are 12, and 6 are 18, 8 and carry 1 ; 1 and 1 are 

2, and 3 are 5, and 7 are 12; and having now 

reached the last column, the whole amount 12 is put down; 
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SO tliat tbe snm of the numbers is 12891; that is, twelve 
thousand eight hundred and ninety-one. 

We shall go through the work of but one other example : 
Add together the numbers 57632, 804, 70300, 731, and 33. 
Writing the numbers in columns, as before, we 57632 
say, 3 and 1 are 4, and 4 are 8, and 2 are 10, 804 

and carry 1 ; 1 and 3 are 4, and 3 are 7, and 70300 
3 are 10, and carry 1 ; 1 and 7 are 8, and 3 731 

are 11, and 8 are 19, and 6 are 25, 5 and carry 33 

2; 2 and 7 are 9; 7 and 5 are 12. So that 

the sum is, one hundred and twenty-nine thou- 129500 
aand five hundred. ' 

(12.) You will easily see that the work of these examples 
16 right : thus, looking back to the first example, you see that 
the column of units amounts to 16 units; that is, to one ten 
and six units over ; the one ten is carried, as it ought to be, 
to the colunm of tens^ and only the six units put in the units' 
place. The tens amount to 12 tens; that is, to ten tens, or 
one hundred, and two tens over ; these two tens are therefore 
put in the tens' place, and the one hundred carried to the 
column of hundreds ; the sum of this column is found to be 
*M?/ so that we have got the right number of hundreds^ the 
right number of tens, and the right number of units, in the 
whole. And in the same way you may convince yourself 
that each of the other examples is correct, and that the rule 
must lead you to the true sum or amount in all cases. 

(13.) There is a way of proving whether the columns are added up 
without error, given in most books on arithmetic ; but it would cause you 
more trouble than to do the work over again ; you had better therefore 
make np your mind to perform the addition a second time, when you are 
not quite sure that there is no mistake : this second time you should com- 
mence at the top of each column, and add downwards; thus, if you wish 
to try the correctness of example 2, above, begin at the top of the units' 
column, and say, 5 and 3 are 8, and 2 are 10, and 1 are 11, 1 and carry 
1 ; 1 and 2 are 3, and 5 are 8, and 1 are 9 ; and so on. 

# Exercisiss in Addition. 

1. Add together the numbers 342, 165, and 34. 

2. Find the sum of 87, 273, and 49. 

3. Find the sum of 2860, 1723, 41, and 17. 

4. Add together 5693, 482, 6297, and 13. 

5. Add together 17341, 9203, 510, and 20061. 

6. What is the sum of 35208, 62, 187, and 762070? 

7. Add up 7407003, 169205, 4853, 79, and 382. * 
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8. Add the foUowiag numbers together ; namely, two thou- 

sand and four, seven thousand and thirty-five, one 
hundred and one thousand and nine, seventeen thou- 
sand and forty-eight, and two hundred and one. 

9. On the London and Birmingham Railway, the Primrose 

Hill tunnel is one thousand one hundred and twenty 
yards in length ; the Weedon tunnel, four hundred and 
eighteen yards; the Kilsby tunnel, two thousand three 
hundred and ninety-eight yards. On the Great "W^'estem 
Railway, the Box tunnel is three thousand two hundred 
and twenty -seven yards. On the Manchester and Leeds 
Railway, the Littleborough tunnel is two thousand 
eight hundred and sixty-nine yards ; and the Merstham 
tunnel, on the London and Brighton Railway, is one 
thousand seven hundred and eighty yards. What is 
the sum of the lengths of these six tunnels ? 

1 0. By order of Government, all the people in this kingdom 

are counted every ten years; this counting is called 
taking a census of the population. In 1841 and 1851 
the numbers were found to be as follow : — 

Census of 1841. Census of 1851. 
In England and Wales... 1591 1725 17922768 

Scotland 2628957 2870784 

Islands in British Seas 124079 14291 6 

What was the amount of the population in 1841 and 
1851? 

11. The number of persons visiting the Great Exhibition of 

1851, during the last week, was as follows ; namely, 

On Monday, Oct. 6 107815 

Tuesday, Oct. 7 109915 

Wednesday, Oct. 8 109760 

Thursday, Oct. 9 90813 

Friday, Oct. 10 46913 

Saturday, Oct. 11 53061 

How many visits were made during the*last week 

altogether ? 

12. Find how many days the Exhibition was open, and how 

many visits were paid to it altogether, from the fol- 
lowing statement : — 

Number of Days, Number of Persons, 

^ May 27 734814 

June 25 1133114 

July 27 1314176 
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August 26 1023435 

Septeinl)er 26 1155240 

October 13 808237 

13. The number of persons who emigrated from this king- 

dom, — that is, who left it to live in other countries, — 
in the years 1849 and 1850, was as follows; namely, 
In 1849. In 1850. 

From England 212124 persons ; 214612 persons 
Scotland 17127 „ 15154 „ 

Ireland 70247 „ 51083 „ 

What was the amount of emigration during these two 
years ? 

14. In the year ending on the 5th of January, 1851, there 

were 159 London newspapers, in which there appeared 
891650 advertisements, and 222 English country news- 
papers, in which 875631 advertisements appeared. 
There were also 110 Scotch newspapers, with 249141 
advertisements; and 102 Irish papers, with 236128 
advertisements. Find the total number of newspapers, 
and the total number of advertisements. 



(14.) It is proper that you should now be told, that besides 
the marks or symbols used in arithmetic for numbers^ some 
other marks are also used, instead of common words, for the 
operations of ar i thmetic. The operation you have j us t performed, 
in each of the foregoing examples, is the operation of addition. 
Now there is a mark or sign used for addition ; it is an up- 
right cross, thus +, placed between the figures or numbers to 
be added, and it is called the sign of addition^ and is read 
pliM; there is also a sign for the result of any operation, as 
for instance, for the sum or total of a set of numbers ; it is 
called the sign of equality^ and is written thus = : whenever 
you see this sign, you are to understand that the words equal 
to are meant by it. By using these two signs, you may write 
down any example in addition, with the answer or result put 
against it, without employing any words: thus, taking the 
first example at page 6, you might write it so : — 

327 + 241 -f 58 =.626; 
and if you were asked to read this, you would say 327 plv^ 
241 plu^ 58, are equal to 626, or equals 626. 

In like manner, the second example, with the ^.nswer or 
result, would stand thus : — 

7625 + 3253 + 1802 + 211 = \^%^\\ 
b3 



10 ARITHMETIC. 

and you yourself can now put the third, or any other ex- 
ample, in the same form, and can read it when you have done 
so. You must really attend to these signs of addition and of 
equality, because they will be often used hereafter. 



SUBTRACTION. 

(15.) Wb now come to the second rule of arithmetic, which 
is called the rule of Subtraction : it teaches us how to take, 
that is, to subtract^ tbe smaller of two numbers from the 
greater, and so to find the difference or remainder. If both 
numbers are numbers of nngle figures only, you do not feel 
the want of a particular rule: if you are asked to find the 
difierence between the number 8 and the number 5, that is, 
if you are asked to subtract 5 from 8, you can easily see that 
the difierence or remainder must be 3 ; and you also know, 
that if 2 be subtracted from, that is, taken away from, 9, the 
remainder will be 7; that if 4 be subtracted from 6, the 
remainder will be 2 ; and so on : but if each be a number of 
several figures, you will want a rule to guide you to the 
correct remainder : this rule is as follows : — 

Rule 1. Write the smaller number under the greater, 
taking care, as in addition, to place units under units, tens 
under tens, hundreds under hundreds, &c. 

2. Then, beginning with the units, as in addition, subtract 
the lower figure from the upper : this you can easily do if the 
upper figure be the greater of the two ; but if it be the less, 
you must fancy 10 added to it, which is sure to make it 
greater, so that you can now subtract the lower figure, and 
put the remainder underneath. 

3. If you have increased the upper figure by 10, you must 
carrt/ 1 to the next figure to be subtracted; if this next 
figure, thus increased by 1, be greater than the figure above 
it, 10 must be added to the upper figure, as before ; and after 
the remainder is put down, 1 must be carried to the next 
figure ; and so on. 

You see, therefore, that the method is to subtract the units 
of the lower or smaller number from the units of the upper, 
the tens from the tens, the hundreds from the hundreds, and 
so on, always adding 10 to the upper figure when it is less 
than the figure under it, and taking care, in such a case, to 
carry 1 to the next figure : it is only when 10 is thus added 
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to an upper figure that 1 is to be carried to tbe next lower 
one. The following examples will explain the operation : — 

1. Subtract 625 from 6879. 

Placing the smaller number under the 6879 greater 
greater, as in the margin, we say, 5 from 625 less 

9, and 4 remain ; 2 from 7, and 5 remain ; 

6 from 8, and 2 remain ; and as nothing 6254 remainder 

is taken from the upper figure 6, the 

eom[4ete remainder is 6254, or 6 thousand 2 hundred and 54. 

As in this example each of the lower figures is less than 
the figure above it, the subtraction is performed without 
adding 10 to any upper figure: in the next example such is 
not the case. 

2. Subtract 13758 from 23596. 

The numbers being written as before, we see 23596 
that the figure 6 in the units' place of the upper 13758 

number is less than the figure 8 below it; we 

therefore fancy 10 to be added to the 6, making it 9838 

16, and say, 8 from 16, and 8 remain, carry 1 ; 

6 from 9, and 3 remain; 7 from 15, and 8 remain, carry 1 ; 
4 from 13, and 9 remain^ carry 1 ; 2 from 2, and nothiug 
remains ; therefore the remainder is 9838. 

3. Subtract 3506285 from 72311075, 

Instead of repeating the word remain at 72311075 
every subtraction, it is better to proceed as fol- 3506285 

lows: 5 from 5, nought; 8 from 17, 9, carry 1 ; 

3 from 10, 7, carry 1 ; 7 from 11, 4, carry 1 ; 68804790 

1 from 1, nought ; 5 from 13, 8, carry 1 ; 4 from 

12, 8, carry 1 ; 1 from .7, 6. 

(16.) The truth of this rule for subtraction may be shown 
in a few words: — Adding 10 to ^nj figure of a number is 
the same as adding 1 to the figure before it : thus, the num- 
ber 75, is 7 ter^ and 5; if I add 10 to the 5, I make it 7 
tens and 1 ten and 5, that is 85. Again ; the number 623, 
is 6 hundreds, 2 tens, and 3 ; if I add 10 to the 2, I make it 
6 hundreds, 12 tens, and 3 ; or 6 hundreds, 10 tens (which is 
another hundred), 2 tens, and 3, that is 723, and so in 
other cases; so that adding 10 to a figure is, in fact, adding 
1 to the figure before it. The rule tells us, that whenever we 
add 10 to an upper figure, we must subtract an additional 
1 from the figure before it; therefore, the 1 that has been 
added to an upper figure, for convenience, is immediately 
afterwards taken away, so that all is bxoug\i\* t:\^\» ^^m* 
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I shall add two or three examples more, with the remain- 
ders put down for you to look over; and shall then give 
some exercises in subtraction for you to find the remainders 
yourself. 

6803029 34510381 8057130600 
2516017 6232045 148112354 



4287012 28278336 7909018246 



(17.) You can prove whether the subtraction is correctlj performed, 
by adding the remainder to the number which has been subtracted ; the 
9um ought to be the top number : thus, taking the first of the three 
examples just given, you would say, 2 and 7 are 9 ; 1 and 1 are 2 ; and 
are ; 7 and 6 are 13, 3 and carry 1 ; 1 and 8 are 9, and 1 are 10, 
and carry 1 ; 1 and 2 are 3, and 5 are 8 ; 4 and 2 are 6. And as the 
figures thus obtained are those of the top number, we conclude that the 
work is right. 

Exercises in Subtraction, 

1. Subtract 375 from 846, and 1237 from 2865. 

2. What is the difference between 36207 and 72098 ? 

3. Take 7992 from 18097, and 300043 from 1001251. 

4. Subtract seven thousand and «fifty-three, from a hundred 

and eleven thousand and two. 

5. Subtract thirteen thousand one hundred and seventeen, 

from twenty-two thousand and five. 

6. What is the difference between one million three hundred 

and two thousand and forty-two, and three million one 
hundred and eleven ? 

7. The three greatest generals in modem times — the Duke 

of Wellington, Napoleon Bonaparte, and Marshal 
Soult — were all bom in the same year, 1769; the last 
died in November, 1851 : how old was the Duke of 
Wellington then ? 

8. The population of Ireland in the year 1841 was 8175124, 

and in 1851 it was 6515794 : find by how many 
people the population had decreased in these ten years.* 

9. The population of Ireland in the year 1821 was 6801827, 

and in the year 1831 it was 7767401 : what was the 
increase in these ten years ? 
10. The population of Great Britain and its adjacent Islands 

* The learner should be required to state the numbers in these exer- 
cises in words; and to write his results both in figures and words: he 
may divide the figures into periods^ aa explained at page 5. 
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in the year 1841 was 18664761, and in 1851 it was 
20936468 : find the increase in these ten years. 

11. The number of Season Tickets for the Great Exhibition, 

sold before the building was opened, was nineteen 
thousand five hundred and seven; of these, eight 
thousand six hundred and fifteen were Ladies' Tickets : 
how many of them were Gentlemen's Tickets ? 

1 2. The number of visits paid to the British Museum in the 

year 1850 was 1098863, and to Hampton Court 
Palace 221119: how many visits were paid to the 
former place more than to the latter ? 

13. The Gross Revenue of the Post Office* for the year 

ending on the 5th of January, 1851, was 2264684 
pounds, and the cost of management was 1460785 
pounds : what was the Net Revenue for the year ? 

1 4. The total number of passengers conveyed on the Railways 

of the United Kingdom in the half-year ending on the 
30th of June, 1850, was 31766503; and in the half- 
year ending on the 31st of December, 1850, the total 
number was 41087919 : what was the increase in the 
number of passengers in the last half-year ? 

15. The gross receipts of the London and Brighton Railway 

during the week ending Nov. 22, 1851, were, for 
Passengers, 6217 pounds; for Goods, 2135 pounds. 
The gross receipts for Passengers and Goods, during the 
corresponding week of the preceding year, were 8149 
pounds : find how much the receipts had increased. 

16. The population of Great Britain and the neighbouring 

Islands in 1851 was 20936468; the population of 
England and Wales alone was 17922768, and the 
population of the British Islands alone was 142916: 
what was the population of Scotland ? 

17. The salaries paid to the officers employed by the Custom- 

House in 1849 were as follows: salaries in England, 
550236 pounds; salaries in Scotland, 62115 pounds; 
salaries in Ireland, 57903 pounds. The amount of 
Custom-HoBse duty, collected in that year, was 
22481339 pounds: what was the net amount received 
after these salaries were paid ? 

* By revenue of the Pos6 Office is meant income of the Post Office ; 
and ffros8 revenue, or gross receipts, means the money received before the 
expenses of management are subtracted ; when these eiL^e.vi%«>% ^\^ \»^&^\!l 
from the ^nw iDcome, the remainder is caWed t\ift ncl mcsixsi^. — •'^^ft 
Exerdse 17, 
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18. In the year 1849 there were 578159 obildren bom in 

England and Wales; of these 295158 were males. In 
the same year 440853 persons died ; of these 221801 
were males ; you are required to find how many females 
were bom in 1849, and how many died. 

19. What is the difference between 365 + 2041 -f- 109, and 

7530 + 1623 + 87 + 3406? 

20. What is the difference between 112104 + 3820 + 3268, 

and 2389 + 103403 + 13400 ? 

21. Find the difference between 462873 + 5962 + 304 + 

19871, and 1735 + 902603 + 72 + 139. 



(18.) The last three exercises bring into use the ii^n of 
addition^ explained at page 9. There is also a si^n of 
9ubtraction^ which it is equally necessary that you should 
remember ; it is the little mark — . This sign, placed before 
a number, means that the number is to be iuhtrcuited. By 
using this sign, which is called minusy we may express an 
example in subtraction without words, the sign of equality, 
=, being placed before the remainder: thus, the first ex- 
ample, page 11, may be written 6879—625 = 6254; the 
second example may be written 23596 — 13758 = 9838 ; the 
third may be written 72311075—3506285 = 68804790; 
and so of the other examples. If you were asked to recki the 
first of these, you would say, 6879 minits 625, eqtmls 6254 : 
you can from this read the others without any help ; and I 
dare say you could even read the following, namely, 

24 + 36-17-41 + 13-11-2 = 2; 
but in case you should be puzzled, I wiU read it for you : it 
is 24 plus 36 minus 17 minus 41 plus 13 minus 11 minus 
2, equals 2 ; the meaning of which is, that if from the sum of 
24, 36, and 13, the sum of 17, 41, 11, and 2, be subtracted^ 
the remainder will be 2. 



MULTIPLICATION. 

(19.) We now come to the third rule in Arithmetic, — ^the 
rule for multiplication^ — ^which teaches us how to find the 
sum of a set of equal numbers without our taking the trouble 
to put them all down, and add them together, as in addition. 
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If we liave to find the sum of two equal numbers, we put 
down only one of those numbers, and multiply it by 2, 
according to the rule to be given presently; if we have to 
find the sura of three equal numbers, we put down one of 
them, and multiply by 3 ; and in like manner if we have to 
find the sum of ei^ht^ or nine^ &c., equal numbers, we mul- 
tiply one of them by 8, or 9, &c. In this manner we dis- 
cover the sum required very soon. 

The number we multiply another number by is called the 
multiplier; and the other number the multiplicand: the 
result of the operation, and which in addition would be called 
the 8um^ is here called the product. 

Whatever be the multiplicand, and whatever be the mul- 
tiplier, the operation could be described in a single rule ; but 
it will be easier for you if I divide the general rule into two 
particular rules : I shall therefore do this ; but before you can 
use either rule, you must learn the Multiplication Tahle^ 
which I here give. This table you must repeat in this way : 
— ^Twice 1 are 2 ; twice 2 are 4 ; twice 3 are 6, &c. Three 
times 1 are 3 ; three times 2 are 6 ; three times 3 are 9, &c. 
Four times 1 are 4 ; four times 2 are 8 ; four times 3 are 1 2, 
&c- &c. "When you say twice any number, you are said to 
multiply that number by 2 ; when you say 3 times, you are 
said to multiply by 3, and so on ; and the number that results 
is the product : thus, when you say 4 times 6 are 24, the 
multiplier is 4, the multiplicand is 6, and the product is 24. 
You must remember this. When you say 4 times 8 are 32, 
if you were asked what is the multiplier^ what is the 
multiplicand^ and what is the product^ — what would you 
answer ? * 

* The learner may, if be please, commit to memory, at first, only a 
part of the table on the next page, and may select from the exercises that 
follow, such of them as require only those multipliers within the range of 
his knowledge of the table. After some practice in these, another por- 
tion of the table may be learnt. Simple as the Multiplication Table 
appears to the arithmetician, it should be regarded by every teacher as a 
thmg of no small labour and difficulty to a mere beginner. 
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(20.) You can easily satisfy yourself of the truth, and also of the use 
of this table, by taking out of it any multiplicand, and any multiplier, — 
by writing down the multiplicand as often as there are units in the mul- 
tiplier, and then adding all these equal numbers together. You will find 
that the sum of them is always equal to the product pat down in the 
table. Thus, the table tells us that 6 times 7 are 42 ; and we find, by 
addition, that six 7* a are 42 : thus, 

7 + 7 + 7 + 7 + 7 + 7 = 42. 
In like manner, we are told by the table that 5 times 8 are 40 ; and we 
know, by addition, that 

8 + 8 + 8 + 8 + 8 = 40; 
and so in every other case in which the equal numbers are each not 
greater than 12, and not more than twelve of them are to be added to- 
gether. When any multiplicand is greater than 12, and the multiplier 
not greater than 12, the table will still help us to the product by aid of 
the first of the two rules I promised ; which is as follows : — 

1. When the Multiplier is not greater than 12. 

Rule 1. Place the multiplier under the multiplicand, units 
under units, 

2. Then, commencing at the units-figure of the multipli- 
cand, multiply each figure, in succession, by the multiplier, 
and put the product under that figure, taking notice, how- 
ever, that whenever any of these products is a number of 
ttoo or three figures^ the right-hand fiyure only is to be put 
down, and the rest carried to the next product^ as in addition, 

Ex. 1. Multiply 2683 by 2. 

Having placed the 2 under the 3, as in the mar- 2683 
gin, I say, twice 3 are 6; twice 8 are 16, 6 and 2 

carry 1 ; twice 6 are 12, and 1 carried are 13, 3 

and carry 1 ; twice 2 are 4, and 1 carried are 5. 5366 
Therefore the product is 5366. 

2. Multiply 728365 by 3. 

3 times 5 are 15, 5 and carry 1 ; 3 times 6 are 728365 

18, and 1 are 19, 9 and carry 1 ; 3 times 3 are 9, 3 

and 1 are 10, and carry 1 ; 3 times 8 are 24, 

and 1 are 25, 5 and carry 2; 3 times 2 are 6, 2185095 

and 2 are 8 ; 3 times 7 are 21. Therefore the 

product is 2185095. 

3. Multiply 276023 by 8. 

8 times 3 are 24, 4 and carry 2 ; 8 times 2 are 276023 

16, and 2 are 18, 8 and carry 1 ; 8 times are 8 

0, and 1 are 1 ; 8 times 6 are 48, 8 and carry 4 ; • 

8 times 7 are b^^ and 4 are 60, and carry 6 ; 2208184 

8 times 2 are 16, and 6 are 22. Therefore th^ 

prodnot la 2208184, 
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I shall now insert two or three examples like these for joa 
to look over, and shall then prove the work of them to be 
correct by actual addition. 

462508 7841902 37582431 

4 6 9 



1850032 


47051412 


338241879 


462508 
462508 
462508 
462508 


7841902 
7841902 
7841902 
7841902 
7841902 
7841902 


37582431 
37582431 
37582431 
37582431 
37582431 
37582431 
37582431 
37582431 
37582431 


1850032 


' 


47051412 








338241879 



(21.) Yoa thus see the great advantage of the aboye rule for multi- 
plication, and how many figures and how much trouble are saved by it; 
you will observe that, throughout, the figures carried in the additions, 
from column to column, are the very same as the figures carried, from 
product to product, in the multiplications ; and I think that nothing more 
need be said in the way of ezplaming and proving the rule. 

(22.) I shall only remind you, that whenever you have to multiply a 
number by 10, all you will have to do is, to put a to the number on the 
right; thus, 10 times 324 is 3240; 10 times 5237 is 52370, and so on. 
I say I have only to remind you of this, for you already know, from the 
Numeration Table, that by putting a to a number, you push the units- 
figure of that number into the place of tens ; the tens- figure into the 
place of hundreds, and so on : that is, every figure of the number is made 
ten times as great. And it is equally plain, that by putting two O's, you 
multiply the number by 100 ; that by putting three O's, you multiply by 
1000, and so on. 

Exercises. 

1. Multiply 342 by 3. 2. Multiply 4761 by 4. 

3. Multiply 7065 by 5. 4. Multiply 80724 by 6. 

5. Mult. 1139509 by 7. 6. Mult. 273 by 12. 

7. Mult. 75200564 by 8. 8. Mult. 9264073128 by 11. 

9. Multiply 650098203470 by 12. 

10. Before the opening of the Great Exhibition, 8615 
Ladies' Tickets, at two guineas each, were sold ; and 
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10892 Gentlemen's Tickets, at three gaineas each: 
how many guineas were received for all these tickets ? 

1 1. The average number of daily yisits to the Exhibition, 

that is, the number of visits, one day with another, for 
the last six days, was 89319: what was the total 
number of visits in the week ? 

12. The emigration from Ireland to the United States of 

America is at present (1851), on the average^ more 
than a thousand persons a day: if the number of 
emigrants were exactly a thousand a day, how many 
persons would leave Ireland in a year or 365 days ? 

13. The greatest number of visitors to the Exhibition, on a 

five-shilling day, was 44512; this was on May 24th, 
1851 : the smallest number, on a five-shilling day, was 
9327, on July 19th : how many shillings were received 
on both these days together ? 

1 4. Sound is borne to our ears by waves of air, produced by 

the sounding body. It moves at the rate of 1 1 25 feet in 
a second; but light moves at the rate of about 192500 
miles in a second ; so that from the distance of a few 
miles, light may be said to reach the eye at the instant 
it appears : suppose then, 1st, that you observe a man 
breaking stones on a road, and that two seconds after 
seeing the fall of the hammer, you hear the blow : how 
many feet is he off? And 2nd, suppose that seven 
seconds after you see the fiash of a cannon you hear 
the report : how many feet off is the gun ? 

15. Eleven seconds after a fiash of lightning is seen the 

thunder is heard : how many feet off is the thunder- 
cloud ? 

You see, therefore, that the more quickly the thunder follows 
I the lightning, the nearer the cloud is, and therefore the greater 

the danger. You may calculate the distance pretty nearly by 
counting the beats of your pulse, allowing 1000 feet of distance 
/or the time between every two beats ; for this time is in general 
a little less than a second. In a healthy person the pulse beats 
about 70 times in a minute. 

16. In the week ending February 21, 1851, the number 
of Letters, sent through the Post-Office, was seven 
million two hundred and thirty-nine thousand nine 
hundred and sixty-two : at this rate, how many Letters 
are sent in twelve weeks ? 



(28.) The sign for multiplication is a CToaa oi \XiV& lorca.^ 
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placed between the two numbers to be multiplied together: 
thus, 4x0, moans 4 multiplied by 6, or 6 multiplied by 4; 
you may say whichever you please, as the product is the 
same, namely 24 ; that is, 4 x 6 = 24. In like manner, 
7 X 9 = 63, and 7x9x2 = 126. The numbers whidi, 
multiplied together, produce another number, are called 
factors of that other number : thus, 3 and 4 are factors d 
12 ; so are 6 and 2 ; and so are 2, 2, and 3. There are some 
numbers, such, for instance, as the number 1 3, that cannot 
be produced (rom factors : it is true that 13x1 = 13; bntl 
is not considered to be a factor. Numbers of the kind now 
spoken of are called prime numbers; and all others, that is, 
all numbers that can bo produced from factors, are called 
composite numbers: thus, 9, 12, 14, 16, &c., are composite 
numbers; but 7, 11, 13, 17, &c., are prime numbers. The 
products in the multiplication table are, of course, all com- 
posite numbers ; indeed, you see that every product must be a 
composite number. 

(24.) I need scarcely tell you, that what is here said of 
the two kinds of numbers, applies to whole numbers only; 
not to halves^ quarters^ &c. : three and a half, multiplied oy 
2, will produce 7 ; but 7 is not a composite number on this 
account, because three and a half is not a whole number; a 
whole number is also called an integer; the numbers used 
hitherto in this book are all integers; there are no /rocrforw, 
as halves^ quarters^ &c., are called. 

. 2. When the Multiplier is greater than 12. 

Rule 1. Place the multiplier under the multiplicand, 
units under units^ tens under tens^ and so on. 

2. Begin by multiplying by the units-figure of the mul- 
tiplier, and you will get a row of figures, as in the former 
case; then, multiply, in like manner, by the tens-figure,, 
taking care to put the first figure you get under that tens- 
figure, and you will thus baye a second row of figures ; then, 
multiply by the thirds or hundreds-figure^ of the multiplier, 
taking care, as before, to put the first figure you get in the 
new row, under that third figure : and proceed in this way 
till you have multiplied by every figure of the multiplier. 

3. Add up all the rows of figures, and you will get the 
product. 

For example: suppose you have to multiply 658 by 43. 
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Placing the multiplier 43 under the multiplicand, 658 

as in the margin, you would first multiply by the 43 

3, and say, 3 times 8 are 24, 4 and carry 2; 3 

times 5 are 15, and 2 are 17, 7 and carry 1; 3 1974 
times 6 are 18, and 1 are 19. The first row is 2632 
now completed. __^ 

You would then multiply by the 4, and say, 4 28294 

times 8 are 32, 2 and carry 3, and you would be 

careful to put the 2 under the figure you are mul- ^ 

tiplying by, that is, under the 4 ; 4 times 5 are 20, ^40 

and 3 are 23, 3 and carry 2 ; 4 times 6 are 24, 

and 2 are 26. The second row is now com- 1074 
pie ted; and as there are no more figures in the o^^^ 
multiplier, you would draw a line under the two -i o 1 « 

rows, and add them up : you would thus find the 

product of the two factors^ 658 and 43, to be 1 KqonA 
28294. If, after having multiplied by the 3 and ^^'^^ 
the 4, there had been still another figure in the 
multiplier, you would have had a third row of 37^024 

figures to add up : thus, if the multiplier had 5346 

been 243, the work would have been as here 

shown: so that 658x243 = 159894. The 2268144 

next example in the margin is one in which 1512096 
the multiplier has four figures: you should 1134072 
look over the work ; but you cannot want any 1890120 

explanation of it, after what has already been 

said. Below are three examples, similar to 2020916304 
these in the margin, for you to work yourself. 

1. 764x35. 2. 764x356. 3. 242635x3456. 

(25.) I have put these three examples here, rather than 
among the exercises at page 24, because I think it better 
that you should have a little practice in the Rule, before I 
show you how you may shorten the work in certain cases, 
I mean in those cases where noughts or ciphers occur in the 
multiplier or at the end of the multiplicand. 

1. If ciphers occur at the end of the raul- 3264 
tiplier, and you were to proceed exactly as the 2300 

rule tells you, you would get so many rows of 

ciphers: now you avoid the trouble of writing 979200 
down these rows, by departing so far from the 6528 

rule, as to push the ciphers as many places 

to the right hand. Thus, suppose you had to 15^1^^^ 
multiply 8264 by 2300 : then, pusVmg ttie Wo 
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nonglits, or zerot^ two places to tlie right, you get the pro- 

dact hy multiplying as in the margin ; the two noughts being 
brought down before you begin. 

2. If ciphers occur at the end of the mul- 372000 
tiplicand, you push them to the right in the 36 

same way : thus, in multiplying 372000 by 36, 

you work as in the margin, bringing down the 2232000 

three noughts before you begin. When both 1116 

£eictors end in noughts, you bring down all the 

noughts before you begin to multiply, as in the 13392000 

second example in the margin, where the two . 
fjEUstors, or numbers to be multiplied together, 

are 283000 and 470. 283000 

You plainly see, in each of these cases, that 470 

the noughts brought down before you begin 

the multiplication, may be left where they are 19810000 
till after you have done it, and may then be 1132 

brought down to complete the product ; but if 

you did not bring them down at first, it might 133010000 

happen that you might forget them : you can 

leave them till the last if you like. 

3. If a cipher occur in the multiplier, any- 2473 
where except at the end, it is to be neglected 3502 

altogether ; for it cotlld only give you a row of 

noughts, to be added to other figures, and the 4946 

adding of noughts is useless. Thus, if wo mul- 0000 

tiply 2473 by 3502, as in the margin, we put 12365 
down a row of noughts, which has no effect 7419 

upon the sum of the rows. The multiplier 

nought should therefore have been passed over. 8660446 
Remember, however, that whether you pass — — — — 
over noughts or not, the first figure, on the right, in each 
row, must be directly under the multiplying-figure that pro- 
duces that row. If the row of noughts had been omitted in 
the last example, the 5, in the row 12365, must still have 
been placed under the multiplying-figure 5, in the mul- 
tiplier 3502. 

(26.) It only remains for me now to prove to you the 
truth of the rule for multiplication. For this purpose, let U8 
refer to one of the preceding examples ; the second example, 
for instance, at page 21, and let us examine what has actually 
been done in the working of it by the rule. The example is 
to multiply 658 by 243. Now 243 is 200, 40, and 3 ; so 
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that if we multiply 658, first by 200, then by 40, then by 3, 
and add np the three products, it is plain that we shall get 
the complete product required. The three partial products, 
that is, the products that are only parts of the whole pro- 
duct, are 

658x200 = 131600) 

658 X 40 = 26320 > the partial products. 

658 X 3= 1974 j 



See (22), p. 18. 159894 the complete product. 



By comparing this wi£h the work at page 21, you see that 
when the noughts are rubbed out, the partial products are 
the same in both cases, the only difference being, that there 
the least of these products is written down first, and the 
greatest last, while here the greatest stands first, and the 
least last. Let us take the next example, where the mul- 
tiplier is 5346; that is, 5000, 300, 40, and 6; and let us 
here multiply by the smallest number first, namely by 6, 
then by 40, then by 300, and lastly by the largest number, 
5000. 

378024x6 = 2268144^ 

378024x40 = 1512096*0 ( .. , , , 

378024x300 = 113407200 fP^^^^^ P'^^^"^* 

378024x5000 = 1890120000 ) 



See (22), p. 18. 2020916304 complete product. 



(27.) You thus see that the first row of figures found by 
the Rule, is the product given by multiplying by the units 
of the multiplier ; the next row is the product given by mul- 
tiplying by the tens of the multiplier, the nought on the right 
being omitted; the next row is the product given by mul- 
tiplying by the hundreds^ the ttco noughts being omitted, 
and so on. And you see that by leaving out these noughts 
at the end of the partial products, no error can be introduced 
into the complete product, which remains the same, whether 
the noughts be removed or not. It is plain that such is the 
principle of the rule, whatever be the multiplier. 

(28.) There is a method of trying whether the product of two numhera 
18 correctly brought out which ought to be shown to the learner, though 
the truth of it cannot be satisfactorily proved without the help of algebra : 
His called the method of casting out the 9**, and depends on a ^0^x^:5 
bdonging to all numbers, namely, that if any ii\imbtt\ift ^vn\^^^ Vj^^ 
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the remainder will be the same as that which arises from dhriding the 
sum of all the digits or figures by 9 ; thus, the number 3264 divided by 
9, leaves 6 for remainder ; and the sum of the digits, namely 15, divided 
by 9, leaves also 6 for remainder. The method alluded to is thus ex- 
pressed: — 

Add up the digits of the multiplicand, rejecting every 9 that oocnn 
among them ; and in adding together the oth^r figures, one after another, 
reject 9 every time this addition gives a number not less than 9. Do the 
same with the figures of the multiplier ; and then multiply together the 
final results thus obtained ; cast out the 9's from the product, and note 
what is left. Proceed in the same way with the digits of the answer, or 
product, and if the result here obtained differ from that before noted, the 
work is wrong ; if it agree with it, the work is most likely correct. 

This is the same as actually dividing multiplicand and multiplier by 9, 
preserving the remainder left from each, then dividing the ' product of 
these remainders by 9, and noting the remainder left ; which last re- 
mainder cannot differ from that left by dividing the product by 9, if the 
work be right. And by using any other divisor in this way, the same 
conclusion follows ; if the work be so tried with the two divisors, 9 and 
11, which are the most convenient, it is very unlikely indeed that it can 
be wrong, if it stand both tests.* The reason why 9 is chosen is on 
account of the above-mentioned property of the sum of the digits of a 
number. Let us apply this property to the work of Ex. 3, page 22. 

7 rem. after rejecting 9 
Product 8660446,- „ „ 7 



The work may therefore be considered as correct. 
Exercises. 

1. 463x247. 2. 789x674. 3. 2345x896. 

4. 67082x7034. 5. 82060x5831. 6. 34728x65900. 

7. 807900x64300. 8. 250978x64007. 

9. 76830450x2001650. 10. 3456789x9876543. 

11. 372x583x261. 
12. At midnight, on the 12th of August, 1830, a whirlwind, 
or hurricane, visited the West Indies, and passed on to 
America, at the rate of 18 miles an hour; it travelled 
onwards for ahout 168 hours: how many miles did it 
go in this time ? t 

* The higher any divisor be, the greater the faith to be placed in tiie 
test, because the less is the likelihood that a false product will give the 
same remainder as the true one, on account of the wider range of possible 
remainders. If the divisor be 2, the remainder from a false product is as 
likely to be the correct remainder as not. 

t This onward course of the storm, combined with the velocity of its 
rotation, gave it a motion of about 100 miles an hour. — See Rudimentary 
NaniaatUm, p. 65. 
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The total nnmber of passengers carried bj the railways 
of the United Kingdom in the year 1847 was 47484134 ; 
the average distance travelled by each was 16 miles; 
how many miles were trayelled altogether ? 

Light passes from the sun to the earth in about 493 
seconds ; find from this the distance of the sun. (See 
Exercise 14, page 19.) 

The total number of passengers carried by the railways 
of the United Kingdom in the first half of the year 
1850, was 31766503, and in the second half, 41087919 ; 
the average distance travelled by each person was 17 
miles; how many miles were travelled altogether in 
the year 1850?* 

The greatest number of whales ever captured in the 
northern seas in one season was 2018, taken in the 
year 1823. Estimating the oil produced from each 
whale to have been worth 212 pounds, what was the 
value of all the oil produced ? 

The length of the building in which the Great Exhibition 
was held, is 1851 feet, corresponding to the date of the 
year ; upwards of 5000 articles were dropped in it by 
visitors; of these about 1851 were afterwards recovered 
by application to the police; among the lost articles 
were 271 pocket-handkerchiefs. If the number of 
handkerchiefs be multiplied by the number which ex- 
presses the date of the year, the product will be nearly 
equal to the number of pounds received, as stated at 
page 4 : find the difference between that number and 
the product. 
. The gross earnings of the London and North- Western 
Railway for the first half-year of 1 85 1 , for passengers and 
goods, were at the rate of 2273 pounds for every mile ; 
the whole distance travelled up and down was 518 
miles : what was the total amount of earnings £or the 
half-year; and as the expenditure was 735257 pounds, 
what were the net earnings ? 

It is scarcely necessary that I should tell you, that when your 
multiplier is a composite number, you mav if you please multiply 
by the factors which compose it, one after another, instead of 

" It has been found that, for the last few years, the average length of 
5h passenger's trip, year after year, is, within a trifle, uniformly 17 
les ; and that the average payment for each trip k «iwa^«> \i\X\asw ^ 

C 
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multiplying by the number itself : thui, instead of mtiltiplying by 
72, you may multiply first by 12 and then by 6, because 12x6 
Bs 72 ; and in&tead of multiplying by 126, you may multiply by 
7, 6, and 3, because 7 x 6 x 3= 126 ; but, in general, little tf any- 
thing is gained by this ; and it is often troublesome to diflc»fer 
what the factors of a high number really are. 
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(29.) The rule for Division teaches us the way of finding 
how many times the smaller of two numbers is contained in 
the greater. We might do this by repeated subtractions of 
the smaller number ; that is, by subtracting it from the greater 
number, then subtracting it from the remainder, then again 
from the second remainder, and so on, till we could subtract 
no longer ; the number of times we had subtracted would be 
the number of times which the greater number contains the 
smaller. But this would often be very tedious, and the 
trouble is saved by the rule I am about to give ; for, just as 
Multiplication is a short way of finding the result of repeated 
additions of the same number, so Division is a short way of 
finding the result of repeated subtractions of the same num- 
ber.* You remember, that in Multiplication you called the 
two numbers you were working with multiplicand and mul' 
tiplier ; in Division you call the two numbers dividend and 
divisor ; and the number of times that the dividend contains 
the divisor is called the quotient, 

(30.) 1. When the Divisor is not greater than 12. 

Rule 1. Put the divisor to the left of the dividend, with 
a mark of separation between the two. 

2. By help of the multiplication table, find how many 
times the divisor is contained in the first figure of the divi- 
dend, 'or in the number expressed by the first two figures, if 
the first figure alone be smaller than the divisor, and write 
the quotient underneath, taking care to observe what is over ; 
for the divisor may be contained a certain number of times 
in the leading figures, and leave something over. 

3. Now go to the next figure of the dividend, and fancy 

* In strictness, Division is this, and something more ; the ends accom- 
plished by Division will be more fiilly seen when Compound Division is 
explained. 
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what was over to be prefixed to it ; find how many times the 
di^^isor is contained in the number you thus get, and carry 
what is over to the next figure of the dividend, as before, and 
proceed in this way up to the last figure of the dividend. 

An example or two will make this rule plain : thus, sup- 
pose I had to divide the number 3456 by 4. Then 
having placed the dividend 3456, and the divisor 4, 4)3456 

as directed, I should see at once that 4 cannot be 

contained in the first figure 3 ; so I should say 4 in 864 

34, 8 times and 2 over ; then, fancying the 2 to be 

put before the 5, 1 should say 4 in 25, 6 times and 1 over ; 
and putting this 1 before the 6, I should say 4 in 1 6, 4 times : 
therefore the quotient is 864 ; that is to say, 4 is contained 
exactly 864 times in 3456. Only consider how many sub- 
tractions we should have to perform here, if it were not for 
this rule of Division ! 

As a second example, suppose we had to divide 835465 by 
6- We should proceed thus: 6 in 8 once 
and 2 over ; 6 in 23, 3 times and 5 over ; 6 6)835465 

in 55^ 9 times and 1 over,* 6 in 14, twice 

and 2 over; 6 in 26, 4 times and two over; 139244^..! 

6 in 25, 4 times and 1 over. Therefore, 6 is 

contained in 835465, 139244 times, and there is 1 to spare. 
I must say a word or two about this remainder. 

When you divide a number by 6, the quotient that you 
get is the $ixth part of that number ; the quotient tells you 
not only how many sixes there are in the number, but at the 
same time what is the sixth part of that number : thus, if you 
find that there are eight sixes in a number, then you know that 
8 is the sixth part of it ; or that there are six eights in it. 
There are 8 sixes in 48 ; so there are 6 eights in 48 : that is, 
8 is the sixth part of 48. In like manner, if you divide by 
4, the quotient tells you how many fours there are in the 
dividend, or what is the /ot*r^A part of it ; and so of any other 
divisor. All this must be plain. When you say there are 
3 tens in a number, you mean that 10 times 3 make that 
number; but 10 times 3 are the same as 3 times 10, namely, 
30 ; so that if there are 3 tens in the number, there must be 
10 threes in it, and so on. 

The quotient in the example above, namely, 139244, is the 
exctct sixth part only of 835464, so that of the 1 over no 
sixth part has been taken ; consequently, the true sixth part 
of 835465 is 139244 and one-sixth^ that la, ^ c\x\\v ^"^xX. qW* 

c2 
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Such a part of 1 is written thus, ^, and is read one-Bueth ; sa 
that the complete quotient in the above example is 139244^. 
Suppose the number 835465 were so many shillings to be 
equally divided among six persons; then the sixth parfc^ 
namelj 139244^, would of course be the number of shilliDgs 
due to each ; and as a sixth part of 1 shilling is twopence^ 
the share of each person would be 139244 shillings and two- 
pence. You see if you were to take no notice of the r«- 
mainder^ you would wrong each of these six persons out of 
twopence. Always therefore take account of the remainder^ 
and write it, as here, with the divisor below it, and a little 
line. 

If it were required to divide 46539 by 7, then 7)46539 
taking account of the remainder^ which is 3, the ■ 
quotient^ or true seventh part, would be 6648-f-. C648f 

If these were shillings, as before, the share of ■ 
each of the seven persons would be, 6648 shillings and a 
seventh part of 3 shillings. Three shillings is 36 pence, and 
a seventh part is therefore 5 pence and a penny over. There 
is no coin so small as the seventh part of a penny, so that if 
the persons are very particular, they must buy something 
with this penny, and divide that among themselves ; but I 
dare say they would prefer to give it to you for working the 
example. 

You will now, I think, be able to understand the work of 
the following examples, and to do the exercises on the next 
page yourself. 

8)538641 9)725432 11)340261 12)1046285 



67330 J 80603f 30932^^ 871 90,^ 



Note 1. The sign for division is -f-, meaning divided by; 
it is placed after the dividend, and before the divisor : thus, 
12-7-3 means 12 divided by 3; so that 12-^3=4; 24-t-8=3, 
&c. But division is otherwise represented by writing the 
divisor below the dividend with a little line between them, 

thus, — =4 ; — =3, &c. 
3 8 

Note 2. If you divide any number by 10, the quotient 

will be the very same as the number itself, omitting the kut 

figure^ which last figure will be the remainder^ as you can 

easily see. Hence you may always write down the quo* 
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tient at once withont any work: thus, 627-t-10=62-52jj; 

^=74A; ^=S52^; and so on: ^V, A, A. h &c., 

me called fractions ; they are read seven-tenths, three- tenths, 
nine-tenths, two-fifths, &c. The arithmetic of fractions will 
be folly explained hereafter.* 

JSaercises. 

1. Divide 3724 by 5. 2. Divide 72081 by 6. 

3. Divide 109234 by 7. 4. Divide 2006383 by 8. 

5. Divide 52094100 by 9. 6. Divide 11380625 by 1 1. 

7. Divide 10792039 by 12. 

8. What is the value of 265837 -r- 4 ? 

9. What is 51!^ equal to? 

7 

10. What is ?l!5£+i^ equal to ? 

5 9^ 

11 wu*- 24603705 113223 ,, . 

11. What IS — equal to? 

8 11 ^ 

12. What was the average number of persons daily visiting 

the Great Exhibition during the week commencing on 
Monday, Oct. 6, and ending on Saturday, Oct. 11 ? 
See Ex. 11, p. 8.t 

13. Ireland contains four provinces: what was the average 

population of each province in the year 1851 ? See 
Ex. 8, p. 12. 

14. Five years were spent on the work of the Britannia Tube 

over the Menai Straits ; what was the average yearly 
expense ? See Ex. 4, p. 4. 

15. How many letters were on the average sent to the Post- 

Office every day of the week ending February the 21st, 
1851 ? See Ex. 16, p. 19. 

16. Letters are sometimes put into the Post-OflSce, by mis- 

take, without any direction; others are so badly 
directed, that the postmen cannot find out where to 
take them ; and in some cases the people to whom they 
are directed have removed. All these letters are sent 

* I have thought it pardonahle to say thus much ahout fractions here ; 
this slight allusion to them is unavoidable, if the learner is expected 
thoronghly to understand what he is about. 

f In these questions the yrac/iona/ parts of the quotients are not ^ V^ 
considered. 
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to what is called the Dead Letter Office; many of 
these contain bank-notes and coin ; man j others con* 
tain money -orders, bankers' cheques, &c. The amount 
in bank-notes and cash found in the letters sent to the 
Dead Letter Office, in the two years between Janiuuy 5, 
1849, and January 5, 1851, was eighteen thousand 
eight hundred and seventy pounds ; and the amount in 
money-orders, cheques, &c., was one million two hun- 
dred and twenty-six thousand two hundred and eighlr-. 
three pounds : * what was the average amount of the* 
whole qitarterly during these twenty-four months ? 

(31.) 2. When the Divisor is greater than 12. 

Rule 1. Put the divisor on the left hand of the dividend, 
as in the former case, and mark off a place for the figures of 
the quotient on the right hand. 

2. In order to get the first figure of the quotient, look at 
the first or leading figure of the divisor, and at the first or 
leading figure of the dividend : you will thus be able to see 
how often the former figure is contained in the latter, if this 
latter be the greater of the two ; but if it be not the greater, 
then see how often the leading figure of the divisor is con- 
tained in the number formed by the first two figures of the 
dividend ; the quotient you thus get is to be put down as the 
first figure of the complete quotient. 

3. Multiply the divisor by this first figure, and subtract 
the product from the number formed by the corresponding 
leading figures of the dividend, and you will get the Jlrst 
remainder : but if it should happen that you cannot subtract, 
on account of the product being too great, it will be a proof 
that your quotient- figure is too great; you must therefore 
take it smaller, and begin again. If, on the other hand, you 
can subtract, and you find the remainder to be a number wA 
less than the divisor, this will be a proof that your quotient- 
figure is too small; you must then begin again with a laiger 
one. Your quotient-figure will often be too large if you 
neglect to take account of the carryings in multiplying the 
divisor by it, and it will sometimes be too small if yoii allow 
too much for these carryings. 

* If the owners of this money do not apply for it within three yean, 
the cash goes to the Revenue ; the orders, bills, &c. are destroyed, vd^ ' 
property of other kind is sold by auction for the benefit of the Revenae. ■ 
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4. Having got the first remainder, which, mind, to be 
correct, mnst always be less than the divisor^ annex to it the 
next figure of the dividend, and see how often the divisor is 
oontained in the new number thus got ; you will in this way 
find the second figure of the quotient ; multiply the divisor 
by it, and, as before, get a second remainder, annexing to it 
the neoft following figure of the dividend ; and proceed in this 
way till all the figures of the dividend have been used or 
brought down. 

If any remainder should be so small, that, even after put- 
ting the proper dividend-figure against it, it be less than the 
divisor, the proper quotient-figure will, in that case, be 0, 
and another dividend-figure is to be brought down. 

Ex. 1. Divide 315281 by 23. 

Here, placing the dividend and di- 23)315281(13707 
visor as directed, we see that the first 23 

figure of the divisor is contained once ■ 
in the first figure of the dividend : we 85 

therefore put 1 in the quotient's place, 69 

and say, once 3 is 3, and once 2 is 2 ; 

and subtracting this 23 from the 31 162 

above it, we get, for the first remainder, 161 

8, to which we annex 5, the next figure 

of the dividend. We now have to see 
how often 23 is contained in 85, or, as 
learners usually say, how often 23 will 
ffo into 85. Looking, as before, only 
to the first figure of each number, we 
see that 2 will go into 8, 4 times : but a glance at the second 
figure of the divisor shows us that, in multiplying by this, 
we should have something to carry, so that the product of 23 
by 4 would be greater than 85. This warns us that 4 is too 
great : we therefore put 3 for the second quotient-figure ; and, 
multiplying the divisor by this 3, and subtracting the pro- 
duct, we get 16 for the second remainder; and bringing down 
the next figure, 2, of the dividend, we have to see how often 
the divisor goes into 162. As the first figure, 1, of this num- 
ber is less than the first figure, 2, of the divisor, we now have 
to see how often the 2 goes into 16 ; this we at once find to 
be 8 times : but we at the same time know that 8 must be 
too great, on account of what we should have to carry after 
multiplying the 3 by it ; so we put 7 for the third quotient- 
figure, multiply the divisor by it, subtract tVie ^xo^xxaX. ^^wsl 
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162, and thus get a third remainder, 1, which becomes 18 
when the next dividend-figure is annexed to it. We now 
have to see how often 23 goes into 18; and as it plainly 
goes no tifJMSy we put a for the fourth figure of the quo- 
tient, and bring down the next figure of the dividend; 80 
that we have to find, lastly, how often 23 goes into 181: 
the 2 will go into the 18, 9 times; this, howerer, we know 
to be too great, because of what must be carried from 9 times 
3 : we therefore try 8. The product of 23 by 8 is 184, 
which being greater than 181, we reject the quotient-figuie 
8, as too large, rub out the product by it, and try 7. The 
product of 23 by 7 is 161, which is less than 181 ; 7 is there- 
fore the correct fifth quotient-figure, and the final remainder 
is 20, with which remainder the work ends, as all the figures 
of the dividend have been brought down. 

The final remainder is to be treated just as the last re- 
mainder in the former rule : it is to be written against the 
quotient, with the divisor underneath, and a short line be- 
tween them; the complete quotient is therefore 13707|^ the 
fraction at the end being t/te ttcenty-third part of 20, so 
that the twenty-third part of the number 315281 is 13707) 
and the twenty-third part of 20 besides. 

After the full explanation here given of every step of the 
work of this example, I think you will be able to understand 
the operations below without any further help. 
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13664 
9304 

43601 
41868 

17333 
13956 

3377 



lever your divisor ends in ciphers or zeros^ cut them 
ancy them rubbed out, and cut off a* many figures 
» riffht hand of the dividend : then proceed with the 
st as you would do if neither the ciphers nor the 
Dut off were there; but remember, that when you 
i the last remainder, you must put against it all the 
jTou have cut off from the dividend to get the com- 
nainder. Suppose, for instance, 
to divide 278643 by 3500, and 

allowed the noughts to remain, 
c would stand as in the margin, 
already know, where you see 
last ttco figures of the dividend, 
43, are also the last two figures 
imainder. Now if you had cut 
70 figures off, as also the two 
and had taken no notice of them 
end, you would have got, by 
the two dividend-figures to the 
lainder, the same quotient and 
e remainder that you have got 

the margin shows: you see, 
5, that by following this plan, 
Lway with useless ciphers. The 
) quotient in this example is 



3500)278643(79 
24500 

33643 

31500 

• 

2143 



35,00)2786,43(79 
245 

336 
315 

2143 



cd 



34 ARirHMETIC. 

(32.) I have now to explain to 237)14658293(60000 
you the principle of the rules for 14220000 

division, and to show you that they ? 

always lead us to the true quotient 237) 438293(1000 
Let us return to the second example 237000 

above, and see what has been done : 

this example is to divide 14658293 237)201293(800 

by 237; that is, we are required to 189600 

find the 237th part of 14658293. 

By comparing the work with that 237) 11693(40 

in the margin, you will see that we 9480 

have done what was required, by 

finding first the 237th part of a por- 237)2213(9 

tion of the number, then the 237th 2133 

part of another portion of it, then of 

another, and so on, till all the por- 80 

tions of it have been divided. You 237 

see that the several portions of the 
number here are 14220000 + 237000 

•f 189600 + 9480 + 2133 + 80 = 14658293. The 237* 
part of the jirH portion is 60000 ; the 237th part of tbe 
second portion is 1000 ; the 237th part of the third portion is 
800 ; of i\iQ fourth portion, 40 ; of ihQ fifth, 9 ; and the 237th 
part of the last portion is -^V > ^^ *^^^ ^^ 237th part of the 
whole is 61849^^. And it is plain that a similar explana- 
tion applies to every example worked by the rule. 

In order to prove whether any operation in division ia 
correct, you have only to multiply the quotient (without the 
fraction) and the' divisor together, and to add the last re- 
mainder to the product ; the result will be the dividend, if 
the work be right. Thus, if in the example just examined, 
61849 be truly the 237th part of 14658293, with 80 over, 
then 237 times 61849, with 80 taken in, must of course be 
14658293. 

(33.) The rule I have just been explaining is called the 
rule of Long Division; the former rule, which serves only 
for divisors not greater than 12, is called the rule of Short 
Division. Examples in this rule may of course be also 
worked by long division; in fact, the second rule includes 
tbe first, only that examples in the first may be worked in 
less space. Nobody would actually do such examples by 
long division; and I only mention, that the second rule 
really inolades the firsts lest you shoidd be in any doubt as to 



464 
448 

168 
168 
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rhetlier the prinoiple of ehorfc division ought to be separately 
xplained. Rather than work a short-division example by 
mg division, it will be wiser to work a loDg-division ex- 
mple by short division, as may always be done when the 
ivisor can be expressed hy factors, 56)382 48(683 

f which no one is greater than 336 

2 : thus, 56 is composed of two 

Qch factors, for 8x7 = 56. If, 8)38248 

lierefore, you have to divide a 

umber by 56^ you may first 7) 4781 

ivide the number by one of these 

ictors, and then divide the quo- 683 

lent by the other : both forms of ■ 

ivision are shown in the margin. 

This is an example with no remainder : in some instances, 
\ie division by the first factor leads to a remainder, the 
ivision by the second factor to another remainder, and so on. 
J^ow when division by any factor leaves a remainder, you 
lust write a fraction, as in the former examples, having this 
emainder above, and the number you have divided by below, 
ihould the next factor also leave a re- 
minder, you must multiply this remainder 
y the lower number of the former fraction, 
nd add in the upper number of it ; this will 
;ive the upper number of the next fraction, 
md the product of the divisors already em- 
Joyed will be the lower number of the new 
iaction. Two examples are given in the 
margin : in the first of them, the divisors 
ure 8 and 7, the factors of 56; in the 
second, the divisors are 3, 6, and 7, the 
fectorsof 126; that is, 3x6x7 = 126. If 
you use long division for the two composite 
divisors, 56 and 126, you will find the quo- 
tients to be the same. I cannot explain to 
you now how it happens that the fractional 
part of each quotient is truly brought out, as in the margin, 
bat you will see it all very clearly when you come to 
f^ractions. 

JSxercises. 

I Divide 2463 by 47. 2. Divide 39072 by 83. 

8. Divide 1197054 by 342. 4. Divide S^G^^'ilW)^ Vl^. 



8)38259 
7) 4782f 



683ii 



3)24632 
6) 8210| 
7)i368A 
195,^ 
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5. Divide 9460257 by 843. 6. Divide 40627385 by 2712* 

7. Divide 7926400 by 3046. 

8. Divide 81729361 by 402600. 

9. What is 17690234-^78910? 

10. What is 27506381-7-80247? 

,1 wu * • .1, 1 ^59264743- 

11. What 18 the value of — rrrr— r— ? 

26083 

io wk * • *i. 1 .1079256401- 

12. What 18 the value of ? 

3427500 

13. The gross earnings of the Great Western Railway, for 

passengers and goods, for the first half of the year 
1851, were 438834 pounds; the distance travelled up 
and down is 264 miles: what were the earnings per 
mile for the half-year ? * 

1 4. It is found that in a large number of persons, say a hun- 

dred thousand, aged 25 years, about one in every 26 
dies before arriving at the age of 30 years : how many 
may be expected to die out of the whole in these &^e 
years? 

15. It is estimated that 1 out of every 1585 persons in Great 

Britain is deaf and dumb : how many deaf and dumb 
persons are there in the entire population, which, 
according to the Censtis of 1851, is 20936468 persons? 

16. The number of blind persons in Great Britain is at the 

rate of about one in every thousand : how many more 
blind persons are there than deaf and dumb ? 

17. The Himalaya mountains in India are the highest in the 

world; some of them have been found to measure 
twenty-seven thousand feet: how many buildings, as 
high as St. Paul's in London, must be piled, one upon 
another, to reach to this height, the height of St 
Paul's being 344 feet? 

18. The shilling catalogue of the Great Exhibition contains 

320 pages, and is more than half an inch in thicknesB: 
there were three hundred thousand copies printed: 
suppose that each copy were pressed to the thickness of 
half an inch, and that all were then piled up, one upon 
another, how many times the height of the Monument, 
near London Bridge, would the pile reach, the height 
of the Monument being 202 feet, or 2424 inches? 

* In these questloof 1^9 fractional parts of the quotients need not be 
taken into aceonnt. 
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(34.) You have now been brought through the first^/owr 
rules of Arithmetic : from the explanations which have been 
yiven of them, I think you should understand the reasons of 
bhe operations those rules direct to be performed : and from 
the many exercises which have been proposed, you ought to 
be pretty ready in the practice of them. Everything that 
Follows will depend upon these four rules: there are no 
operations in arithmetic besides those of addition, subtraction, 
multiplication, and division. Different names will be given 
to different rules in the remainiug part of the subject; but 
adding, subtracting, multiplyiug, or dividing, are the only 
operations that can enter into the work of any of them. The 
rules now given are called the four simple rules of arith- 
metic ; simple addition, simple subtraction, simple multiplica- 
tion, and simple division. They are called simple^ not 
because they are so ea*y, but because every example belong- 
ing to them has to do simply with one denomination of 
(][uantities or things, as pounds^ persons^ mihs^ &c. These 
u:e each called things of the same denomination, A sum of 
money, composed of so many pounds, so many shillings, and 
80 many pence, is composed of quantities of different deno- 
minations; and in like manner a distance or length composed 
of miles, yards, and feet, is composed of quantities of different 
denominations ; and accordingly, when the rules of addition, 
subtraction, &c., are applied to these^ they are called com-^ 
found rules, so that you see the cause of the distinction 
between simple addition and compound addition, between 
nmple subtraction and compound subtraction, &c. 

(35.) I am now going to introduce you to the arithmetic 
of compound quantities ; but before I do so, you will have to 
learn a few tables, in order that you may know how many 
quantities of a lower denomination are contained in a single 
quantity of the same kind, but of a higher denomination ; as, 
for instance, how many feet in a mile, how many ounces in a 
pound weight, how many gallons in a barrel ; and so on. 

The table of liquid measure, at page 42, contains more 
particulars than you need commit to memory, as the altera^ 
tioii in the capacity of the gallon, which took place in 1826, 
•Iters the number of gallons now contained in the old casks. 
The imperial gallon is used equally for wine and malt liquor ; 
I H is less than the old beer gallon, and greater than the old 
wine gallon. (See foot-note, page 42«) 
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TABLES OF MONEY, TIME, WEIGHTS, MEASURES, &c. 

MONEY. 

In the United Kingdom, money-accounts are kept in 
pound8^ 8hilling8^ pence^ and farthing8. The s3rmbob or 
marks used for these are £, for pounds; «, for shillings; and 
dy for pence : q is sometimes used for farthings, or quartert of 
a penny, and sometimes the letter^ The pound used to be 
represented by a Bank-note, value 20*. ; it is now re- 
placed by a gold coin, called a 8overeign; there was formeriy 
another gold coin, called a guinea^ the subdivisions of whien 
were the half-guinea^ and the 8even'8hiUing'piece, The 
value of the guinea was 2]«. Though this latter coin faai 
gone out of circulation, it is still customary to call 21ft 
a guinea. The weights of this coin and its subdivisions are 
given below ; as also of the 5*. piece, or crown^ and half' 
crown^ in the present coinage. 

Gold Coins — Old Coinage. 



Name. 
Guinea 


Value. Weight, troy. 
21*. Od. 5 dwt.* 9 M ffT. 


Half-Guinea 


10*. ed. 2 


16|* 


78. Piece 


7*. Od. 1 
New Coinage. 


19ii 


Sovereign 
Half-Sovereign 


208. 5 
108. 2 


3Hi 


Silver Coins — New Coinagi 


!. 


Crown 


58. Od. 18 


4A 


Half-Crown 


28. 6d. 9 


2A 


ShilHng 
Sixpence 
Ad. Piece 


I2d. 3 
0*. 6d. 1 
0*. 4d. 1 


15A 
5t^ 


3i. Piece 


0*. Sd. 


21 A 



* The mark dwt. means pennyweight, and gr. stands for grains.— See 
table of Troy Weight 
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Pence Table. 








». 


c?. 


Pence, 


*. d. 


P«M»ff. 


4 ferthings make 


1 


50 make 


4 2 


100 


12 pence 




1 





60 „ 


5 


108 


20 „ 


9> 


1 


8 


70 „ 


5 10 


110 


24 „ 


>» 


2 





72 „ 


6 


120 


30 „ 


5J 


2 


6 


80 „ 


6 8 


130 


36 „ 


» 


3 





84 „ 


7 


132 


40 „ 


» 


3 


4 


90 „ 


7 6 


140 


48 „ 


95 


4 





96 „ 


8 


144 



89 



make 



*. 


d. 


8 


4 


9 





9 


2 


10 





10 


10 


11 





11 


8 


12 






A farthing is represented thus : \d,^ meaning one-fourth of a 
penny ; two farthings, or one halfpenny, thus : ^d, ; and 
three farthings thus : ^. 

NoTB. — Gold coins are allowed by law to pass under the full weight, 
an allowance of a little more than ^ grain being made for tlie diminution 
of wei^t by use : thus, a soyereign passes for its full value, provided it 
reach the weight of 5 dwt. 2f gr. Gold coins are not wholly of pure 
gold ; they are made of what is called standard gold, which is composed 
of 11 parts of pure gold, and 1 part of an alloy of either pure copper or 
copper and silver. Any quantity of gold, whether alloyed or not, is, for 
convenience, supposed to be divided into 24 parts, called carats ; and the 
degree of purity of the mass is expressed in these carats : thus, standard 
or sterling gold is 22 carats fine ^ the remaining 2 carats being alloy. 
Unalloyed gold is 24 carats fine. Gold is not idloyed in coinage from 
motives of frugality, but for convenience of workmanship, and for the 
purpose of rendering the coin harder and more durable. Articles of plate, 
in gold, are allowed to be of standard purity, — that is, 22 carats fine ; 
but in watch-cases this degree of fineness is not permitted ; the standard 
for them is 18 carats fine ; so that one-fourth of the material is alloy. 
The ** Hall mark," which guarantees the proper degree of purity, is 
usually stamped on the ring that suspends the watch, and on other parts 
of the case. 

Standard silver, for silver coins, contains 11 oz. 2 dwts. of pore silver 
m 1 lb. troy, and 18 dwts. of alloy. 







TIME. 






60 seconds, 


marked thus. 


60 sec 


. make 


1 minute. 


60 minutes, 




9> 


60 m. 


»> 


1 hour. 


24 hours, 




n 


24 h. 


9J 


1 day. 


7 days, 




)) 


7d. 


» 


1 week. 


52 weeks 1 


day 


9? 


52 w. 


Id. „ 


1 year. 
1 leap year. 


52 weeks 2 


days, 


or 366 d. 




99 



Leap year occurs once in every four years, when a day must be added 
to 365, the number of days in a common year ; the month which takes 
this additionai day is February, which in leap -^eas Y^b&*2.^ ^^. \1^^ 
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date of the year be divided by 4, and there be no remainder, thatynr 
will be leap year ; and 1, 2, or 3, will remain, according as the year is It 
2, or 3 years after leap year. The number expressed by the last two 
fibres only of the date may be used instead of the complete date, as the 
remainder arising from diyision by 4 will be the same : thai, the ynr 
1852 is leap year, since 52 is exactly divisible by 4. The addition of t 
day every fourth year is rendered necessary on account of the ordinaiy 
year being taken as 365 days, instead of 365| days, which it is within t 
few minutes ; so that in 4 years a whole day would otherwise be over- 
looked. Even as it is, the few minutes just noticed, by which 385i dayi 
differs from the true year, as shown by the sun, accumulate to an error 
of about 3 days 2^ hours in 400 years. This error is an error of exeett; 
for the true solar year is 365 d. 5 h. 48 m. 49 sec. To remove the effect 
of this error, it has been fixed that when the year consists of complete 
centuries (a century being 100 years), although the date would be exactly 
divisible by 4, yet the year is not to be considered as leap year, unless the 
date, omitting the two final noughts or zeros, is also divisible by 4 : thvi, 
the years 1800, 1900, 2100, &c, are to be reckoned as common yean, 
since 18, 19, 21, &c., are not divisible by 4 ; but 1600, 2000, &c., are 
leap years. With this correction the civil reckoning so far agrees, on the 
average, with the astronomical determination of the year, as to be only 
one day in advance of the strict truth in 3546 years, — an error which f(ff 
the purposes of life it is unnecessary to make any provision for. 

The year is divided into twelve parts, — January, February, 
March, April, May, June, July, August, September, October, 
November, and December. These are called the 12 calendar 
months. Each of these, except February in a common year, 
contains more than 4 weeks, or 28 days ; yet, in ordinary 
language, 4 weeks is called a month. There are 13^ of these 
months in a calendar year. The number of days in each 
calendar month may be easily recollected by aid of the fol- 
lowing lines : — 

Thirty days have September, 
April, June, and November, 
February has twenty -eight alone, 
And all the rest have thirty-one ; 
But leap-year, coming once in four, 
February then has one day more. 



WEIGHTS. 

Avoirdupois. marki. 

16 drams make 1 ounce (oz.) 

16 ounces „ 1 pound (lb.) 

28 pounds „ 1 quarter (qr.) 

4 quarters, or 112 lbs. „ 1 hundred- weight (cwt.) 

SO nandred-weight „ 1 ton (t.) 
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By this weight coarse and bulky goods are weighed, and all the com- 
in necessaries of life. The weight called a stone is also much used for 
e purposes ; but it is not fixed, like the other weights given aboye ; in 
leral, however, by a stone is meant 14 lbs. ayoirdupois. In London, 
tone of butcher's meat is only 8 lbs. ; but in many country places it is 
lbs. , and in some 16 lbs. Unless, however, the contrary be stated 
itchers' meat excepted), by a stone 14 lbs. is always understood, so 
Lt 8 stone make a cwt. ; 2 stone of 14 lbs. make 1 tod of wool ; 6^ tods, 
vey ; 2 weys, 1 sack ; and 12 sacks I last : 12 sacks, also make a chal- 
>n of coals, — a measure now discontinued. 



Troy. 




marks. 


24 grains make 


1 pennyweight 


(dwt.) 


20 pennyweights „ 


1 ounce 


(oz.) 


12 ounces „ 


1 pound 


(lb.) 



This weight is for the precious metals, and for ingredients used in 
ilosophical experiments. The grain troy is subdivided into 20 parts, 
led mites ; so that 20 mites = 1 grain. The ayoirdupois ounce is less 
in the troy ounce ; for 1 oz. avoir. ^ -^ oz. troy ; but the avoir- 
pois pound is greater than the troy pound ; for 1 lb. avoir. ^ |^ lb. 

Apothecaries. mark$. 

20 grains make 1 scruple (sc. or 9) 

3 scruples „ 1 dram (dr. or 3) 

8 drams „ 1 ounce (oz. or J) 

12 ounces „ 1 pound (lb.) 
Apothecaries and chemists use this weight in mixing medicines; but 
Qgs are bought and sold by avoirdupois weight. 



MEASURES 
3p Length, Surface, and Solid or Cubic Contents. 
Length (or Long Measure). marks. 

1 foot (ft.) 

1 yard (j^^O 

1 fathom (fath.) 

1 rod, pole, or perch (per.) 
1 chain (22 yards) 
1 furlong (^^r.) 

1 mile (1760 yds.) (mi.) 
I league (lea.) 

Cloth, 
1 nail (na.) 

1 quarter of a jrard 
1 ell English 
1 ell Flemish. 
A hand^ in measuring horses, is 4 in. ; a spau^ ^ vs\. \ wA 
ijWk?*, 5 feet. A rood of fencing or d\\.c\iiTig \a \ -jj^x^* 



12 inches 


make 


3 feet 


» 


6 feet 


» 


5^ yards 


9» 


4 perches, or 


100 links 


40 poles 


jj 


8 furlongs 


99 


3 miles 


5> 


2 J inches 


t 

99 


4 nails 


99 


5 quarters 


99 


3 quarters 


99 



48 



ARITHMBTIC. 



Surface (or Square Measure). 



144 sqaare inches make 

9 square feet „ 

30^ sqaare yards „ 

40 sq. perches „ 

4 roods „ 

10 sq. chains, or 100000 sq. links 

640 acres „ 

100 square feet „ 

272i square feet „ 



1 square foot. 

1 square yard. 

1 sq. rod, pole, or pe 

1 rood. 

1 acre. 

1 acre. 

1 square mile. 

1 square of flooring. 

1 sq. rod of brickwo 



Solid, or Cubic Measure. 

1728 cubic inches make 1 cubic foot; and 27 cubic feet n 
1 cubic yard. 



^ 



n3 

9 



Measures for Wine, Spirits, 

4 gills make 

2 pints „ 

4 quarts „ 

10 gallont „ 

18 gallons „ 

81^ gallons „ 

42 gallons „ 

63 gallons „ 

84 gallons „ 

126 gallons (2 hhds.) „ 

252 gaUons „ 

9 gallons „ 

2 firkins „ 

2 kilderkins (36 gaL) „ 

54 gal, or 1^ bar. „ 

72 gaL or 1^ hhd. „ 

108 gal. or 1^ pun. „ 

2\Q gaL or 2 butts „ 



Ale, Beer, &c. 
1 pint 
1 quart. 
1 gallon. 
1 anker. 
1 runlet. 
1 barrel. 
1 tierce. 
1 hogshead (bhd 
1 puncheon. 
1 pipe, or butt. 
1 tun, or 2 pipet 
1 firkin. 
1 kilderkin. 
1 barrel. 
1 hogshead. 
1 puncheon. 
1 butt. 
1 tun. 



* These measures are inserted here chiefly because the learner 
know the number of gallons meant whenever he meets with the nam 
them ; but he must be here apprised, that these gallons are not imp 
gaUons, but gallons according to the old measure^ which has been 
lished. Old gallons, wine measure, are converted into imperial met 
by multiplying by f ; and old gallons, ale measure, are converted 
imperial measure by multiplying by |^, which fractions are suffici 
accurate for practical purposes. The names of the measures for 
and ale, marked above, are now merely the names of caakst &Q<i d* 
denote imperial fMosures ; indeed, some of these names were nevei 
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The imperial gallon is a measure of the same uniform capacity, whether 
for wine, ale, beer, com, or any other commodity; it must contain 
exactly 10 lb. avoirdupois of distilled water. The barrel, hogshead, &c. 
differs in capacity, according as it is used for wine or beer. 

Corn, or Dry Measure. 



2 pints make 1 quart. 

2 quarts „ 1 pottle. 

2 pottles „ 1 gallon. 

2 gallons „ 1 peck. 

4 pecks „ 1 bushel. 



2 bushels make 1 strike. 
2 strikes „ 1 coom. 
2 cooms (8 bush.) 1 quarter. 
5 quarters „ Iweyorload. 
2 weys „ 1 last. 



The standard weight of a sack of coals is 2 cwt. ; so 
that 10 sacks weigh 1 ton. A ship-load is 4240 sacks, or 
8480 cwt. A sack contains 3 bushels^ heaped measure; but 
heaped measure is now abolished. 



Division op the Circumference op a Circle. 

The circumference of every circle is supposed to be divided 
into 360 equal parts, called decrees; these, of course, are 
longer or shorter, according as the circle is greater or less. 
Each degree is divided into 60 equal parts, called minutes; 
and each minute into 60 equal parts, called seconds: the 
marks for degrees, minutes, and seconds, are a small ° for 
degrees, a dash ' for minutes, and two dashes '' for seconds, 
thus: 

60"= 1'; 60'= I*'; 360 *» = a whole circumference; 

90 ° = a quadrant. 
A degree of the circle round the earth at the equator, or a 
degree of a meridian, is about 69-j^ miles ; so that the length 
of 1' is the 60th part of this, which is the length of a sea- 
mile^ or, as it is frequently called, of a geographical mile; a 
geographical, or nautical mile, being the length of 1' of the 
equator or meridian ; it exceeds a land mile by about -J- of 
that mile. 

alterably fixed in meaning: a pipe of wine of one kind often differed 
considerably in measure from a pipe of another kind. Whatever name 
be still retained for the caskf the liquor contained in it is always gauged 
w measured f and valued in imperial gallons accordingly. It is useful to 
nmember, however, that if a person were now to purchase a runlet of 
^rtnej—that is, a cask of that name full of wine, — ^he would get only f of 
.18 imperial gallons ; that is, only 15 gallons imperial measure. The word 
S^ihrns is printed in italics above to imply that old measure is meant. 
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REDUCTION. 

(36.) Reduction is the Dame given to the operations by 
which a quantity is reduced to another of the same value, bat 
of different denomination. The operation, for instance, by 
which pounds in money are reduced to shillings, pence, or 
fftrthings ; or fiirthings to pounds, years to hours, &c. Yon 
see, therefore, that Reduction is of two kinds : the reduction of 
a higher denomination to a lower, and the reduction of a lower 
to a higher ; it is therefore comprised in two rules. 

1. To Reduce a Quantity to one of a Lower Denomination, 

Rule. See by the tables how many quantities of the next 
lower denomination make one of the higher, and multiply | 
the proposed quantity by that number ; the product will be 
the quantity in the next lower denomination. 

If it is to be reduced still lower, see how many quantities 
of that next lower denomination make one of the denomina- 
tion already reached, and, as before, multiply by that number; 
and so on till you reach the denomination required. 

Ex. 1. Let it be required to reduce 
£124 to farthings. £124 

As 20 shillings make one pound, we 20 

first multiply by the number 20 ; this 

reduces the XI 24 to 2480 shillings ; and, 2480 sliilliogs. 
since 12 pence make one shilling, we then 12 

multiply the number 2480 by the number ■ 
12, which reduces the 2480 shillings to 29760 pence. 
29760 pence ; and, lastly, since 4 far- 4 

things make one penny, we multiply the ■ 

number 29760 by 4, which finally re- 119040 farthings, 
duces the £124 to 119040 farthings. 

If any quantities of the lower denominations are connected 
with the quantity to be reduced, we must, of course, adA 
them in with the products which give the same denomina-^ 
tions; thus, if shillings had been connected with the £12^ 
above, these shillings must have been added in with th^ 
product 2480, which gives shillings ; and if fence had alsc^' 
been connected with the pounds, we must have added theu^- 
in with 29760, the product which givea pence; and so on. 
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2. Suppose we had to reduce £124. 13^. £. s. d. 
A^d. to farthings. 124 13 4^ 

Then, multiplying the 124 by 20, and 20 

taking in the 13, we have 2493 shillings; 

and multiplying 2493 by 12, and taking 2493 shillings 
in the 4, we have 29920 pence; and, 12 

lastly, multiplying 29920 by 4, and taking 

in the 2 farthings, we have finally 119682 29920 pence 
farthings. 4 

It is proper that I should notice here, ■ 
that in reducing pounds to shillings you do 119682farthing8 

not multiply the pounds by 20, but only 

the number of pounds ; if pounds be multiplied by any num- 
ber the product must be pounds. In like manner, in reducing 
to pence, it is not the shillings you multiply, but only the 
number of them. It would be tedious to be always making 
this distinction in rules and examples, though it is right that 
yon should not be misled by the brief language £. s, d, 
in which rules are sometimes expressed. 372 15 7f 

3. Reduce X372. 15s, l^d. to farthings. 20 
Here we multiply by 20, and take in ■ 

the 15; then by 12, and take in the 7; 7455 shillings 
and, lastly, by 4, and take in ^e 3 ; as in 12 
the margin. 

4. How many minutes are there in 29 89467 pence 
days, 3 hours, and 21 minutes? ^ 4 

Since 24 hours make one day, and 60 

minutes one hour, we have to multiply, first 357871 farthings 

by 24, taking in the 3 hours, and then by 

60, taking in the 21 minutes, as in the d. k. m, 

margin. *■ 29 3 21 

You will of course understand, when it 24 

ia said that 24 hours make a day, that what 

in common language is called a day and a 119 
night is meant People in general consider 58 

a, day to end at 12 o'clock at night, and 

"then a new day to commence, which lasts 699 hours 
"till 12 o'clock the following night, thus com- 60 

pleting 24 hours ; yet it is customary to call 

tiat part of the 24 hours usually devoted to 41961 minutes. 

sleep, night ; and to apply the term day more 

especially to the other portion. Astronomers begin their day 
at noon, and end it at the noon following. NN\ffli.\» \Ni"e^ ^ov^^ 
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call Jan. 5, at 1 8 h. 1 5 m., we should call lb. oz. awi gr. 

Jan. 6, at a ^ past 6 in the morning. 17 6 14 21 

5. How many grains are there in a 12 

lump of gold, weighing 1 7 lb. 6 o». — 
14dwt21gr.? 210 

Here we have to multiply, first by 20 

12, taking in the 6 ; then by 20, taking 

in the 14 ; and, lastly, by 24, taking in 4214 
the 21. As the first figure, arising from 24 

multiplying by the 4, expresses units^ 

we shall add the units in 21, namely 16857 
the 1, to this figure ; and as the figure 8430 

arising from multiplying by the 2 is 

tens, we shall add the tens in 2 1 ^ namely 101157 grains, 
the 2, to this figure. 

Note. You may sometimes have to multiply by a number 
with a fraction joined to it, as, for instance, by 5^, in order 
to reduce perches to yards ; to do this you may first multiply 
by the 5, and then to the product add half the mnltiplicand ; 
or you may multiply by twice 5^, that is by 11, and then 
divide the product by 2. If the fraction be one-fourth, or 
three-fourths, you may reduce all to fourths, by multiplying 
, the number to which the fraction is joined by 4, and tiuung 
the odd fourths in ; the result will then be four times the 
true multiplier, which you may use instead of the tnie one; 
but then you must remember to divide the product by 4, to 
get the true product. In general, however, the best vay 
will be, when you have to multiply by \, to take a fourth 
part of the multiplicand ; and when you have to multiply by 
f , to take half the multiplicand for ivy^ fourths, and then bau 
of this for the remaining fourth. These portions of the mul- 
tiplicand, added to the product you get by using the multiplier 
without the fraction, will give the complete product Thus : 
suppose 327 is to be multiplied by 5^, and 30^, respectively, 
the work is as follows : 

2)327 4)327 

5i 30i 



1635 9810 

163i/ori. 81f/ori. 



Product 1798^ Product 989 If 
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the first of these operations, 827 perches are reduced to 
ds ; in the second, 327 square perches, or rods, are re- 
sed to square yards. 

£Jxercises. 
Reduce £865. 17*. 5d. to pence. 
Reduce £397: 16«. ^^d. to feirthings. 
How many minutes are there in 365 days ? 
How many pounds are there in 5cwt. 3 qr. 18 lb. of 

cheese ? 
Reduce 73 oz. 17 dwt. 11 gr. of gold to grains. 
How many inches are there in 237^ yards of length ? 
Reduce 47 miles 5 furlongs 9 perches 3 yards to yards. 
How many square yards are there in 7 acres ? 
How many pounds are there in 3 tons 13cwt. 2 qrs. 22 lb. ? 
Reduce 46 barrels of beer to quarts (old measure). 
The middle arch of the Southwark Iron Bridge weighs 

about 1523 tons: what is its weight in pounds? 
The great bell of St. Paul's weighs 5 tons 2 cwt. 1 qr. 

22 lb. : what is its weight in pounds ? 
The largest bell in the world is that of Moscow; its 
weight is 192 tons 17 cwt. 16 lb.: reduce this to 
pounds. 
The money taken in silver alone at the doors of the Great 
Exhibition weighed about 35 tons : how many avoir- 
dupois ounces did it weigh ; and how much silver 
money was taken, allowing 5s, to weigh an avoirdupois 
ounce, as is very nearly the case ? 
. A pipe of wine is to be drawn off in an equal number of 
quart, pint, and half-pint bottles : how many of each 
will there be (old measure) ? 
. How many grains are there in three dozen of table-spoons, 

each spoon weighing 2 oz. 4 dwt. ? 
'. The ground occupied by St. Paul's Cathedral measures 
2 acres 16 perches : how many square feet are there in 
this extent ? 
^. A vat, or large cask for preserving beer, was built for 
Mr. Meux, the brewer, so capacious that 400 men 
stood without inconvenience inside of it : it held twelve 
thousand barrels of beer ; how many quarts did it 
contain (old measure) ? 
5. The total receipts of the Great Exhibition were £505107 : 
if this sum were reduced to shillings, and a person were 
to begin counting them as booh aa 3a.tk. 1^ \%^'l^ <^\si- 
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menced, at tbe rate of 80 sbillings a minute, and to 
continue counting twelve hours a day, in what month, 
and on what day of that month would he have finished 
his wearisome task ? * (Remember that 1852 is leap- 
year.) 
20. The weight of the gold taken at the doors of the Great 
Exhibition was about one thousand seven hundred and 
fifty-one pounds troy: how many sovereigns were 
there, each sovereign weighing 1 23 grains ? 

(37.) 2. To Reduce a Quantity to one of Higher Denom%n<Ui(m» 

Rule 1. Reduce the quantity to the next higher denomi- 
nation, by dividing it by the number which expresses how 
many of the lower denomination make one of the higher. 

2. In like manner, reduce this new denomination to that 
next higher, by again dividing ; and so on till the proposed 
denomination is reached. 

Ex. 1. Reduce 119040 far- 4)119040 forthings 
things to pounds. 

First, dividing by 4, to reduce 12) 29760 pence 

the farthings to pence, we get 29760 

pence; next, dividing by 12, to 2^0) 248^0 shillings 

bring these pence into shillings, we ■ 

reduce it to 2480 shillings; and, 124 £ 

lastly, dividing by 20, we find the 

number of pounds to be 124. (See Ex. 1, page 44.) 

2. Reduce 357871 farthings to 
pounds. 4)357871 

Dividing by 4, as before, we get 

89467 pence, and three farthings. 12) 89467f 

Dividing these pence by 12, we get 

7455 shillings, and 7 pence; and, 2^0) 745^5 7i. 

lastly, dividing the shillings by 20, 

we get X372. 15«, ; consequently the £372. 15*. 7|<i 

entire sum is £372. 15«. 7|^. (See 

Ex. 3, page 45.) 

* I have been desirous of avoiding purely frivolous questions in th» 
work ; but questions such as this must not be considered as such. U ^ 
difficult to form an adequate conception of a very large number ; and we 
may be much assisted in doing so by estimating the time it would take to 
count it. A person will have a much better conception of a fwt//«o»» 
from considering, that if he were to count a million things as fast &> 
possible, — say 100 a minute, — it would occupy him day and night, with- 
out mtermission, for a whole week, within an hour and 20 minutes. 
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3. How many days are there in 

11961 minutes? (See Ex. 4, p. 45.) 6,0)4196,1 

Dividing by 60, the number of 

minutes in an hour, we get 699 hours 3) 699 21m. 

md 21 minutes. Dividing the hours 

by 24, that is, by 3 and 8, because 8) 233 

3x8 = 24, the number of hours in a 

iay, we get 29 days, and 1 over; 29 d. 3h. 21m. 

not 1 hour^ but once three hours, be- 

cause 233, to which this 1 belongs, are not hours, but units 
of 3 hours each ; since they arise from dividing hours by 3. 
And you must be careful to observe this, when in any ex- 
ample in reduction, you split your divisor into its component 
fcictors, and divide by them instead; the remainder arising 
from any one of these factors, must always be multiplied by 
the product of whatever other of those factors may have been 
previously used for divisors. 

4. How many pounds are 3)101157 

there in 101157 grains of gold ? 

(See Ex. 5, p. 46.) 2) 33719 

Here we have first to divide 

by 24, to bring the grains into 4) 16859 3gr. 

pennyweights; and the better 

to illustrate what has just been 2,0) 421,4 18gr. 

said, let us split 24 into its 

three factors, 2, 3, and 4, di- 12) 210 14dwt. 

Tiding, however, by 3 first, since 

it is probable, from the last 17 6oz. 

figure of the proposed number 

being 7, that 3 is contained in 171b. 6oz. 14dwt. 21 gr. 
it without remainder. The first 

remainder we get is the remainder 1, from the divisor 2 ; this 
remainder multiplied by 3, the only other of the three factors 
previously used, gives us 3 grains. The division by 4 leaves 
another remainder, namely 3 ; this multiplied by 6, the pro- 
duct of the 2 and 3, already used as divisors, gives us 18 
9^ains; so that the total number of grains over is 21. The 
final result is, therefore, 17 lb. 6 oz. 14 dwt. 21 gr. 

You will observe that I have used the three factors of 24 
here only for the sake of showing you how to proceed when 
^e factors are necessary in order to enable you to exchange 

D 
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long division for short division, which you should always do 
whenever yon can.* 

Reduce 3275 lb. avoirdupois to cwts. 

By the table we see that 112 lb. make 
one cwt; it is also easy to see that 112 
will divide by 2 ; the quotient is 56, which 
is 7 X 8 ; therefore, 112 = 2x7x8; so that 

we may here use short division, employing 

these three factors for divisors, as in the 29 141b. 

margin. Instead of the divisors 2, 7, 8, 

we might have used 4, 4, 7, as is obvious.t 29 cwt. 27 lb. 

NoT^. You may sometimes have to divide by a number 
having a fraction joined to it, ajs, for instance, by 5^, in 
order to reduce yards to perches. In this case, the best way 
is to divide ttoice the dividend by Uoice the dirisor, that is, 
by 11. If the fraction in the divisor be a q^iorter or three 
quarters, instead of a half, then yon should rednce both 
dividend and divisor to qtiarters before you begin, multiply- 
ing the divisor, without the fraction, by 4, and taking in the 
odd quarter or quarters. You must observe, however, that 
the remainder you get must be divided by 2, if you are 
dealing with halves, and by 4, if you are dealing wiUi quar- 
ters, in order that you may obtain the proper remainder, in 
the satne denomination as the dividend. Thus, suppose it 
were required to divide 37810 by 5^, and by 30^, respec- 
tively, you should work as follows : — 
37810 
2 



5^x2 = 11)75620 



Quotient 6 8 74 ... 3, half the remainder, 

* A table of factors, suitable for short division, of all numbers up to 
10000, is given at the end of the book ; the arithmetician will find it very 
useful on many occasions. 

t The learner will readily see that the above method of getting the 
final remainder corresponds with what has already been explained a^ 
page 35. The only difference is, that there the remainder is expressed in 
the final denomination, while in Redaction it is made to preserve di0 
original denomination. If in the above example the final result weio 
required in cwts. and fractional parts of a cwt. without lbs., the resort 
of the first division would have been written 1637^, the result of the 
second division 233|f, and the result of the third 29^; that is> 
29^ cwt., which is 29 cwt. and the 112th part of 27 cwt. ; this ll2th 
part being, of ooorse, 27 lb. 
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37810 
4 



30^x4 11)151240 

121 = 11X11 

11) 13749. ..1 



Quotient 1 249 ... 2 7f, one-fourth of the rem. 

In the first of these operations, 37810 yards are reduced 
to poles or perches; in the second, 37810 square yards are 
reduced to square poles or square perches. The first result is 
6874 per. 3 yds.; the second is 1249 sq. per. 27| sq. yds. 
You divide the remainder by 2, in the first case, because that 
remainder is halves^ and by 4, in the second case, because it 
is qiuirters or fourths. 

Exercises. 

1.* Reduce 26493 farthings to pounds. 

2. Reduce 397024 yards to miles, furlongs, perches, and 

yards. 

3. How many hours are there in 28635 seconds ? 

4. How many pounds of silver are there in 12875 grains ? 

5. Reduce 176432 lb. to tons. 

6. How many yards are there in 24631 nails ? 

7. Reduce 42657 square poles to acres. 

8. How many square yards are there in 27568 square inches? 

9. Reduce 100000 pints to gallons. 

10. How many degrees and minutes of a circular arc are 

there in 132530 seconds? 

11. How many cubic yards are there in 100000 cubic inches ? 

12. It is related by Josephus, that the battering-ram em- 

ployed by Titus against the walls of Jerusalem weighed 
100000 lb. : how many tons did it weigh ? 

13. If an omnibus carry, on the average, 1000 persons 

weekly at the rate of Zd, each, what are the gross 
receipts for a year ? 

U. If all the letters which passed through the Post Office 
during the week ending Feb. 21, 1851, had only penny 
stamps on them, what was the cost of the stamps? 
(See Ex. 16, p. 19.) 

15. If a steam-vessel sail across the Atlantic Ocean, a dis- 
tance of about 3000 miles, at t\ie a\Qi\i^^ Td\A ^i ^\ 
d2 
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miles an hour, in how many days will she perform the 
voyage ? 

16. The distance of Plymouth from Adelaide in Australia is 

estimated at 9080 miles : in how many days would the 
voyage be performed in a steamer sailing at the average 
rate of 9 J miles an hour, if no land intervened ? 

17. The iron railing round St. Paul's Cathedral weighs 

448081 lb. : how many tons does it weigh? 

18. The duty paid on advertisements in English and Scotch 

newspapers is Is. 6d. each: how much was paid for 
advertisement- duty on all the English newspapers in 
the year ending Jan. 5, 1851 ? (See Ex. 14, page 9.) 

19. In quick marching, soldiers take 108 steps a minute, 

each step being about 2 feet 8 inches : at this rate, how 
long would a regiment be in marching from London to 
Richmond, a distance of 10 miles? 

20. An imperial gallon of distilled water weighs 10 lb. avoir- 

dupois : how many tons of water would the great vat 
mentioned in Ex. 18, p. 47, hold ? {See foot-note^ p. 42.) 

21. A cubic foot of water weighs very nearly 1000 ounces 

avoirdupois: how many cubic yards are there in the 
vessel referred to in the last Exercise ? 

22. In how many days could the above-mentioned vessel be 

emptied by a tap which discharges half a gallon in a 
second ? 

23. What is called a ship-load of coals weighs 949760 lb. ; 

a sack weighs 2 cwt. : how many sacks are there in a 
ship-load ? 

24. The number of Electric Telegraph stations now open 

(Jan. 1, 1852) is 226; of these, constant attendauce, 
day and night, is given at about 70 : all are in con- 
nection with the central station at Lothbury, in Lon- 
don. The length of lines of communication already 
completed is upwards of 2500 miles : you can send a 
short message, for any distance not above 100 miles, 
for 2*. 6ci(., which message will be forwarded by other 
means to the house of the person you send to: what 
would it cost, for the use of the telegraph, to send a 
message from one end of England to the other, a 
distance of about 642400 yards,* and to receive an 

* The railway distance would, of course, be more than this, as the 
lines do not run directly north and south. 
It may interest the learner to be here informed, that the electric wire 
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answer back, which you might do in a few minutes: 
you will observe, that 2s. 6d. is to be paid for ant/ 
distance not exceeding 100 miles?* 



(38.) Addition of Compound Quantities. 

Rule 1. Place the quantities to be added together under 
one another, so as that all in the same column may be of the 
same denomination. 

2. Add up the first column on the right, that is, the 
column in which the quantities of lowest denomination are 
placed; find how many quantities of the nest denomination 
are contained in the sum : put what is over under the column, 
and carry the quotient to the next column. Proceed in this 
way, from column to column, till all have been added up. 

1. Suppose, for example, you had to find 
the totid amount of the following bills: 
namely, Baker's bill, £31 lis. 4^</. ; But- 
cher s bill, £27 13*. 8d.; Grocers bill, 
£19 0*. e^. ; Tailors bill, £21 7s. ; Shoe- 
maker s bill, £11 2*. 9d.; Washerwoman's 
bill, £8 16s, S^d. ; Bookseller's bill, 
£7 13*. 8d.; and Stationer's bill, 17*. G^d. 
Then, arranging these sums, as in the mar- 
gin, putting pounds under pounds, shillings 
under shillings, pence under pence, and 
farthings under farthings, you would begin 
with the column of farthings, and say, 2 and 

has been extended under the sea, from Dover to Calais ; it is embedded 
in a thick (&ble, and sunk across the Channel. Occurrences that take 
place at Paris^ 160 miles from Calais, at 7 or 8 o'clock in the evening, 
are now fully described in print in the London newspapers by 7 o'clock 
the following morning. Electricity brings the news to London, delivers 
it in symbols, which require to be translated into common words ; the 
translation is carried in the ordinary way to the printing-office, the com- 
positors set up the type, the pressmen work off the printed sheets, and 
have thousands of them ready for the public by 7 o'clock in the morn- 
ing! We owe this wonderful facility to the genius and industry of 
Professor Wheatstone, of London. The velocity of the electric current 
is calculated by this gentleman to be at the rate of at least 288000 miles 
a second ; so that it would travel completely round the world in about 
the twelfth of a second ! 

* ** The most wonderful application of electricity to the purposes oC 
fife, is the facility it affords to persons separated b^ \i\m^^% CklT£c^^%\A 



£, s. 


d. 


31 17 


H 


27 13 


8 


19 


6f 


21 7 





11 2 


9 


8 16 


3* 


7 13 


8 


17 


6i 


^128 8 


m 
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2 are 4, and 3 are 7, and 2 are 9; 9 farthings contsun 2 
pence, and 1 farthing over; therefore, you put down the 1 
fexthing, and carry the 2 pence to the column of pence. 2 and 
6 are 8, and 8 are 16, and 3 are 19, and 9 are 28, and 6 are 
34, and 8 are 42, and 4 are 46 ; and since 40 pence make 
3s. and 4d., 46 pence are Ss, and lOd,: 10 and carry 3. 

3 and 7 are 10, and 3 are 13, and 6 are 19, and 2 are 21, 
and 7 are 28, and 3 are 31, and 7 are 38 ; then, proceeding 
dofomoards, you point to the several ones in the shillings 
column, on the left, each 1 standing for ten^ and say, 48, 58, 
68, 78, SS; so that this column amounts to 88 shillings ; and 
since 80 shillings make £4, you put down the 8 shillings, 
and carry 4 to the column of pounds, the sum of which is 
128 ; so that the total amount of all the bills is £128 8«. I0\d, 

The work of examples in compound addition is all so 
similar to this, that you cannot require any further explana- 
tion to prepare you for the following Exercises, ^which are 
chiefly intended to give you practice in the tables. 





Exercises, 






Money. 




£. 8. d. 


£. 8. d. 


£. 8. d. 


1. 13 11 2f 


2. 142 18 


3. 873 10 4i 
327 13 9} 


17 4| 


26 9 7, 


16 3 


14 17 3^ 


46 17 2 


2 5 8i 


273 8 


92 8 10 


1 17 5| 


97 4 Ot 


174 16 7; 


3 


12 19 llj^ 


37 9 


7| 


1 6 5, 


18 15 8f 




Time. 




d, h, m. 


d, h. m. 


d. h." m. 8. 


4. 16 13 17 


5. 23 19 11 


6. 121 14 3 16 


9 2 13 


18 6 7 


12 9 14 27 


12 17 3 


15 17 24 


93 21 36 41 


41 9 7 


38 11 11 


18 19 17 16 


16 21 42 


24 23 55 


237 12 10 


3 15 57 


19 13 46 


23 2 39 





hold instant communication, by night or by day, giving them the power, 
88 it were, to annihikte space, enabling them to consult, admonish, iO' 
form, condole with each other, as if they were in the same room ; an^i 
having ended their conv^wtion, to tarn aside, and one to find himself ii^ 
liondon and the other in Edinburgh.''— (Sir W. Snow Harris's *' Ra- 
Slectridtj," page 191.) 
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Avoirdupois. 






Ih. oz. dr. 


ewt. gr. lb. 




ewt. gr. lb. oz. 


7. 


10 14 11 


8. 5 3 17 




9. 23 13 14 




17 11 9 


17 1 19 




14 2 16 13 




21 13 14 


32 2 27 




45 1 23 11 




6 L 8 


1 1 1 




9 3 27 8 




12 9 15 


14 14 




19 1 15 






Troy. 






oz, dwt. gr. 


oz. dwt. gr. 




lb. oz. dwt. gr. 


0. 


7 13 18 


11. 9 12 19 




12. 13 4 14 20 




5 16 12 


10 17 17 




6 17 2 




11 19 4 


21 3 




9 20 1 




8 10 23 


8 13 21 




25 11 3 23 




10 20 


7 12 


J«. 


16 1 12 18 






Apothecarii 






dr, ser. gr. 


oz. dr. 8cr. 




lb. oz. dr. 8cr. gr. 


3. 


2 15 


14. 10 6 1 




15. 9 11 2 1 14 




7 1 19 


5 7 2 




7 9 7 2 5 




3 17 


11 




10 3 18 




6 2 1 


7 1 1 




1 7 7 1 19 




4 1 16 


3 10 




13 8 6 1 






Length. 






yds. ft. m. 


fur. pa. yds. ft. 


m. fur. po. yds. 


6. 


126 1 9 


17. 7 14 3 


2 


18. 124 3 17 2 




37 11 


6 25 5 


1 


47 6 20 4 




103 2 8 


31 4 





16 1 1 




46 1 


3 19 1 


1 


230 7 33 5 




234, 10 


5 13 2 


2 


6 12 3 



Sqtuire Measure. 

ae. roo.per.yds. ac. roo.per.yds. 

19. 127 3 21 13 20. 243 1 18 25 

35 1 17 22 465 2 11 29 

216 2 23 29 43 22 17 

13 12 17 138 1 15 8 

1 8 30 27 2 3 15 
10 3 15 4 28 6 

1 1 20 18 36 
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(39.) Subtraction of Compound Quantities. 

Rule 1. Place the smaller of the two quantities under 
the greater, so as that the several parts may be under those 
of the same denomination. 

2. Begin with the lowest denomination, and subtract, if 
the upper number be large enough ; if not, increase it by as 
many as will make one of the next higher denomination, 
taking care, in this case, to carry 1, after the subtraction, to 
the next number you subtract : and proceed in this way till 
the subtraction is finished. 

For example, let it be required to subtract £l73 \7s, 9^ 
from £241 13*. 7id, 

Placing the quantities, as in the margin, £. s, d, 

and beginning with the lowest denomination, 241 13 1\ 
you see that you cannot subtract 2 farthings 173 17 9i 

from 1 ; you therefore increase the 1 farthing 

by 4, because 4 farthings make a penny: £67 15 9| 

you then say, 2 from 5, and 3 remain ; |, 

and carry 1. I and 9 are 10, and, increasing the Kd,^ which 
is too small, by 12^., because \2d, make a shilling, you say, 
10 from 19, and 9 remain; or, it is a trifle easier to say, 10 
from 12, and 2 remain, and 7 are 9 : carry 1. 1 and 17 are 
18; 18 from 20, and 2 remain, and 13 are 15: carry 1. 
1 and 3 are 4; 4 from 11, and 7 remain: carry 1. 8 from 
14, and 6 remain : carry 1. 2 from 2, and nothing re- 
mains: therefore, the diflerence between the two sums is 
£67 15*. 9|c?. 

Exercises, 

£, s, d, £, s, d, £.. s, d, 

1. 29 11 4^ 2. 465 7 3 3. 2852 7| 

13 16 8| 258 14 6f 568 9 llj 



d, h, m, 
26 15 17 
19 19 19 



yds, ft, ttt. 
7. 125 2 11 



51 1 6 



5. 


d, h, m. 

117 21 43 

49 23 57 


8. 


yds, ft, in, 
346 1 7 
157 2 10 



6. 


d, h. m, «. 

14 13 5 18 
13 20 32 46 


9. 


per, yds, ft, in, 

18 5 2 1 

6 1 11 
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. Lat* 42*^ 23' 19 N. 11. Lat. 37*^ 15' 7" S. 
Lat. 36 49 25 N. Lat. 28 38 18 S. 



d, h, m, see. 

. LoDg. 125° 52' 43" E. 13. 16 21 42 13 

Long. 101 57 56 E. 12 22 58 39 

/. cwt, qr. lb. t. cwt. qr. lb. t. cwt. qr. lb. 

V. 7 14 3 19 15. 15 3 1 2 16. 2 3 1 

3 18 1 27 9 1 3 17 17 26 



m. fur. per. yd, m. fur. per. yd. m. fur. per. yd. 

. 128 7 13 2 18. 17 2 18 1 19. 240 4 

53 6 37 5 1 7 23 4 138 6 12 5 



ac. roo.per.yd, ac. roo. per. yd, ae.roo.per.yd. 

K 73 1 20 6 21. 24 14 22. 1 2 3 13 

19 2 37 11 17 3 23 31 3 9 28 



oz. dwi. gr, lb, oz. dwt. gr. lb. oz. dwt. yr, 

13 18 5 24. 9 5 12 12 25. 14 1 3 18 

2 19 23 7 11 17 20 9 16 5 



c. yds. ft, in. c yds. ft. \n. c yds. ft. in. 

6. 146 26 271 27. 117 18 110 28. 700 

107 26 302 53 24 247 384 22 181 



sq. yds. ft. in. sq. yds. ft. in. sq. yds. ft. in. 

9. 273 3 17 30. 561 7 110 31. 382 4 46 

187 8 129 359 7 132 75 8 107 



gal. qt. pt. gal. qt. pt. gal. qt.pt, 

12. 164 3 33. 3492 1 34. 4306 1 

156 1 1 1783 3 1 3621 2 1 



* Ex. 10, is to find the difference of latitude of two places on the 
arth, north of the equator; Ex. 11, is to find the difference of latitude 
)f two places south of the equator ; Ex. 12, is to find the difference of 
ongiiude of two places east of the meridian of Greenwich. The dif- 
ference of latitude of two places, one north and the other souths is found ^ 
3y adding the two latitudes together; and the difference of longitude of 
two places, one east and the other west^ is also found by adding the two 
together ; what is called the difference being, in each case, thft vcAjbt?^^ 
in degrees, minutesy and seconds, between the t^o i^AsBucea. 
d3 
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bu, pi. gal. qt» bu. pi, gal. qt, hu, pi. gel. ^. 

35. 18 2 3 36. 23 1 37. 110 10 2 

17 1 1 3 17 3 1 3 94 3 1 3 



(40.) Multiplication op Compound Quantities. 

To multiply a compound quantity by any number, the rule 
is as follows : — 

BuLE. Place the multiplier under the quantity of lowest 
denomination. Multiply this quantity by it, divide the pro- 
duct by the number of such quantities contained in the next 
denomination, put down the remainder^ and carry the quo- 
tient to the product arising from the next term : and so on to 
the end. 

Note. When the multiplier is greater than 12, and can 
be decomposed into factors, each not greater than 12, use 
these factors instead of the composite multiplier, and proceed 
by ghort multiplication. The table of factors, at the end of 
the book, will be of great assistance in supplying the proper 
factors of all composite numbers up to 10000. 

Ex. 1. Multiply £17 ISs. ^d. by 7. 

Putting the 7 under the lowest denomina- 
tion, farthin^Sy we multiply the 2 farthings 
by the 7, the product is 14 farthings; this 
divided by 4, the number of farthings in a 
penny, the next denomination, the quotient 
is 3 pence, and 2 farthings over ; we therefore put down the 
2 farthings, namely, ^6?., and carry 3 : we then multiply the 
4 pence by the 7 ; the product is 28, which, with the 3 car- 
ried, make 31 pence; dividing these pence by 12, the num- 
ber of pence in a shilling, the quotient is 2, with 7 pence for 
remainder ; so we put down the 7 pence, and carry ihe 2 
shillings. Multiplying now the ISs. by the 7, the product is 
91, which, with the 2 carried, make 93 shillings; that is, 
4 pounds 13*. : 13, and carry 4. And, lastly, multiplying 
the £17 by 7, and taking in the £4 carried, we have the 
whole product, £123 13«. 7id. 



£. 


s. 


d. 


17 


13 


4i 
7 


£123 


13 


n 



13 


9. d. 

9 8f 
11 


148 


7 Oi 
9 


1335 


3 2i 

7 


£9346 2 3f 
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2. Multiply £13 9*. 8|<?. by 693. 

By looking at the table at the end of 
the book, we find the multiplier 693 to be 
a composite number, of which the factors 
are 11, 9, and 7, we may therefore use 
these factors as multipliers, and proceed by 
short multiplication, as in the margin. 
You cannot require any explanation of the 
work after attending to the operations in 
the example just given, so I leave it for 
you to carefully look over, and thence to 
form your own opinion of the usefulness of 
the table of fetctors in calculations of this kind. 

"When, however, you have to multiply a compound quan- 
tity by a large number, which cannot be decomposed into 
factors suitable for short multiplication, you may seek in the 
table for the number nearest to it that can be so decomposed ; 
employ the fttctors of this number, and note the result : then, 
multiply the compound quantity by the difference between 
the given multiplier and that actually used, add the result to 
the former result if the multiplier used be less than the given 
one, and subtract if it be greater. 

There is another way of proceeding, thus : count the num- 
ber of figures in the multiplier, disregarding the units figure. 
Multiply the compound quantity by 10, then the product by 
10, and so on, till the number of lO's amount to the same as 
the number of figures counted : this done, multiply the com- 
pound quantity by the units-figure of the given multiplier, 
the first of the above products by the tens-figure, the next 
product by the hundreds-figure, and so on, till all the figures 
of the multiplier have been used: add up all these latter 
products, and the required product will be obtained. The 
work of the following example shows both methods. 

Note. — You must always bear in mind, that a compound quantity can 
ncYer be multiplied by another compound quantity ; nor by anything but 
a mere number, since multiplication means the taking a proposed quantity 
a certain number of times. You must at once see the absurdity of the 
following questions, taken from a recent work on what the author calls 
"Arithmetic;" namely, *• Multiply 7 tons by 9 cwt. ;** " Multiply f of 
a j^ by ^ of a guinea ; '* Multiply f of an acre by f of a rood ;" and so 
on. As Mr. Walker justly observes {Philosophy of Arithmetic, p. 58), 
" You might as well be told to multiply 5 lbs. of beef by 3 bars of mu- 
sic.'' I shall have occasion to direct your attention more fully to matters 
of this kind hereafter. 
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Ex. Multiply 7«. lO^d. by 7985^ 

By the table, 7986 = 11x11x11x6. 



£. 9. d. 
6 7 lOfxl 
11 


£. «. d. 
7 10|x5 = 
10* 


£. 9. 

1 19 

31 11 

355 6 


d. 


4 6 lOj 
11 


3 18 Jlix8 = 
10 


8 


47 15 4f 
11 


39 9 7x9 = 
10 


3 



525 9 4i 
6 



394 15 10 x7 = 2763 10 10 



3152 16 1^ 
Sub. 7 10^ arising from the multiplier 1, above. 



£3152 *8 2i 



£3152 8 2| 



I need scarcely tell you, that examples of this kind may 
always be worked by common reduction; that is, you may 
reduce the compound quantity to the lowest denomination 
before multiplying, and then convert the product into the 
higher denomination. 

Exercises. 



£. *. d, 

1. 82 8 e^X 5 

2. 43 11 4|x 8 

3. 125 13 

4. 217 18 

5. 734 19 

miles, fur. per. yda. 

11. 15 3 2 4x 75 

12. 17 7 5x 98^ 

13. 23 1 31 2x256 



0ixl2 
9^X11 
7fx 9 



£. 9. 
19 13 



21 
32 17 



d. 

5ix 

9 10|x 

Ifx 

8ix 



28 

343 

504 

891 

7|xl617 



9. 103 11 
10. 379 18 

miles. Jur. per. yda. 

14. 6 27 3x594 

15. 1 5 19 1x605 

16. 27 3 22 4x972 



* In multiplying by 10, yon merely annex to the number multiplied ; 
so that when anything below 10 is carried, you have only to annex it to 
the next quantity in the multiplicand. 
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days, ho, min, • 


ae. ro. 


po. 


17» 


19 13 27 X44li 


20. 13 3 


17x511* 






sq.yds.ft.' 


in. 


18. 


16« 51' 43"x231f 


21. 2 8 


123X563* 




ions, ctffi. qr. lb. 


oz. dwt. 


9^' 


19. 


14 13 2 11 X243 


22. 9 17 


20x616i 



(41.) DiTisioN OP Compound Quantities. 

Rule. Divide the greatest denomination first, put down 
the quotient; reduce the remainder to the next lower de- 
nomination; carry it, thus reduced, to the term of that 
denomination, in the dividend, and divide as before. 

Note 1. "When the divisor is a composite number, pro- 
duced by factors, none of which are greater than 12, use 
those fe/Ctors, instead of the number itself, and work by short 
division. 

2. When the divisor is a large number which cannot be 
decomposed into suitable^ factors, you may regard the ques- 
tion as one of simple reduction : reduce the compound quan- 
tity to the lowest denomination in it, and then divide; the 
quotient will be a quantity in that lowest denomination, 
which, by reduction, may then be brought into the higher 
denomination. 

Ex. 1. Divide £34 16«. Sd. by 24. £. s. d. 

Here the divisor is a composite number, 8)34 16 8 

formed by the factors 8 and 3. Dividing 

first by the 8, we say, 8 in 34, 4 times and 3) 4 7 1 

2 over : this 2 being pounds^ we reduce it 

to shillings^ carrying the result, 40^., to the £l 9 0;^ 

16, and say, 8 in bQ^ 7 times; then 8 in 8, 

once. Dividing now by the 3, we sky, 3 in 4, once, and 1 
over; so that 20«. is carried to the 7, and we say, 3 in 27, 
9 times; 3 in 1, no times, and 1 over: this \d. being 4 
farthings, we say, 3 in 4, once; so that the quotient is 
£l 9*. 0^^., the remainder being neglected, as we have no 
coin below the farthing. 

(42.) Now I have a remark to make upon this operation, 
to which you must attend. I have supposed that we have 

** See page 59. 
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been working the above example together, and have imagmed 
ourselves as saying, " 8 in 34, 4 times;" " 8 in 56^ 7 times;** 
and so on, as arithmeticians would say : bat I mast tell jou, 
that we have been using incorrect language ; and I am the 
more anxious to draw your attention to this, in order to show 
you how necessary it is in reading books of this kind, and, 
indeed, in reading any book at all, that you should think for 
yourself^ and not receive, without thinking, everything that 
you may find in a printed book. When you had said, as 
above, " 8 in 34, 4 times," and had put down the 4 ; suppose 
somebody had asked you what that 4 stood for, you would 
have answered, 4 pounds ; and you would have been right: 
but how can 8 be contained in £34, X4 times ? 4 pounds 
times is an expression which has no meaning. You see, there- 
fore, that the form of language employed above i^ faulty: 
we ought to have said, " the eighth part of £34 is £4, and £2 
over ;'* " the eighth part of 56s, is 7«.," and so on ; or, which 
is the same thing, " £34 divided by 8 gives £4 for quotient, 
and £2, or 40*., for remainder ;*' " 56s.^ divided by 8, gives 
7s. for quotient, and no remainder ;*' and so on. You thus 
see that the only thing that requires correction, in what is 
done above, is the form of words used in describing the 
work; but, -as the result obtained is always correct, as to the 
figures, the &.ulty language, if thought the more convenient, 
may be allowed to pass ; though it is right that you should 
know what the objection to it is, and how it may be cor- 
rected. There is another thing too, to which your notice has 
been already called. You have seen that multiplication is 
a short way of finding the result of addition ; and that it ii 
nothing more than this: the multiplier always denotes the 
number of things, each equal to the multiplicand, that are to 
be added together, and the product gives their sum: the 
multiplier, therefore, can never be a commodity^ as a sum of 
money, or a weight of goods ; nor yet any measure of length 
pr space; it is simply what is called an abstract number^ 
denoting how many repetitions or times some other abstract 
number, or concrete quantity, is to be taken.* 

* Among those who have advanced further into the practical applica- 
tion of arithmetic, there may be some who may think that this view of 
multiplication is in opposition to what goes by that name in books on 
mensuration, surveying, &c., where feet are apparently multiplied by 
feet, yards by yards, &c. The fact is, however, that although concrete 
quantities are in such subjects said to be multiplied together, the phrase- 
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Now, just as iliultipli<».tion is an abridgment of addition, 
K) it has been said that division is an abridgment of repeated 
lubtraction ; so it is : but it is also more than this : we could 
lot hare any operation in multiplication which could not be 
performed by addition, though tbere are plenty of operations 
in division which could not be performed by subtraction : 
bow, for instance, could the example worked above be done 
by subtraction ? A sum of money, which is a concrete quan- 
tity, a real commodity, is to be divided by 24, an abstract 
number, not 24 things ; it would be nonsense to speak »of 
taking an abstract number from a concrete quantity, — ^from 
real substantial things : when we divide a concrete quantity 
by 24, we merely seek that smaller concrete quantity which 
is the 24th part of the greater; or that smaller quantity, 
which repeated 24 times, makes up the greater. Division of 
a. concrete quantity replaces subtraction, only when the 
divisor is a concrete quantity of the same kind also. A sum 
of money may, for instance, be divided by a smaller sum of 

ologj is adopted solely for brevity, and to enable writers on those topics 
to express the rules of operation in a form easy of recollection, and free 
firom that prolixity of language which the strictly correct form of ex- 
pression would seem to require. All that is meant is, that we are to 
proceed in applying the rules of mensuration, &c., as if feet could be 
multiplied by feet, yards by yards, &c., or as if, instead of these concrete 
quapitities, they were merely abstract numbers. The direction for finding 
the surface of a rectangle is briefly expressed by saying, " multiply the 
length by the breadth, the product will be the area in square feet, &c." 
The meaning is, that we are to multiply these measures together as \f 
they were not measures, but abstract numbers ; and then to consider the 
product as if it were not an abstract numbeV, but so many square feet, 
&c. ; this is all that is to be understood by the eicpression ** feet multi- 
plied by feet produces square, feet ;" and the same of all expressions of a 
like kind. Strange to say, however, there are books on arithmetic, — and 
books, too, of very recent date, — the authors of which, teaching the 
subject as they themselves have learnt it, that is, merely as a sort of 
medianical jugglery with the nine digits — I say, there are modem books 
on arithmetic, the authors of which, finding the expression '* feet multi- 
plied by feet" tolerated, proceed to induct their deluded pupils into the 
mystery of multiplying cwts. by tons, money by money, and so on I 
"^i^t meaning tiiey attach to their results no one knows; indeed, 
meaning f or any accounting for their processes by an appeal to reason or 
common sense, is what never enters the heads of these writers ; they 
would, no doubt, just as readily multiply a house by a house, or one 
man's name by another^s. / There is perhaps no class of educational 
books which has done so much injury to the youthful mind as books on 
arithmetic. What a benefit would it be to the young if about five- 
Bixths of existing works on arithmetic were collected in one vast pile, 
And burnt in Smithfield for scientific heterodoxy I 
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money : in this kind of division, we merely seek haw mofijf 
Hmei the smaller sum is contained in the greater ; the qno- 
tient must evidently, therefore, be an abetract number. It is 
only when dividend and divisor are of the same kind, both 
concrete quantities of one sort, or both abstract numbers, thai 
the operation of division can replace that of successiye sub- 
traction. 

(43.) I have directed your attention to these particulan^ 
in order that you may clearly see the true character of yow 
operations in the multiplication and division of compound 
quantities, and to impress upon you, that a multiplier is 
always an abstract number^ while a divisor may be either as 
abstract number, or a concrete quantity of the iame kind at 
the dividend ; and, moreover, to prepare you for the rule for 
division in this latter case : this rule is as follows : — 

(44.) To divide a Compound Quantity by Another of the 
Sanie Kind, 

Rule. Reduce the two quantities to the loieest denominar 
tion to be found in either^ and then perform the division : the 
quotient will express the number of times the smaller quan- 
tity is contained in the greater. 

Ex. Divide £18 5*. by £2 7s. Sd. 

Here the lowest denomination £, s, d, 
is pence ; we have, therefore, to 2 7 8 
reduce both dividend and divisor 20 
to this denomination, and then ■ 

to divide the pence contained in 47 
the dividend by the pence con- 12 

tained in the divisor, as in the -: — — 

margin. We thus find that the 572 ) 4380(7fH 

smaller sum is contained in the 4004 

greater 7 times and a part of a 

time, expressed by the fraction 376 ren^* 

|-}4, which part is the 572nd 

part of the number 376. If the sum to be divided were 
diminished by 376 pence, then the other sum would be con- 
tained in it exactly 7 times. 

Exercises in both Rules. 




1. £148 16s. 4^.-7- 8 


4. £106 I9s. Sld.-^ 72 


2. 237 13 5-7-14 


5. 780 12 9^ -^168 


3. 562 18 6^-4- 35 


6. 837 13 5i -^273 
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9. 128° 45' 52"-f-125 
10. 315d. irh. 38ni.-T-112 



14cwt. Iqr. 9 lb. -5-18 
823 m. 7 fur. 21po.-T-ll 

11. 1784 ac. 3roo. 32 per. -MO 5. 

£15 les. 9d. -7- £2 13«. 5d. 

£89 Us. l^d. -f- £7 Ss, ^d. 

£126 7*. -7- £34 18». Iffl?. 

£321 178. 3|i. -r- £47 6*. 9fc?. 

73cwt. 3qr. 13lb. -r- 5cwt. Iqr. 14 lb. 

78 d. 18 h. 49in. -7-5d. 1ft. 2 in. 

79° 13' 46" -7- 13° 5' 18" 

2 tons 13cwt. 51b. -7-3 qr. 17 lb. 

The mint price of standard gold is £S 17*. lO^d. an 
ounce : what is the value of 1 lb. ? 

* The amount of money expended for the maintenance 

of the poor among the 607 Unions of England and 
"Wales for the year ending at Michaelmas, 1851, was 
£3288192: how much, on the average, was expended 
by each Union ? 
A fruiterer offers a market-woman 120 oranges at 3 a 
penny, and 120 of a better sort at 2 a penny, and 
refuses to take any less ; the woman offers to purchase 
the whole at 5 for 2d. ; and the man, thinking that 
this is the same thing, lets her have them : how much 
did the woman save by this arrangement ? 

. The building of the new Royal Exchange in London cost 
£400000; and after it was opened by the Queen on 
Monday, the 28th of October, 1844, the public were 
admitted to it for three days, when a subscription 
was made for the widows of four men killed during 
the progress of the works : the money received was as 
follows : 4 sovereigns, 1 half-sovereign, 1 crown piece, 
88 half-crowns, 992 shillings, 842 sixpences, 142 four- 
penny pieces, 5 threepenny pieces, 665 pence, 667 half- 
pence, and 25 farthings : what was the total amount, 
and what was each widow's share ? 

t. If a dozen teaspoons weigh 9oz. 18dwt. 20 gr.^ what is 
the weight of each spoon ? 

5. Although a sovereign, when quite new, weighs very 

* These questions are of a miscellaneous kind ; some of them require 
»ly the rules for reduction. This mixed character is intentionally given 
' them, that the learner may be accustomed to work examples without 
<iuiiing to know what rule they come under. 
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nearly 123^ grains, yet there are only 113 grains of 
pure gold in it, the rest is called alloy^ and is either of 
pure copper, or a compound of silver and copper:* for 
how many sovereigns was there gold sufficient in the 
312500 ounces supposed to have been collected in 
California during the year 1850 ? 

26. Find the value of the mass of gold in last Example, at 

the rate of only £3 17«. 10^. an ounce. Notb. 
312500 = 10 X 10x5x5x5x5x5: see table of 
factors at the end. 

27. If 64 lb. of tea, at is, Sd, a pound, be mixed with 421b. 

at 4s. 4d, a pound, what per lb. will be the price of the 
mixture ? 

28. How much would the money which the Royal Exchange 

cost weigh in sovereigns^ at 123 grains each;t and 
how many times as high as the Monument (202 feet) 
would they reach, if piled one on another, allowing a 
pile of 16 to reach an inch, which is about the case?} 

29. A bankrupt owes his creditors £2831, and proposes to 

pay them 13«. 2^^. in the pound: how much monej 
must he have to do this ? 

30. What is the difference in the weight of 100000 sove- 

reigns and 100000 guineas; the weight of a sovereign 
being 123^ grains, and the weight of a guinea 129^ 
grains? 

31. From the 31st of December, 1829, to the 15th d Fe- 

bruary, 1831, there were coined at the Mint 2387881 
sovereigns: what was the weight of these, and what 
weight of pure gold was used in the coinage ? § (See 
Ex. 25.) 

* The pound troy, of sterling gold, contains 11 oz. of pure gold, and 
1 oz. of alloy ; it is coined into 46|f sovereigns. 

t That is, supposing each sovereign had lost, on the average, a qnaiCer 
of a grain hy use. It may he here mentioned, that gold coins are allowed ' 
to pass under the mint weight, in consideration of the effects of wear. A 
sovereign weighing 122f grains, is considered a legal tender ; but not if 
it be below this weight. 

X Of sovereigns much worn by use, about 17 would be required to 
make an inch : of new sovereigns, 16 would do. 

§ In expressing the weight of gold, it is not usual to employ highff 
denominations than pounds; when cwts. and qrs. are mentioned introif 
weight, cwt. means 100 lb., and qr. means 25 lb. 
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(45.) I AM now about to explain to yoa one of tlie most 
hnportant parts of arithmetic,— the arithmetic of fraetiant. 
LcameTS generally consider it to be the most dificuit part ; 
bat- 1 am sure tluU if yon carefblly attend to the explana- 
tions to be giTen, yon will find the arithmetic oi fractiatu to 
be qnite as easy as the arithmetic of integers, I hare been 
obliged to mention the term fretctions already, and to say a 
little about them; for yon see they will force themselyes 
npon our notice at a rery eariy stage of arithmetic. I am 
now to speak of them more at length, and mast begin by 
defining a fraction ; that is, by tellmg yon what a fraction 
rrally is. 

A fraction, strictly speaking, means a part of tint/, or 1 ; 
thus, one-half, ttoo-thirds^ three-fourths^ &c., are fractione ; 
they are represented by the figures of arithmetic, in the fol- 
lowing way, namely, ^, f, f, &c. These are so many 
examples of the notatum of fractions ; the number below the 
short line is always called the denominator^ and the nnlnber 
above it the numerator ; because the lower number always 
makes known to us the denomination of the parts, as to 
whether they are halves, or thirds, or fourths, &c., and the 
upper number tells us how many of those parts are meant ; 
that is, it enumerates them. If therefore a fraction such as 
f were presented to you, you would at once know what was 
meant by it. Looking at the numerator, you would see that 
5 parts were represented, and looking at the denominator to 
learn what those parts were, you would see that they were 
sevenths ; you would thus know that the fraction, translated 
into words, la Jive- sevenths ; that is, if unit, or 1, were cut 
up into seven equal parts, five of those parts are represented 

You must see that it is very convenient to have a notation 
for parts of a unit as well as for whole units or integers ; 
and from what has already been said, you also see that, in 
strictness, a fraction is alwa3rs something less than 1. But 
this strictness is departed from ; the i^Tm fraction is extended 
to quantities greater than 1 : thus, -Z-, f , V» ^c., are all called 
fractions, theugh each is greater than 1. The first stands for 
seven-fifths, the second for eight-thirds, the third for eleven^ 
fourtAsy and so on. The meaning o£ t\iQ ^ia\, va^ \)!aai'^\\» 



68 ARITHMETIC. 

cut up into^ff^ equal parts, seven of $uch parts, that is seven 
times one of those parts, are to he taken ; the meaning of the 
second is, that if 1 ho divided into three equal parts, eight 
times one of those parts is to be taken ; and the third fraction 
means, that if 1 he divided into/o?€r equal parts, eleven times 
one of them is to be taken. Fractions such as these, where 
each denotes a quantity greater than unity, are called tm- 
proper fractio^is^ — the prefix improper reminding ns that the 
strict meaning of the word fraction is departed from, a 
proper fraction always having the numerator le9$ than the 
denominator. Even when the numerator is equal to the de- 
nominator, the thing is still called a fraction, — an improper 
fraction, of course ; thus, -|, ^, -I, &c., are all called fractions, 
though in fact each is only a peculiar manner of writing down 
unit, or 1, since three-thirds, four- fourths, &c., each make one 
whole. There is thus do restriction upon fractional notation; 
you may write any number you please for numerator, and 
any number you please for denominator, and what you put 
down will be entitled to be called 2^ fraction. 

(46.) I think from what has now been said, you will see 
that fractions are a good deal like those quantities with which 
you have been occupied in the preceding articles, where both 
the number and the denomination of the things dealt with 
are to be considered, the chief difference being merely in the 
notation. When the things dealt with were pounds, in 
money, the denomination was expressed by the mark, or 
symbol, £, written against the number of pounds ; when the 
denomination was ounces, the symbol oz. was employed in 
the same way ; and so on. In like manner in fractions, both 
number and denomination have to be expressed ; but here ft 
different notation is used, — the number of the things being 
written above^ and their denomination below a short line of 
separation ; so that when you are familiar with the notation, 
you ought to find no more difiiculty in the arithmetic of/rac- 
tions than in the arithmetic of whole quantities of different 
denominations. 

(47.) You have already been told (p. 28), that this notation 
for fractions is also the notation for division ; so that | ought 
to mean not only two-thirds of unit, or 1, but also 2 divided 
by 3 ; and that f should express, indifferently, either three- 
fourths^ or 3 divided by 4; and so on. And it is pretty 
plain that such is really the case ; for two-thirds^ or the third 
part of 1 taken twice^ is obviously the same as the third part 
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«f 2 taken once ; tbat is, 2 divided by 3 : also, that three- 
^fourths^ or the fourth part of 1 taken 3 times^ is the same as 
the fourth part of 3 taken once; that is, 3 divided by 4, and 
80 on. Consequently, whenever you see a fraction, as -f, -J, 
&c., you may read it either fiveseventhsy nine-fourths^ &c., 
or 5 divided by 7^ 9 divided ht/ 4, &c. Suppose, for instance, 
yon had f (that is, three-fourths) of 1 shilling^ or 12 pence ; 
then, since one fourth is Sd.y three fourths would be 9</., 
which you see is one fourth of 3«., or of 36 pence ; that is, 
36 pence divided by 4 gives 9d. Again, -J (that is, nine- 
fourths) of a shilling is 9 times one-fourth, or 9 times Sd.y 
which is 27fl?. , and 9«., or 108 pence, divided by 4, is also 
27d. ; and similarly in all cases : and it is of importance that 
yon keep this feet always in remembrance. 

(48.) Before proceeding to the arithmetic of fractions, I 
have only further to add, that 

1. A whole number, that is an integer^ may be written in 
the form of a fraction, by merely putting under it 1 for 
denominator; thus, 3 may be written ^; 7 may be written -J^, 
and so on. And that ant/ number may be written for deno- 
minator, provided only the product of that number and the 
proposed one be written for numerator ; thus, if we wish to 
write 3 in a fractional form, with 5 for denominator, we must 
write 3x5, or 15, for numerator, the fraction being y, 
which is, of course, the same as 3. In like manner, 7=V9 
or = Y? ^r = Y, &c. The numerator and denominator of 
any fraction are called the terms of the fraction. 

2. A number consisting of two parts, one whole and the 
other fractional^ is called a mixed number : thus, 2^, 3f , 
22-^, &c. are all mixed numbers. Such mixed numbers may 
always be reduced to improper fractions ; and, on the other 
band, an improper fraction may always be reduced to a 
mixed number. It will be as well to commence the subject 
by showing how these reductions are to be made. 

(49.) To reduce a Mixed Number to an Improper Fraction, 

Rule. Multiply the whole number by the denominator of 
the fraction connected with it. Add the product to the nu- 
merator, and write the denominator of the fraction underneath, 
with the short line of separation between, and you will have 
the improper fraction required. 

Thus, if 3f be the mixed number, coiiS\sMvck^ qI^'^ vc^fc^-t 



70 ARITHMETia 

3 and the fraction -f, we should say, 3 timee 7 are 21, m\aA 
added to the numerator 5 make 26, which is therefore Ik 
numerator of the equivalent improper fraction, the deno* 
minator being the same as that in the given fraction : then- 
fore af=V- In like manner, 4f=V; 161= V^ 13y= 
^•(B ; and so on. And this merely amounts to writing the 
given whole number in a fructional form with the gives 
denominator for iti denominator; thus, taking the last in- 
stance above, namely 13 y, the 13 is the same as 9 timee 18 
divided by 9 ; that is, 13=^^^ ; therefore 13 and y, or,aB 
it is written, 13y = ^|^. The reason of the rule ia thtt 
evident. 

(50.) To reduce an Improper Fraction to a Mixed Numbv. 

Rule. Actually perform the division denoted by ihe 
fraction, and to the quotient annex the remainder wiA 
the divisor underneath ; that is, complete the quotient by 
adding the fractional correction. Thus, performing the di- 
vision implied in y, the inte(/ral part of the quotient is 3, 
with 5 for remainder ; so tliat the fractional part of the 
quotient is -f : therefore the complete quotient is the wxA 
number 3f . 

These two rules are so easy and obvious, that but a very 
few exercises in them need be given. 

Exercises. 

1. Reduce 7|^ to an improper fraction. 

2. Reduce 17^ to an improper fraction. 

3. Reduce \^ to a mixed number. 

4. Reduce «^' to a mixed number. 

5. Reduce 238^ to an improper fraction. 

6. Reduce *-H-3 ' ^^ ^ mixed number. 

7. Reduce 2016|-^ to an improper fraction. 

8. Reduce ^-Hr^ to a mixed number. 



\ 



(51.) To reduce Fractions with Different Denominators to 
others with Equal Denominators, 

This reduction is called the reduction of fractions to a 
common denominator : it is a change necessary to be made 
in fractions of different denominators, before they can be 
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ber added together, or subtracted one from another. You 
[1 be prepared to expect this ; for you know that things of 
3 denomination cannot be added to or subtracted from 
ngs of a different denomination, till they are prepared in 
B way : shillings and pence, or cwts. and lbs., cannot be 
ited together in one result, without distinction of deno- 
nation, unless the differing denominations be first changed 
common denominations, that is, to denominations the same 

or common to, both. In like manner, •§- cannot be either 
ded to or subtracted from -f-, till the fractions are changed 
X) others, equal to them in value, and of a common deno- 
nator; since thirds and fifths^ being different denomina- 
ins, cannot be united together in a single denomination. 
le desired change may always be effected by aid of the 
lowing principle ; namely. If both terms of a fraction be 
ultiplied by any number^ the two products may be put for 
e terms themselves; and this is only saying, that we may 
ultiply a dividend and its divisor by any number we please, 
ithout altering the quotient : and it is plain, that the quo- 
in t of a dividend by its divisor, is the same as the quotient 

ttoice the dividend by twice the divisor ; three times the 
vidend by three times the divisor ; and so on, for any num- 
jr of times : if, for instance, a sum of money is to be divided 
nong a certain number of people, the share of each must be 
18 same as if tioice the sum were to be divided among twice 
16 number of people, or as if 8 times the sum were to be 
vided among 8 times the number; 10 times the sum among 
} times the number ; and so on. The liberty thus given to 
J, to multiply the terms of a fraction by any number we 
ease, enables us to change those fractions having different 
Jnominators into others, equal to them in value, but with 
le same denominators, by the following rule : — 

(52.) Rule 1. Multiply the numerator of each fraction 
f the product of the denominators of all the other fractions : 
16 several results will be the several numerators of the 
langed fractions. 

2. Multiply all the denominators together: the product 
ill be the denominator common to all. 

Thus, to change the fractions -|^, -f, I-, into others of the 
•me value, and with a denominator common to all, we mul- 
ply the numerator 1, of the first, by 45, the product of the 
SDOminators 5 and 9 of the other fractions ; we then mul- 
ply the numerator 3, of the next fraction, by 18, the produot 
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of the denominators 2 and 9 of the other fractions; and, 
lastly, we multiply the numerator 7, of the next fraction, by 
10, the product of the denominators 2 and 5 of the othir 
fractions : we thus get for the numeratan of the new frac- 
tions, 45, 54, and 70; and for the common denotninator, 
2x5x9 = 90. Hence the proposed fractions, i^ -|, ^, are, 
respectively, equal to |^, -|^, ^ : for these are no other thaa 
the former fractions, after numerator and denominator of each 
are hoth multiplied hy the same number : both terms of the 
first fraction, -J^, are multiplied by 45; both terms of the 
second, -I, by 18 ; and both terms of the third, ^ by 10. 
And similarly, in all cases, by following the directions of the 
rule, we multiply the terms of each fraction by the product 
of the denominators of all the other fractions ; so that though 
the fractions are changed in appearance^ they remain un- 
changed in valtie. 

^Exercises, 

Reduce the following fractions to others of equal yalues, 
having a common denominator. 

1- h h \ 



2. i, h i 

3. i, f, i 

4. h h i 

6. A, 1^, \k 



7. i, *, f i 

^' h h h \ 

9. f, i, I. i 

11- h \ h 



T 



12. h h h \ 



(53.) You see, from these examples, that the rule just given 
will always enable you to convert a set of fractions, with dif- 
ferent denominators, into another set equal to them in value, 
with the same denominators. Any rule would do that would 
always supply us with a set of multipliers, for the terms of 
the several fractions, such that the products derived from the 
denominators should be all alike : the smaller such suitaWe 
multipliers are, the neater and simpler will be the changed 
forms ; and such smaller multipliers often suggest themselvefl, 
by merely passing the eye along the row of denominators; 
for instance, if the original fractions were i, ^, |^, you would ^ 
see in a moment, that the denominators would give equal j 
products if the first were multiplied by 4, the second by 2, i 
and the third left as it is, without any multiplication at all: 
therefore, multiplying both terms of the first fraction by 4) 
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both terms of the second by 2, and leaving the third un- 
touched, we have the changed forms, -|, |^, |^: — three fractions 
equivalent to the original ones, and all of the same denomina- 
tion — eighths. By the rule^ the given fractions would have 
been changed into |-J, |^, 4f , which are less simple in ap- 
pearance tban the other set, though the same in value : the 
former would be converted into these by multiplying both 
terms of each by 8. You thus perceive, that before applying 
the general rule to a set of fractions, it will always be pru- 
dent to look a little at the row of denominators, and try to 
find out, whether smaller multipliers than those which the rule 
would give you cannot be discovered : the smallest possible 
always can be discovered by a mode of proceeding which I 
will show you presently : but the fewer the rules you depend 
upon the better; a little thought and attention will often 
supply their place. I shall therefore give you a few fractions 
to be reduced to a common denominator, without appealing 
to the rule ; first, however, noticing that, as the terms of a 
fraction may be multiplied by any number, so they may be 
divided by any number, whenever such division is possible : 
thus, |- is reducible to -J- ; -^s- to -f ; and so on, as is plain, 
because by multiplying both terms, we know that i = f, 
f = jSj-, &c. It would be considered as an arithmetical 
fault in a person, who pretended to a knowledge of fractions, 
to leave a fraction at the close of his work, of which the 
numerator and denominator have an obvious common divisor. 
Be careful to avoid this fault : never allow your work to end 
with such a form as •^, or -^^ or if, &c., where the sim- 
plifying divisors are obvious : the final forms in which these 
fractions should be put, are |^, -|, and -I, which are incapable 
of further simplification. In the fractions which form part of 
the complete quotients, in the exercises on Division (p. 35), 
instances occur, where what would now seem an obvious 
simplification, is neglected; but you could not be supposed 
to know then^ that the terms of a fraction might be divided 
by a number without changing its value. 

It may be of use to you to know and to remember, that a number is 
divisible by 2, if its last figure be either an even number or ; that it is 
divisible by 3, if the sum of its digits (or figures) be divisible by 3 ; by 4, 
if the number expressed by its last two figures be divisible by 4 ; by 8, 
if the number denoted by its last three figures be divisible by 8 ; by 5, if 
its last figure be either 5 or ; and by 9, if the sum of its digits be 
divisible by 9. 

B 
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In the exercises below you will have to attend to two 
things : Jinty to see whether any indiyidoal fraction can be 
readily changed for another of lower terms; if it can, to 
make the change at once : eecond, to seek the smallest mul- 
tipliers for reducing each set of fractions to others with a 
common denominator.* 

(54.) To give you some guidance in this search, I will show yoa hoir 
to proceed with Example 21, below. You observe here, that the deno- 
minators 4 and 6, of the first and third fractions, have a common &ctor, 
2 ; the one denominator being 2x2, and the other 3x2. Now these 
denominators will become equal if the fiictor 3 be introduced into the 
firttf and the factor 2 into the second ; for then each will be composed of 
the same factors, 2, 2, and 3 ; therefore, multiplying the terms of tlie 
first fraction by 3, and the terms of the second by 2, the firactions be- 
come -f^t -^; the other two fractions are •^, •^. The only diffenng 
denominators are now 12 and 10 ; these have a common factor, 2 ; for 
they are 6 X 2, and 5x2; they are therefore made equal by multiplying 
the first by 5, and the second by 6. Hence, as before, using these mul- 
tipliers for the fractions last deduced, they become ^, ^, ^, ^ 



13. 


i. 


h 


^ 


19. 


w. 


h 


A. 


i 


14. 


h 


h 


i 


20. 


h 


h 


i, 


t 


15. 


h 


V. 


a 


21. 


h 


h 


h 


A 


16. 


h 


A. 


w 


22. 


A> 


A> 


^ 


i 


17. 


rfn 


h 


H 


23. 


2*. 


A> 


h 


i 


18. 


h 


A. 


Tw 


24. 


3*. 


h 


A» 


A 



The reduction of fra<;tions to others with a conunon deno- 
minator, besides being a needful preparation for adding and 
subtracting, is often also necessary to enable us to see which 
of two fractions is the greater : thus, -f- and -^ differ so little, 
that till you find, by multiplying each numerator by tiie 
denominator of the other fraction, that 2x11 exceeds 3x7, 
you would not know that the first is the greater. 



(55.) Addition op Fractions. 

Rule. Reduce the fractions to others having a common 
denominator. Add the numerators of the latter together, 

* I need scarcely say, that when fractions are changed to others wift 
equal denominators, it is not possible to preserve this equality, and at die 
same time to express each fhiction in its lowest terms : as the terms ci 
one or more of the giyen fractions haye to be multiplied by some number 
to bring about the equality of the denominators, both objects cannot, of 
oooney be accomplished. 
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1 under tbe result write the common denominator; the 

etion thus formed will be the sum of those proposed. 

If any mixed numbers are to be added, the fractional 

rtions only of such numbers are to be added by the pre- 

ling rule, and the sum of the integral parts to be added 

erwards. 

Note. Those fractions, of which the denominators have a 

$tor in common, you will find it much more convenient to 

d two at a time, as in the examples 2, 3, and 4, below. 

Ex. 1. Add together the fractions •§-, -I, and f. 

These reduced to a common denominator are -f^, |-|, and |^ ; 

d -H-f -H-f M= W=2ii, the sum. 

2. Required the sum of 2f , If, and -3^. 

Here, taking the fractions only, we see at once that the 
st and third are -^ and -j^, the sum of which is -^=sl^ ; 
erefore, taking in the second fraction, we have -j-f t=i^+ 
~W ; and since the sum of the whole numbers is 2 + 1 + 1 
4, the sum of the proposed quantities is 4-f^. 

3. Add together aj^, f|, and 6|f . 

Here it is at once seen that the denominators 40 and 36 

«h have a common factor, 4 ; the first two fractions may 

31 29 

erefore be written —- — -, - — -; so that the two deno- 
10x4 9x4 

inators will be the same, if the first be multiplied by 9 and 

e second by 10 ; for the factors of each will then be 4, 9, 

ui 10. Consequently, |i+ff = •m+li* = lf*=l|i*- 
he third fraction, after multiplying its terms by 2, is -f^ ; 

id -m + ^ = im + -H^ = liW&; tence the sum is 
KVoV T^® reason why I changed |4 into ^ was, that 50 
a more convenient number to multiply by than 25. 

4. Add together ^ ^ ^^ and i|. 

The denominators of the first two fractions are 4 x 4 and 
X 4 ; these are made alike by the factor 3 for the first, and 

for the second; using tlferefore these for multipliers, the 
rst two fractions become changed into •^, ff . The deno- 
dnators of the other two fractions are 5x3 and 5x8; they 
re made alike by the fisustor 8 for the first, and 3 for the 
xsond. Hence the last two fractions are changed into -j^, 
^. The only differing denominators are now 48 and 120; 
lat is, 24 X 2 and 24x5, which are made alike by the £Eictor 

for the first, and 2 for the second ; therefore, using these 
w multipliers of -Jf and -j^, the sums of the pairs of frac- 
lons above, we have, finally, ^+|i4=m=;l.|^, 
£2 
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And this is the way in which you should proceed in work- 
ing the following exercises, reducing the fractions to a common 
denominator, hy the rule^ only when no two of the denomi- 
nators have a factor in common. If you are only careful 
always to select the greatest factor in common, your changed 
fractions will always have the least common denominator. 
A rule will presently be given for enabling you to find the 
greatest common factor of two numbers, however large those 
numbers may be. 

Exercises, 



1. 


i+*+f 


9. 


2ii+iA+H. 


2. 


*+i+f 


10. 


1A+H+A+3A- 


3. 


A+A+H- 


11. 


i*+ii+ff+**- 


4. 


A+i+6. 


12. 


lf+A+5A+A- 


5. 


2i+3|+i. 


13. 


il+ii+ii+W- 


6. 


8*+5ii+|. 


14. 


6i*+i^+-A-+i- 


7. 


V+A+3f 


15. 


A+iV+5H-4A- 


8. 


^+A+U- 


16. 


2A+lA+3A+f 



{5Q,) Subtraction op Fractions. 

Rule. Eeduce the fractions to a common denominator, 
which place under the difference of the changed numerators. 

As in addition, after the fractions are brought to a common 
denominator, the numerators only are added^ so in subtrac- 
tion, the numerators only are subtracted ; the common deno- 
minator in both operations being preserved, as it is merely 
that which denotes what the things added or subtracted are. 

Ex. 1. Subtract -f from f Here ±-f =||— f|=^ 

2. Subtract 2f from 4^^. 

Here 43^-2|= 4^-2^=2 A. 

3. Subtract 3-|^ from 7|. 

Here 7|— 3^^=7-5^— 3^; -^ cannot be taken from -j^ 
we must therefore increase the iV by a unit, or -i-l, borrowed 
from the 7, thus converting the operation into 6|^-— 3-sV= 
3^. And similarly in other such cases. 



Exercises, 



1. 8f-2f. 

2. H-^- _ 



3. H-f 



5. 24-li. 

6. 4/^-3ii. 
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7 gia 417 

8. 4J-§- 4^ 

10. 2ii+S^^i^ 

12. 5i-6i+lf 

13. 8^-3^-2^2^. 

14. «-f 5f-63»^. 

15. 10if-7A~2A. 



16. 411-2325.-11. 

17. aj-l* + 5f-2. 

18. 9if-7i-H+i. 

19. ll^-6TV-2f-H. 

21. 5V-2TZ^+33V+i. 

22. 7i-5i-A-if. 

23. 13if-12T^-i-^. 

24. 15-i+li-14-H+|. 



(57.) Multiplication op Fractions. 

"WTien anything is multiplied by a frctction, the operation 
performed is, in reality, something more than mere multipli- 
cation^ in the sense in which that word is used when the 
multiplier is a whole number : thus, if anything is to be 
multiplied by -J^, the meaning is, that we are to take one-fifth 
of that thing once ; if it is to be multiplied by f, the meaning 
is, that we are to take one-fifth of it twice ; if by •§•, we are to 
take one fifth of it three times ; and so on. It is so far like 
ordinary multiplication, that it signifies repetitions^ or the 
taking of a quantity a certain number of times : but then it is 
not the whole of this quantity, but only a part of it that is 
taken that number of times : the part to be taken is made 
known to us by the denominator of the multiplier ; the num- 
her of times it is to be taken, by the numerator. 

Suppose we have to multiply y by f ; the meaning is, that 
we have to take a fifth part of \ twice : now, by the fifth 
part of anything, is meant that thing divided by 5 ; in the 
proposed instance, it is ^ divided by 5 ; but -f, is 3 divided 
by 7, and if there be another division by 5, the result is of 
course the same as if 3 were at once divided by 5 x 7, or 35 ; 
so that a fifth part of -f- is -^ ; and, consequently, two-Mtha 
must be -^ ; we thus see, that -f- x f = -^, so that the pro- 
duct of the two fractions is nothing more than the product of 
their numerators divided by the product of their denomina- 
tors ; and, moreover, that ^ multiplied by -J, and |-ths of |-ths, 
or -^ths of -fths, are one and the same in meaning. This must 
be kept in remembrance. 

Although only a single instance is here taken for illustra- 
tion, yet you will easily see, that the same reasoning would 



78 ARITHMETIC. 

apply to any two fractions whatever, and therefore ihat the 
following rule must be true for all cases. 

Rule. Multiply the numerators together, and you will 
get the numerator of the product. Multiply the denominators 
together, and you will get the denominator of the product. 

Note 1. If a multiplier be a fchole number, it may be 
considered as a fraction with 1 for denominator : if a mul- 
tiplier be a mixed number, it must be converted into an im- 
proper fraction. 

2. It is very likely, that in a row of fractions to be 
multiplied together, there may be found factoru in the 
numerators equal to factors in the denominators ; if so, caned 
them, or omit them in the multiplications ; for there is no use 
in preserving common factors in numerator and denominator 
of the product, which ought always to be in the lowest terms. 
And, on this account, if a fraction is to be multiplied by a 
whole number, it is better to divide the denominator by the 
number, whenever the denominator exactly contains it. 

Ex. 1. What is the product of -I, 2 J, and \% 

Keducing the mixed number to an improper fraction, we 

, 2 9 2 2x3x3x2 . 

have -:rX-T-x-r- = - — - — - — - = f. 
3 4 7 3x2x2x7 ^ 

As here the factors, 2 and 2, furnished by the numerators, 
are the same as the factors of 4 in a denominator, these com- 
mon factors are cancelled ; also, since there is a factor 3 in 
tbe numerator 9, the same as a denominator, these two-S's 
are also cancelled; so that, after the cancellings, there re- 
mains only 3 in the numerator, and 7 in the denominator; 
and, therefore, the product is found without actually wd- 
tiplying at all. 

2. Multiply I- of 3i by I of 2i. 

9^5^7^2~3x7 ""21"" ^«' 
In working this example, I would recommend you to pro- 
ceed thus : having written down all the given fractions, with 
the signs of multiplication between them, as above, and 
having put the sign of equality, draw the line that is to 
separate the resulting numerator and denominator, before 
putting anything above or below ; then, looking at the first 
numerator, 4, examine the row of denominators ; the last of 
this row, 2, you find to be a factor of 4, therefore expunge 
or caned this factor, putting only the other factor 2 above 
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the line of separation, and draw jour pen through the deno- 
minator 2, to remind you, when you come to it, that it is 
done with : then, looking at the denominator 9, of the first 
fraction, and glancing at the row of numerators, you see a 3, 
which being a factor of 9, you put only the other factor 3 
below the line of separation, and draw your pen through the 
numerator 3, to show that it is cancelled. The next nu- 
merator, 16, has no factor belonging also to the uncancelled 
denominators; this 16, therefore, you put down as it is, 
against the number before put in the numerator s place ; and 
as the denominator 5 of the second fraction is cancelled by 
the numerator 5 of the fourth, you draw your pen through 
both, and pass on to the next fraction, and you see that the 
only uncancelled number remaining is the denominator 7; 
yon write this, therefore, in the denominators place, against 
the number already there, and put the multiplication sign 
between the two; and you thus have the numerator and 
denominator of the product Sree from useless factors ; that is, 
you get the resulting fraction in its lowest terms. 
3. Multiply f , 3^, 5 and •} of ^ together. 

i. H A A 3 _ 13x3 _39__ 

2 

Here the first numerator 2 cancels a factor 2, in the next 
denominator 4, but as the other factor 2 remains uncancelled, 
yon write the uncancelled 2 below the 4, which, with the 
numerator 2, is then crossed out : the first denominator 3 is 
also cancelled, with the fourth numerator, so that nothing as 
yet is put on the right of the sign =. Passing then to the 
numerator 13, you see that nothing below cancels it; you 
therefore put 13 in the numerators place, and the uncancelled 
2 below it Passing now to the third numerator, 5, you see 
that it is cancelled by the last denominator; there remains, 
therefore, only the uncancelled denominator of the fourth 
fraction, and the uncancelled numerator of the fifth. 

In most books on Arithmetic, the cancelled figures, in 
examples of this kind, are printed with the cancelling marks 
aofOfis them ; but this gives the work an unsightly appearance ; 
tad although I recommend this plan to you for your own 
priTEte eonvenience, yet, in presenting your work to the 
uuBpeotion of another, I would not recommend it to be shown 
all defru)ed by these scratches : when they have served your 
forpose, they should be removed, or an uudefiwi^d w^^ ^l^Coa 
VQ» taken. 



80 ARITHMETIC. 

Exercises, 



1. Multiply T^ by ^. 

2. Multiply 3-?- by 2|^. 

3. iXiX|of|. 

4. i off of A. 

5. |x4i^Xf of5. 

6. Hx2|x3|^. 

7. 2-Hx5t%x7. 

8. e6ixi|x5|. 



9. 4fxf of3|. 

10. « of 9ixiof 3f 

11. ixHx^of 5. 
1:2. ixTfxliXf 

13. 3f of4ixiof7. 

14. 12Tft^x3|.x2ioflf 

15. 13iXT^XlfXf 

16. 21|xlixAxA' 



(58.) Division op Fractions. 

You have already seen, that when you multiply by a 
proper fraction, the product is always less than the mul- 
tiplicand; you will be prepared to expect, therefore, that 
when you divide by a proper fraction, the quotient will 
always be greater than the dividend. If your divisor is » 
whole unit, or 1, the quotient is only eqtml to the dividend; 
so that when your divisor is less than 1, that is, a proper 
fraction, the quotient must be greater than the dividend, for 
the less your divisor the greater the quotient, and if one 
divisor be a third part, a fourth part, &c., of another, the 
quotient due to that part must be three times, four times, 
&c., the quotient due to that other. All this is plain : sup- 
pose you have to divide by f , that is, the fourth part of 3, 
the quotient must be four times the quotient you would get 
by dividing by 3 itself; so that you would get the true 
quotient by first dividing by 3, and then multiplying what ^ 
you would get, by 4. Division by a fraction^ therefore, 
would thus imply both division and multiplication, for what , 
is here said of the divisor f, you must see would equally 
apply to any other fractional divisor : the true quotient would 
always be got by dividing the dividend by the numerator of ^ 
the divisor, and then multiplying the result by the denomina^ 
tor. For instance, if you had to divide f by -f, you would 
first divide the f by 5 ; this would give you -jSg- ; for 2, first 
divided by 3, and the result by 5, is, in fact, 2 divided by - 
15 : but the true quotient must be 7 times the quotient -j^, 
because your trvs divisor, namely, -f, is only a seventh part 
of the divisor 5 ; therefore, the true quotient is ^^^ 7, or -H"' 
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yon thus see, tbat the quotient of one fraction by another, is 
got by multiplying the numerator of the dividend by the 
denominator of the divisor, and the denominator of the divi- 
dend by the numerator of the divisor ; or, which is the same 
thing, the quotient is got by turning the divisor upside down, 
and then proceeding as if the operation were multiplication 
instead of di^dsion. Hence the rule. 

(59.) Rule. Invert the divisor, or make numerator and 
denominator change places, and then proceed as if it were 
multiplication. Mixed numbers are, of course, to be reduced 
to improper fractions, as before. 

Note. Before inverting the divisor, see whether the 
numerators of both fractions have a common factor ; if they 
have, expunge it: see if the denominators have a common 
factor; if they have, expunge it. Remember to do this 
before applying the rule. 

Ex. 1. Divide -^ by ^. 

Here -^-"^ A = i"^ i = i ^ t = ir? ^^^ factor 6, com- 
mon to both denominators, being cancelled before applying 
the rule, because if allowed to remain, it would enter numem- 
tor and denominator of the result. 

2. Divide 5-5^ by 2i. 

Here f|-T-V = V-^V = VxA= W = m- 

3. Divide -^ of 8^ by f of f. 

First, ,VX y = V- Second, ix| = i. 

Then, V-^i= VX3= V = 7i. 

In inverting the divisor here, the denominator 1 is omitted 
as useless. If the divisor had been 3 instead of ^, the divisor 
inverted would have been \^ since 3 is -f- ; and \ would have 
been caUed the reciprocal of 3 ; the reciprocal of any number 
being 1 divided by that number : the reciprocal of a fraction 
is merely that fi-action inverted ; thus, l-f-§-= lxf = -|; 
1-^-f- = 1 X 1^ = 1^, and so on ; so that the rule for division of 
factions may be stated thus : multiply the dividend by the 
reciprocal of the divisor, and you will get the quotient. 






Exerciies. 

9. -f of 2i-f-|. of 2A. 



5. ItJ^H-IOX. 

6. 27^^. 

7. iof|-=-|. 

8. i of H^3^ 
— 7* • 3f 

NoTB. A fraction like either of the fiaetioiia yq. 'Eii. VL\& 
E 3 



10. 4i-4-|- of A of 6. 

11. IS-f-Ti^off ofi. 

12. i-^^. 
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ealled a complex fraction ; the word complex implying that 
oiae of the terms of the fraction, at least, does itself contain a 
fraction. Each of the preceding exerdses might have been 
written as a complex fraction, so as to dispense with the 
sign -T- ; and this way of indicating division is often the 
more convenient, as will be seen in the next article : before 
proceeding to which, however, it may be well to state the 
two following obvious inferences from the rules for multipli- 
cation and division in a distinct form, on account of the 
frequent application of them. 

1. When a fraction is to be multiplied by a whole number, 
the correct product is obtained, whether we multiply the nu- 
merator by the number and leave the denominator untouched, 
or divide the denominator and leave the numerator un- 
touched ; the latter way, when the denominator ia divisible 
by the number, is generally to be preferred. If the multiplier 
be equal to the denominator, the product is simply the nu- 
merator. 

2. When a fraction is to be divided by a whole number, 
the correct quotient is obtained whether we divide the nume- 
rator by the number, leaving the denominator untonched, or 
multiply the denominator and leave the numerator untouched; 
the former when practicable is generally to be preferred. 

(60.) To find what Fraction one Quantity is of another 
, Qtumtity. 

The fraction that one quantity is of another is expressed 
by writing the former as numerator, and the latter as deno- 
minator ; both quantities, if concrete^ being first reduced to 
the same denomination. 

Ex. 1. What fraction of -| is i ? 

Here we have only to divide i by -J; therefore ^xf =|; 
so that -J^ is |- of -|. 

2. What fraction of 12| is 7 ? 

= — , the fraction required. 

12| 6? ^ 

3. What fraction of £l is 7«. Sd. ? 

Beducing these to the same denomination, we have 

^=^=g; that is, 7.. M. is the ^ths of £\. If A 

had been replaced by f , the result would have come out in 
the lowest terms at once. 
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4. What fraction of 8$. 4i. is 3^. 9d. ? 
Afl4J.=^., and 9rf.=:|*., we have 3f-7-8^=V-5- V=i 
-4-|=:i^; so that 39. 9d. is -^ths of 8«. 4d. 

Exercises. 

1. What fraction of 5s. is 1«. lOd, ? 
2- What fraction of 2s. 6d. is 8^. ? 

3. Reduce 3«. 11^. to the fraction of a guinea. ^ 

4. Reduce |- of 2s. to the fraction of £1. 

5. What fraction of a yard is 2 ft. 5 in. ? 

6. What fraction of a ton is 3 cwt. 1 qr. ? 

7. Reduce ^^ of 10 minutes to the fraction of an hour. 

8. What fraction of 2-|. is •§• of 3f ? 

9. What fraction of £l^ is 7f».? 

10. What fraction of 90* is 12*» 23'^? 

1 1. What fraction of a week is 2 d. 17 h. ? 

1 2. What fraction of 1^ is -jZj. of 2i ? 

13. What fraction of 2^ is ^ of If? 

14. What fraction of £7 ISs. ^d. is £2 Us. 2\d. ? 

1 5. Reduce 3 roo. 21 po. 3 yds. to the fraction of 1 1 ac. 2 roo. 

6.po. 

(61.) Examples of Multiplication and Division of concrete 
Qzuiniities. 

Though the rules given for multiplying and dividing by a 
iraotion or mixed number apply generally, whatever the 
things multiplied or divided may be, yet as these rules have 
been actually applied hitherto only to abstract numbers, it 
may be proper to give a few examples in which concrete 
quantities are concerned. 
Ex. 1. Multiply 7s. l^d. by ii% or 12f 

s. d. s. d. 

7 lixl2 7 lixi 

12 7 



% 



4 5 6 9)49 10^ 
5 e^for-z. 

5 ei 



£4 11 Oi 



Or, since 7s. lii.=7j*.= V*-> ^^ ^^''^^ V'- X *i' = V'- X 
y =*if **-==91^.=£4 11*. Oid. The best way to mul- 
tiply by 19, is to multiply by 20 and subtract tli^m\i\\k^>ic»5i\% 
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2. Multiply 3 ton 7 cwt 12 lb. by 2 J. 

The product by J may also 

ion, cwi. qr. lb. by takins: 4- from the whole 

4)3 7 12 ^ s 

o ton, cwi, qr. i 

4)3 7 1 

16 3 



for 
for 



6 14 





24 


16 


3 


3 


1 13 


2 


6 


9 4 


2 


5 



2 10 1 



3. Divide £7 11*. 6^^. by 5^. 

This is to multiply by if, which may be done by fi 

ducing to the lowest denomination, but more easily as 1 

£. 8, d. £, s, d. 

7 11 6i Orthus:7 11 6^, to be 

20 12 + 1 = 



151 90 18 6 

12 £. 

67)98 10 0^(1 

1818 67 

4 — 

31 

7274 20 

13 

630 

21822 603 

7274 



27 

67) 94562 (141 l|f farthings. 12 

67 

4)1411+|f 324 

275 268 

268 12) 352f 

76 2,0) 2,9 4 4 



67. 

£1 9 4|+|f/. 226 

02 ' 201 



67 



25 



Exercises. 

1. Multiply £12 11«. Qd, by 12f. 

2. What is the value of -f. acre at £2-3^ per acre? 

3. Multiply 17*. S\d. by 754|. 

4. A person walks 77|- miles in 10^ hours, at what rate is 

that per hour ? 

5. Seven pieces of cloth, each containing 11|- yards, cost 

£54f , what was the price per yard ? 

6. Three persons. A, B, C, purchase property worth £625 ; 

A purchases -f-, B -I, and C the rest : what is the worth 
of each person's share ? 

7. The total amount of gold exported from San Francisco, 

in California, during the month of October, 1851, was 
6884875 American dollars; what was its worth in 
English money, an American dollar being ^ of an 
English one? ^American dollars dififer in value in 
different States.^ 

8. A person has | of a cargo, worth £900, and wishes to 

sell f of his share ; what is it worth ? 

9. A person holding \ of property worth £864 10«. wishes 

to dispose of as much of it as will produce £l60 ; what 
share will he possess after the sale ? 
30. The true length of the year is very nearly 365 days 5 
hours 49 minutes ; what is the length of the -g^ part, 
or 7 weeks, considering a week to be the 52nd part 
of a year ? 

(62.) To find the Greatest Common Measure of two or more 
Whole Numbers. 

By the greatest common measure of a set of numbers is 
meant the greatest number which will divide them all without 
leaving any remainder; a number being said to measure 
another only when it is contained in that other a certain 
number of times exactly: 3, for instance, measures 9, 12, 
15, &c., but it does not measure 10, 13, 16, &c. Of the 
Aombers 8 and 12, 4 is the greatest common measure; that 
is, the greatest divisor common to them both: 6 is the 
greatest common measure of 12 and 18, as also of 12, 18, 
and 36 ; and so on. The words greatest common measure 
toe, for shortness, replaced by the letters g. c. m. 

The chief use of a rule for finding the g. c. m. of two nnm- 
lers IB to enable us to discover with certainty t\iQ loxoeat Uttoa 
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in which any proposed fraction can be written. In the frac- 
tions hitherto considered, this object has been attained bj a 
simple inspection of the numerator and denominator, as the 
factors common to both are often sufficiently obvious to 
become readily detected by a little examination; in which 
examination the table of factors at the end will frequentlj 
be of assistance. I have postponed the general rule about to 
be given till now, because you should always endeavour to 
discover the greatest common measure in this way, without 
resorting to any such rule ; for the operation by it is some- 
times long, though not difficult, and frequently ends by 
showing that no common measure exists. Moreover, it is 
not indispensably necessary that a fraction be reduced to its 
lowest terms : factors which obmoiutlf/ enter both numerator 
and denominator should always be removed ; but when the 
detection of them requires the aid of the rule below, they 
might, in most cases, be suffered to remain, without bringing * 
any discredit upon the computer ; for the simplified result is 
seldom worth the trouble of obtaining it. It is right, how- 
ever, that you should know the rule, more especially as it 
may be applied to other purposes. 

(63.) Rule. To find the g. c. m. of two numbers, divide 
the greater by the less ; make the remainder a new divisor, 
and the former divisor a new dividend ; then make the second 
remainder a divisor, and the preceding divisor a dividend, and 
so on, always dividing the last divisor by the last remainder 
till the remainder disappears, or becomes 0. The divisor 
which thus leaves no remainder is the G. c. M. of the two 
numbers. If there be a third number, apply the rule to the 
G. c. M. of two and the third : and so on. 

NoTB. — ^You may very often stop the process before it terminates in 
this way of itself. The divisors continually diminish in magnitude, and 
on this account, though the original numbers may be too large for you to 
detect their o. c. m. without a rule, yet the smaller numbers, which form 
the several divisors, may be small enough, after a step or two, to enable 
you to see by simple inspection what the 6. c. m. of a pair of ihem is, 
and it so happens, that the 6. c. m. of any two of the divisors is always 
likewise the 6. c. m. of the original numbers. And it is strange that 
this way of curtailing the work is not expressly pointed out in books of 
arithmetic. In the first example on next page, the process is carried on 
till it terminates of itself, for the purpose of showing you all the steps in 
full ; but after the first of these steps, the remainder of the work is un- 
necessary. Your first remainder 92 will obviously divide by 2; the 
quotient 46 will also divide by 2, giving 23 ; the only difierent factors of 
92 are therefore 2 and 23. Now 161 will not divide by 2 *, but yoa.find| 
fipon irialy that it will divide by 23. Hence 23 is the o. c. ii. 



161)253(1 
161 



92)161(1 
92 



69)92(1 
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Ex. 1. Find the a. c. m. of 161 and 253; and thence 
lednee the fraction -J-fi- ^ its lowest terms. 

Proceeding by the nde, as in the 
margin, the o. o. H. is fonnd to be 
23; we infer, therefore, that both 
numerator and denominator of the 
£»otion have 23 for their highest 
oommon divisor. Dividing them, 
therefore, by this number, we find 
the firaotion in its lowest terms to 
be -^ which is certainly a mnch 
simpler form than \^, And I 
may here observe, that we can often 
form a mnch more correct estimate 
of the value of a fraction after it is — 

rednced to its lowest terms : you can form a better notion of 
7. elevenths of a thing than of 161 parts of it out of 253. 

2. Find the g. o. m. of 175 and 912. 
Here we find that the second divisor is 37, 

which obviously has no factor, unity not being 
considered as a £Ei>ctor; hence the numbers 
have no common measure, so that the fraction 
■J-ff is already in its lowest terms. 

3. Reduce ||jH to its lowest terms. 
Proceeding as in the 

12321)54345(4 
49284 



23)69(3 
69 



175)912(5 
875 

37 



margin, we arrive, after 
a few steps, at the re- 
mainder 210, a number 
whose factors, it is very 
easy to see, are 10, 7, 
and 8, the 10 being 
composed of the factors 
2 and 5 ; so that the 
6. 0. M., if any common 
measnre exist, must be 
one or more of these 
fiMstors. A glance at 
the last figure of 663 
Ao^fB that neither 2 
nor 5 can be a divisor of it, 



5061)12321(2 
10122 



2199)5061(2 
4398 

663)2199(3 
1989 

(See£iei/,p.ei.') 210 



It is easy to try 7» which is 
found not to succeed ; but 3 does succeed : hence the a. c. m. 
of the terms of the proposed fraction is 3. And thus several 
steps of work are saved. Dividing numerator and deiK^ 



88 ARITHMETIC. 

minator by 3, we have H8H = iViVt » wtich, after all, is a 
degree of simplification too trifling to be worth the trouble by 
which it has been effected ; but then this could not have been 
foreseen. The common measure 3 could haye been easily 
found by inspection. 

(64.) The truth of the rule for the a. c. M. depends upon 
two general principles; namely, 1. If one number he divided 
hy another^ every factor common to dividend and divisofy 
must also be a factor of t/ie remainder. For suppose two 
numbers, that have no factor in common, to be divided one by 
the other, and the remainder to be found : it is plain, that if 
the dividend and divisor were each to be multiplied by any 
number, 4, for instance, and the division then to be per- 
formed, we should get the same quotient as before ; but the 
remainder would be 4 times the former remainder, because 
if you subtract 4 times a number from 4 times another num- 
ber, the remainder must be 4 times as great as it would have 
been if you had subtracted without multiplying the numbers 
by 4. You see, therefore, that when a factor is introduced 
into dividend and divisor, it is also introduced into the 
remainder; so that whenever a common factor exists in 
dividend and divisor, you would be sure to find it out by 
trying all the factors of the remainder. 

2. Whatever factor is common to rem^ainder and divisor^ 
also belongs to the dividend. For the dividend is equal to 
the product of quotient and divisor, with the remainder 
added : the portion of the dividend, furnished by the product 
of quotient and divisor, has, of course, whatever factor the 
divisor has; so that if the other portion, namely, the re- 
mainder, have the same factor, it follows, that the sum of 
these portions, that is, the dividend itself, must have that 
factor. These two principles suggest the rule ; thus, referring 
to Example 1, the greatest common factor of the remainder 
92 and divisor 161, is also the greatest common factor of 161 
and 253 : in like manner, the g. c. m. of 69 and 92, is the 
G. c. M. of 92 and 161, and, consequently^ from what has 
just been inferred, the g. cm. of 161 and 253 : and, laistly, 
the G. c. M. of 23 and 69, which we see is 23 itself, is the 
G. 0. M. of 69 and 92, and, therefore, of 92 and 161, apd of 
161 and 253. 

Exercises, 

1. Find the G. o. M. of 247 and 323. 

2. Of 272 and 425. 3. Of 57 and 63. 
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4. Of 408 and 527. 5. Of 1164 and 1261. 

6. Rednce -f^ to its lowest terms. 

7. Reduce -f^ to its lowest terms. 

8. Eeduce'-^^yft- to its lowest terms. 

9. Find the g. o. m. of 6283 and 176491. 

10. A field is 1 69 rods long, and 156 rods wide : what is the 

length of the longest chain that will exactly measure 
botibi length and width ? 

11. Three persons, A, B, C, having, respectively, £323, 

JB456, and £551, lay it out in land, at the greatest 
price per acre that will allow each to spend the whole 
of his money : what was the price per acre, and how 
many acres did each buy ? 

12. Find the least number of ounces of standard gold that 

can be coined into an exact number of half-sovereigns : 
standard gold being £S 17s. lO^d, an ounce.* 



(65.) To find the Least Common Multiple of a Set of 
Numbers, 

Any number that is exactly divisible by a set of other 
numbers is called a common multiple of those others, and 
the lecut number that is exactly divisible by a set of others, 
is called the least common multiple of those others : it is, for 
brevity, expressed by the initial letters, l. c. m. 

From knowing how to find the l. c. m. of a row of numt 
bers, we can always reduce a row of fractions to others equal 
to them in value, and, at the same time, having the lowest 
possible conunon denominator ; for the lowest common deno- 
minator will, of course, be the least common multiple of the 
original denominators. Each changed fraction will have this 
L. c. H. for denominator, and therefore for numerator, it must 
have the product that arises from dividing the l. c. m. by the 
original denominator, and multiplying the original numerator 

* As a hint towards the management of this question, the learner may 
be inibrmedi that if the £^ lis. \Q^d. be reduced to half- pence, and 
tfao number of half-pence be divided by the number in 10»., the quotient 
iriU give the number of half-sovereigns and the fraction of a half-sovereign 
that can be coined from one ounce ; he will then have to And tbe lowest 
number the dividend must be multiplied by to prevent tbe entrance of a 
fraction in the Quotient. It will not be difficult for him to see that 
i^ lOv. out of the £^ 17<. \^^d, may be neglected in the work. He 
"Will find the least number of ounces to be 80, and the corresponding 
I ttimber of half-sovereigns to be 623. 
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by the quotient, becanse it is only by suob multiplication that 
tbe original numerator and denominator come to be both 
multiplied by the same number. 

Before giving you a general rule for finding the L. c M^ it 
is, perhaps, better that I should show yon, by an example, 
what appears to me to be the most convenient and obvious 
method of proceeding. Suppose the numbers 24, 10, 9, 32, 
6, 45, and 25, were proposed, we should have to discover the 
lowest number that would give a quotient free from fractions, 
when divided by any one of these seven numbers. Let us first 
divide the 24 by the 10, we shall have {4 = 2^; and as the 
fraction |- is in its lowest terms, with 5 for denominator, it is 
plain that we must take the dividend 5 times, €U leattj in 
order to render the quotient free from a fraction; so that 
24 X 5, or 120, is the least number which is exactly divisible 
by both 24 and 10. Again; ^jo = 13^ so that we must 
multiply the 120 by 3, at lectst^ to make the quotient by 
9 a whole number: hence, 360 is the least number exactly 
divisible by 24, 10, and 9. Again; V¥* = ll-J^ so that 
360 X 4 = 1440, is the least number divisible by 24, 10, % 
and 32 : we need not attend to the 6, because whatever is 
divisible by 24 is also divisible by 6 :* taking, therefore, the 
next number, we have ^ J^o =: 32^ so that 1440 is the least 
number divisible by 24, 10, 9, 32, 6, and 45. Lastly, 
ifio = 53| ; consequently, 1440 x 5 = 7200, is the L. c. M. 
t)f all the numbers. 

From this example you will be prepared for the rale I 
propose to give : it is as follows : — 

Rule. Take any two of the numbers for dividend and 
divisor. If the quotient have a fraction, reduce it to its 
lowest terms, and multiply the dividend by its denominator. 
Take the product for a new dividend, and another of the 
numbers for divisor : if the quotient have a fraction, reduce it 
to its lowest terms, and, as before, multiply the dividend hy 
the denominator : take the product for a new dividend, and 
another of the numbers for a divisor ; and so on, till all the 
proposed numbers have been used, omitting those which are 
obviously contained in any of the others, or in a dividend 
already found : the last product will be the L. c. m. 

* As 45 18 one of the g^en numbers, we might, for a like reason, hue 
neglected the 9 ; since whatever is divisible by 45 must be divisible by 9: 
or we might have neglected the 45, since whatever is divisible by 10, and 
9/ mnft obviously be divisible by 45. 
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NoTB 1. If any quotient occur without a fraction, the 
same dividend is to be used with the ne&t divisor. 

2. When in going over the row of numbers yon come 
to one which is a prime number (page 20), you should 
Bee, as you may readily do, whether this prime number be 
eontaineid exactly in any of the preceding : if it be, you are 
to <miit it, as the rule directs ; but if it be not, then you will 
know that the quotient, arising from dividing your last divi- 
dend by it, must have a fraction with that prime number for 
denominator: yon need not, therefore, be at the trouble of 
performing the division; you will merely have to multiply 
the dividend by the prime number, and then to pass on to 
the next number ; but a still better way will be, to y eserve 
these prime numbers, after having selected them from the 
entire row, and to apply the rule only to the composite num- 
bers into which the primes do not enter ; and when you have 
got the In c. m. of the composite numbers, to multiply it by 
the primes, one after another ; of course, you are to take no 
aooonnt at all of such primes as are contained in any of the 
oomposito numbers. 

JExercises. 



Find the least common multiple of 



1. 8, 12, 18, 20 
3, 9, 27, 81 
2, 3, 4, 5, 6, 7, 8, 9 



4. 24, 16, 20, 30, 25 

5. 27, 24, 15, 126 

6. 242, 748, 21, 427. 



It may be as well to remind you here, that as 6 and 8, in 
Ex. 3, contain 2, 3, and 4, these latter numbers may be 
omiited; and as 5 and 7 are primes^ not contained in any of 
the other numbers, they may be reserved (Note 2) ; so that 
yon need apply the rule only to 6, 8, 9, of which the l. c. m. 
IS 72 : therefore, 72 X 5 x 7 = 2520, the l. a m. of the pro- 
posed numbers. The following example is also one in which 
you may, with advantage, avail yourself of Note 2. 

7. Fmd the l. c. m. of 11, 12, 13, 14, 15, 16, 17, 18, 19, 
20,21. 

Here there are four prime numbers, which you may reserve 
till yon have applied the rule to the others. 

fVom what has now been said about the L. c. m. of a set of 
numbers, you can never be at a loss how to reduce a row of 
fractions to others equal to them, and having the least pos- 
aUe common denominator : as observed at the commencement 
of Art. Q5y when you have found the l. c. h. of the deiKv- 
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minators, by aid of the above directions, you wiU only have 
to divide it by the denominator of the first fraction, to get 
the number by which the numerator must be multiplied, in 
order that you may have the proper numerator of the co> 
responding changed fraction; and so of all the following 
fractions. In other books on Arithmetic, you will see mles 
for finding the l. c. m. different from that above : some of 
these may look shorter, but I think the one here given will 
be found as expeditious as any, while it is much more easy of 
proof, and of being borne in the memory. (8ee Key, |?. 61.) 



PRACTICE. 

{(^Qn) Practice is the name given to a set of operations in 
commercial arithmetic, by which the prices of conunodities 
may often be calculated in an expeditious manner. 

From the examples of these operations which I shall here 
give, you will easily see what the peculiar method called 
Practice really is; and you will, at the same time, obsenre, 
that though it does not enable you to do anything you cannot 
do already by means of the rules for compound quantities 
before taught, yet, that in many cases, both time and figoies 
are saved by replacing these rules by Practice ; and such a 
saving is matter of consideration in actual business. When 
you are familiar with the method, it will be for you to deter- 
mine, in any examj)le you may have to work, whether the 
former methods, or the method of Practice, or a combination 
of those two, be the most likely to save time and trouble. 

Ex. 1. What is the value of 48 tons, at 
£Q 10«. a ton ? 48 

Here, instead of reducing the money to 6 

shillings, and then multiplying by 48, we 

should regard the £6 10«. as 6 J, working I 

the example by multiplying the 48 by 6, 10*. | ^ 

and adding the half of 48 to the product: 

the sum is, of course, the whole product of £312 

48 by 6^, and the result comes out at once 

in pounds, without any reduction, as in the margin. The 
operation so conducted and so arranged is an operation of 
Practice. 



24 
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2. Suppose the price per ton had beea 48 
16 15*. : then, observing that 10«. is the 6 
alf of a pound, and 58, the half of 10*., the 
peration would have been as here annexed. 
lere you see, that 48 times the £6 is 10*. 
£288; 48 times the ^£, or 10«., is £24; 58. 
md as 48 times 58, must be the half of this, 
^e get the additional £12: so that the £324 
vhole sum is £324. 

You thus see, that by working examples of this kind by 
Practice, you avoid the trouble of reducing the compound 
][aantity concerned to the lowest denomination, which appears 
in it, and then of reducing the result back again. In Practice 
the highest denomination is preserved, and the lower deno- 
minations considered as Aliquot Parts, that is, exact 
measures of the higher; so that the chief thing you have 
to do, is to consider how these lower denominations may be 
most conveniently cut up into aliquot parts of the higher: 
thus, in the last example, the 15*. was cut up into 10*., the 
half of the highest unit, a £, and into 5*., the half of the 10*., 
or the fourth of the £. 

3. Suppose the price had been £6 17*. 6d, per ton : then 
the aliquot parts would have been ^ of a 
£ for 10*., ^ of 10*. for 5*., and ^ of 5*. 
for the remaining 2*. 6d, : the work would 
therefore have stood as in the margin. 
rhe fractions are put against the several 
mms into which the shillings and pence 
IT© cut up, to show what aliquot parts 
ybey are; but you must avoid the error 
>f saying you divide by ^, ^, &c., for 
you divide by 2, 4, &c., in order to get 
the half, the fourth part, &c. It is to 
prevent your falling into this error, that 
sach fraction is placed, not beside the 
iimdendy but beside the quotient. 

4. Suppose, lastly, the price were 
£6 7*. 10-^. Here you may cut up 
the shillings and pence as follows : 5*. 
is i£; 2*. ed. is ^ of 5*. ; Sd. is -^ 
of 2*. 6rf., or sod. ; and, lastly, 1^. 
is •}- of 3d. Hence the work is as in 
the margin. £306 18 



10*. 

5*. 

2*. 6d. 



48 
6 

288 

24 

12 

6 

£330 



5». 


\ 


2». 6d. 


\ 


3d. 


■h 


l\d. 


i 



48 




6 




288 




12 




6 







12 
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8d. 


* 


id. 


* 


8d. 


i 


2tL 


i 


id. 


i 



5. If tlie price bad been £6 8«. 10^., the work miglit 
hare been conducted as here an- 
nexed, from which you will see that 
there is sometimes need for a little 
reflection as to the most convenient 
set of aliquot parts. 

When you come to the bottom of 6*. 
this page you will see how, by a little Is. Ad. \ 3 4 
contrivance, the work here given in 8i^. \ 1 12 

the margin may be abridged. I give 2d* •}- 8 

you the operation in this form at flrst, ^, 4- 2 

as also that of the next example, in 
order that you may become acquainted 
with the management of aliquot parts. 

6. Find the value of 76 at I3s. ll^d, each. 

In this example, the highest deno- 
mination being shillings, the first 
aliquot part taken is that of a shil- 
ling; for the portion of the price 
equal to one shilling, the 76 articles 
would be 76*. ; therefore, for half 
that portion, that is, for the 6d.^ the 
sum is 38*. The total amount of all 
the component portions of the entire 

value is 1062*. 5d.: therefore, di- 2d.oi6d. i 12 8 
viding the shillings by 20, we have 
£53 2*. 5d* 

Sometimes you may abridge 
the work by increasing the price 
of the single article, and then 
correcting the result, by sub- 
tracting what is due to the in- 
crease: for instance, when the 
price is 17«. 6d., preceded by 10*. 1 1- 
pounds or not, you may increase — _ 
it by 28. 6 J., and then- allow for £312 
the overplus, by subtracting the 

* As noticed aboye, the operation in the margin merely shows whst 
the steps suggested by the rule of Practice really are ; but the more com- 
pletely the principles of arithmetic are taught, the more independent of 
rtdet does the learner become. He who knows these principles wellf 
need never ransack his memory for rules. The yalue of the 76 artidtt 
above, at 14*. each is 1064*. ; this diminished by 76 fiothings, or 19 pence, 
tkst li It. 7d., leayes 1062*. bd., as above. 



48 
6 

288 

16 

3 



£309. i 



76 
13 

228 
76 

988 

38 

19 

12 

4 



1062 5 

48 at £6 lOf. 
6 

288 
24 



6d. 


\ 


3d. 


i 


2d.o{6d. 


+ 


^.otSd. 


i 



PRACTICE. 



95 



48 at 1^. 1|^?. 



54s, 
£312-£2 14*.= 



jnonnt for ^£1 Ex. 3 might 
laye been worked in this way: 
>at I shall illastrato what I mean 
)y taking Ex. 5. Here we see, 
£at by increasing the price by 
[9, 1^, it becomes £6 10s. : the 
x>rrect result will therefore be £309 68, 

bond by compnting the ralue of 

18 articles at £6 10«., as at the bottom of last page, and 
subtracting from it the value of 48 at Is, 1^, 

I shall work out for you only one more example, serving 
fco show how you may sometimes combine Practice with 
Compound Multiplication to advantage: you will see that 
one part of the operation is performed by both methods. 

7. Find the value of 7cwt. 3qrs. 11 lbs., at £2 ISs, Id, per qr. 

As the price is per qr., we reduce the 7 cwt. 3 qrs. to 
31 qrs., so that we shall have to multiply the price by 31, 
and then to take parts for the odd 11 lbs. : the first of these 
operations is here given in two distinct forms. 



£. s. cL 
2 13 1x1 
10 



£. s, 

31 at 2 13 



26 10 


10 
3 


79 12 
2 13 


6 

1 


£82 5 


7. 



10*. 
2s 6d. 

ed. 
Id, 



62 

15 10 

3 17 

15 

2 



d. 
1 

7 lbs. I 
4 lbs. 



£. s, 

2 13 



13 

7 



3i 

7 



£1 lOi 



7... for 31 qrs. 



.£82 
1 



5 7 

lOifor lllbs. 



£83 6 5^ the value sought. 



Of the two ways of finding the £82 5s. 7d,y the first is to 
be preferred as the easier. 

NoTB 1. It is worth while to observe, that whenever the 
price of a number of articles at an even number of shillings each 
is to be computed, the shortest way is to take only half the 
number of shillings, to multiply the given number by this 
balf^ and put down the dotible of the first figure of the pro- 
duct for shillings^ the remaining part of the product will be 
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pounds : tlius, if you have to compute the 

value of 123 articles at 18^., the work is 123 at ISi. 

comprised in only the few figures in the 9 

margin. By doubling the first figure 7 

of the product, for shillings, and not £110 14«. 

doubling the other figures, you get the 

same result as you would do if you were to multiply by 9 
and by 2, and were then to divide the resulting number of 
shillings by 20, as is sufficiently obvious. 

Note 2. It may also be noticed here, that in the purchase of some 
kinds of goods, certain commercial allowancea are made for the packages, 
chests, &c. containing them, as also for waste;, and these allowances are 
deducted from the gross weight. The deduction for the package is called 
taret and is generally at so much per cwt. This deduction is made first 
The deduction for waste, which is made next, is called tret^ and is an 
allowance of ^, or ^^ of i^ of the weight, when diminished by the tare. 
Besides these, a trifling allowance is sometimes made to retailers, for what 
is called " the turn of the scale ;" it goes by the name of cloff. The 
amount of these deductions may always be computed by Practice ; and no 
special directions are necessary for executing the work : the deductioni 
being made, the result is the net weight. 



£. s, d. Exercises,* £. ^. J. 

1. 37 at 2 16 6 

2. 41 at 3 17 8 



3. 79 at 5 11 7 

4. 83 at 6 3 6^ 

5. 133 at 1 13 ^ 



7. 243 at 2 4 7i 

8. 317 at 4 3 9| 

9. 353 at 7 18 4^ 

10. 417 at 3 9 2| 

11. 358 at 6 11 5\ 

12. 519 at 7 19 lOf 



6. 211 at 3 9 5| 

13. 4 cwt. 2 qr. 5 lb. at 16*. 4id, per cwt. 

14. 2 cwt. 1 qr. 13 lb. at £1 13*. 9J. per cwt. 

15. 38 yds. 1 ft. 7 in. at £2 3*. I^d. per yard. 

16. 17 yds. 2 ft. 8 in. at 13*. S^d, per foot. 

17. 7 oz. 11 dwt. 18 gr. at 3*. S^, per oz. 

18. 14 weeks 3^ days at £l 12*. Qd. per week of 7 days. j 
19.3 months 3 weeks 3 days at £l 3*. 1 Qd, per week of 6 days, j 

20. 127 ac. 3 roo. 37 per. at £3 6*. %d, per acre. 

21. 17 cwt. 3 qr. at £5 5s, per ton. 

22. 86 lb. 3 oz. 15 dwt. 1 8 gr. (troy) at £4 16*. 4^d, per oz. 

23. The Sydney Morning Herald (Aug. 1851) reports, that 

gold to the amount of from £5000 to £ 1 0000 reaches 
Sydney, in Australia, daily, from the gold fields: 

* In working these exercises, the results are to be brought out to the 
neareit &rthing, and are not to be encumbered with fractions of a farthing. 
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£B 8*. ^d. per ounce Las been olfered for all the gold 
Oovernmeut might receive daiiug two months: among 
the i-ecent arrtvals from Ophir was a himp weigbiog 
51 oz. I5dwt ; what would be the price of it at the 
above rate I 

The number of acres growing hops in England, in 1830, 
was 4312?: the duty on these waa at the rate of 

£9 17^, per acre: required the whole amount of duty? 

In the year ending Jan. 5, 185J, 2623656 gallons of 
^irita were imported into England from Scotland, and 
828138 gallons from Ireknd; the duty paid on the 
transfer was 7a\ IQd. per gallon: what was the whole 
amount of duty ? 

The prices paid at St. Thomas's Hospital, London, for 
beef and mutton during the year 1850, were for the 
former 2#. 8d. per stone, and for tlie latter Ss* 4d. per 
stone: how much was paid for 13 cwt» of each ? 

The average pay of the crew of a foreign -going trading 
vessel is as follows: captain, £lO per month j mate, 
£5; second mate, £2 15*,; carpenter, £4; able sea- 
man, £2 5*. The number of able seamen is 2 to every 
hundred tons registered ; wlmt is the pay of the com- 
pany of a ship of 8 (JO tons for 107 days, allowing 30 
dskjB to the month ? 

Every person in Great Britain wto receives ai* annual 

» income of £150, or more, must pay an income-tax of 
7d. in the £ ; what amount of tax must a person pay 
whose income ia £2625 1 

The dearest yc;ir for provisions ever known in England 
waB the year 1813 ; the contriict price of butchers' meat 
paid bj Gfovernment for the supply of Greenwich Hos- 
pital was then £4- &8. per cwt» : as the average charge 
for beef and mutton in 1 850 waa 3*. per stone, calculate 
the reduction in price per cwt. and per stone. 

The i^uautity of wheat sold in the United Kingdom in 
1850 was 4688246 quarters; of barley, 2235271 qnsir- 
ters ; and of oats 866082 quarters: the average prices 
for the year were, wheat, 40m. 3d. per quarter ; barley, 
23*. 5d* per quarter ; and oata, 16r. 5d. per quarter; 
what sum waa received for the whole ? 
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(67.) FouB <|iuknti-.uc mre aid to be in P'^'P^'^^I^ 
the first coataioj the seerkod as udt timei tiftd ptft8«*|^^' 
time. MS the thinl rootaim tbe fooitii, or wkea the oonpi 
quotient of the first, dirideil hj the ceeond, i^ ^.Ifja 
aUtnct nnmber u tbe complele qnotieot of the third ^wlfT: 
bj the fonrtL* V^ 

(68.) The Gompltrte quotient aiiiin^ ham diriding one <p^ l*^: ' 
tit J bj another of the same kind is called the ratio of the foO* I^'^' 
to the latter : thos the ratio of 6 to 3 is 2 ; the ratioof M 
2 is 3 ; the ratio of 7 to 4 is 1 j ; and to on. Mati^ is Ai 
onlj another name for guoiieni : the first ierm of the lA 
that is the diridend, is called the anteeedfmi : and the ^ 
term, that is the divisor, is called the conseqmemL Wlici) 
therefore, four quantities are said to be in proporti(m,crto 
form a proportion, vou are merelj to understand, thit i^ 
ratio of the first to the second is the same as the ratio oftlifl l"^. 
third to the fourth ; in other words, that if yon were to difide 1^ 
the first by the second, vou would get the same complete 
quotient, as if you were to divide the third by the fouith. 
For example, the four numbers, 12, 2, 18, 3, form a propor- 
tion, because the ratio of 12 to 2, namely 6, is tbe same u 
the ra4|o of 18 to 3. Instead of saying in words thai theie 
four numbers are in proportion, it would be anflkient to 
write them in a row, with dots between them, as follows: 
12 : 2 :: 18 : 3, which would be read, 12 tt to 2, a# 18 (o 
3; OT^ as 12 it to 2y 90 is 18 to 3. You see that tbe two 
dots which separate the terms of each ratio, difier from the 
sign for diyision (-^) only by the little mark between them; 
and, in fact,* the notation just employed is only the same as 
12-7-2 = 18-^3, and you may always regard a proportion in 

* Tbe learner will observe, that I say here the stams «Mr«e# moRliri 
because a ratio, impljing the relation of one quantity to another with 
respect to the magnitude of them, can exist only between qoantideg of the 
same kind. It has already been seen (page 62), that dwisiom and qwh 
tisntf nnlike multiplication and prodmet, are terms that are used in 
different senses : we are said to divide a concrete quantity by 4, when we 
take the fourth part of that quantity ; which fourth part we are aocm- 
tomed to call the quotient. If division were restricted to mean the finding 
of how many times one quantity is contained in another, the operadon 
just noticed would be excluded ; the term quotient is to be undentood in 
this nstricted seDse when used for ratio. 
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this liglit ; indeed, yon will often find the tenn proportion to 
he briefly defined as " an equality of ratios" or qtwtients. 

(69.) I think, from this explanation, you clearly see the 
meaning of ratio^ as applied to two numbers, and of propor^ 
lion, as applied to four ; that if two numbers were proposed, 
you could tell the ratio of the first to the second ; and that if 
four were proposed, you could find out whether they were in 
proportion or not : thus, if the two numbers 24 and 6 were 
proposed, you would know that the ratio of the first to the 
second is 4 ; that the ratio of 8 to 2 is also 4 ; and you would 
thus infer, that the four numbers,. 24, 6, 8, 2, are in propor- 
tion; or, that 24 : 6 :: 8 : 2. Again; the ratio of 17 to 4 
is df, so that the four numbers, 24, 6, 17, 4, are not in pro- 
portion ; the ratio of the first to the second being greater than 
the ratio of the third to the fourth. In like manner, the ratio 
of 6 to 8 is f or -I; and the ratio of 15 to 20 is ^ or -1; 
therefore, 6 : 8 :: 15 : 20; also, 6 : 8 :: 3 : 4. When 
you have once got an antecedent and consequent, that is, the 
two terms of a ratio, you can easily get another antecedent 
and consequent, that is, two other terms, in the same ratio ; 
and can thus form a proportion, haying the given antecedent 
and consequent for the first two terms of it: suppose, for 
instanoe, you had 6 and 8 for antecedent and consequent, and 
you wanted a proportion in which 6 and 8 should stand first ; 
you have only to remember, that the ratio of 6 to 8 is ex- 
pressed by the fraction |-, and that numerator and denomina- 
tor of a fraction may be multiplied or divided by any number 
yon please, in order to get as many other suitable pairs of 
numbers as you choose : thus, since ■J = f = i4 = "4f = 4^» 
&e., you infer at once that all the following are proportions, 
namely, 6 : 8 :: 3 : 4; 6 : 8 :: 12 : 16; 6 : 8 :: 30 : 40; 
12 : 16 :: 36 : 48; and so on. And whenever you have 
two fractions equal to one another, you may always convert 
the eqwdity into a proportion^ and say, the numerator of the 
first M to its denominator, as the numerator of the second to 
its denominator ; or, instead of saying numerator is to deno- 
minator, you may, if you please, say denominator is to nu- 
merator, because if two fractions are equal, the equality 
lemaiiis, though we make the numerator and denominator 
of each change places; and it is because of this, that in 
any proportion we may make the antecedent and conse- 
qnent of each ratio change places : thus, since it is true, that 
3 : 7 :: 9 : 21, it is also true, that 7 : 3 :: 21 : 9 ; and 

f2 
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since 3 : 7 :: 1^ : 3^, so also 7 : 3 :: 3^ : 1^; you, of 

3 li . 

course, see tbat — = — i, since the latter fraction arises from 

7 3? 
dividing numerator and denominator of tbe former by 2. 
From ail this, it appears, that a proportion may altcat/s be 
converted into a pair of equal fractions, and a pair of equal 
fractions into a proportion : tbe word fraction being here 
used in its widest sense, and applying to every quantity 
expressed in a fractional form. By thus replacing a pro- 
portion by two equal fractions, many properties of proportional 
quantities may be easily deduced; I shall here notice only 
two. Since 

first term third terra fourth term second term 

second term fourth term' third term first term 

. ^ 11 ,1.1. ,1 . second term _ . _ 

it follows that fourth term = „ ^ ^ X third term, 

first term 

a property which indicates to us how we are to find tbe 

fourth term of a proportion, when only the first, second, and 

third terms of it are given. Of these three terms, the first 

two, that is, the first antecedent and consequent, must always 

be quantities of the same kind; I mean, that both of them 

must be either abstract numbers, or both of them concrete 

quantities, belonging to one class of quantities : if the first 

term, for instance, be money, the second must be money; 

if the first be time, the second must be time; and so on. 

You must see the necessity of this from the very nature of 

ratio, as defined at the beginning of this section ; it is the 

number of times the antecedent, or first term of the ratio, 

contains the consequent, or second term ; and therefore ratio 

is always an abstract number, 

(70.) This you must be careful to bear in mind, else you 

will run the risk, in finding the fourth proportional, as it is 

called, to three given concrete quantities, of committing an 

absurdity at every step of your work, though you may bring 

out the correct result. I have shown to you above, now the 

fourth term, or fourth proportional, may always be found in 

an unobjectionable manner; you there see that you are to 

divide the second term by the first, and to multiply the third 

term by the resulting abstract number: you will thus get 

the sought fourth term, and always in the same denomindh 

turn as the third term. If the terms of both the equal ratios 

oonstituting the proportion, or if the terms of only one of 
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these equal ratios, were abstract numbers, tben vre luigUt 
deduce from the general property above j this other particular 
property, Daiuelj, 

first terra X fourth term = second term X third term ; 
or, that the pr&ducl of th& extremes is equal to tkai of the 
Tfiemts j a statement which, you see, wouhl bo absurd^ if the 
first and fourth, or the second and third^ were both concrete 
quantities- 

{71-) If the first and second of the three giiran terms of a 
proportion were always* abstract numbers, then, from what 
has just been shown, we could find the fourth term by mul- 
tiplying the sec4>nd and third together, and dividing by the 
firsts or cutting the product up into as many equal parts as 
there are units in the fir^t term : and this woultl, in general, 
be an easier way of g^etting at the fourth term, than hy 
dividing the second term by the first, and then mtiltiplying 
the third term hy *.he quotient^ as directed above* Now I 
wisb you particularly to observe^i that we may always proceed 
in the latter easier way, even when the first aod second terms 
are concrete. You know you canuot divide one concrete 
quantity by another, till both are brought to the same deno- 
mination : having done this, your quotient is an abstract 
number ; — the very same abstract number tliat you would get 
if the common denomination of dividend and divisor were 
wholly disregarded, and the division performed on the ab- 
stract numbers simply* In the case, therefore, of the first 
and second terms of a proportion being concrete quantities, 
all you have to do is to reduce these quantities to the mme 
denominafwn / then, leaving denomination altogether out of 
consideration, to en^ploy only the resulting abstract numherM^ 
whicb you see may aUays be put instead of the quantities 
themselves: for the ratio, or quotient^ remains unaltered, 
whether the denomination (or the concrete unit) be preserved 
or suppres^d. 

(72,) What is called the Rule of Three, or the Eule of 
Simple Proportion, is merely the method of finding the fourth 
term of a proportion when the first three are given* la most 
of the questions coming under this rule, the three given 
quantities do not occur in the order in which you would write 
them as three of the four terms of the proportion: in the 
question you will usually find that the quantities which stand 
first and third must stand first mid aecond, or second and first^ 
when armnged as terms of a proportion ; the following, for 
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instance, is such a question: If 3 lbs. of sugar cost 16i</., 
what will 10 lbs. cost? Here, it is plain that the 3 lbs. and 
the 10 lbs. must bear the same relation to one another, that 
is, must have tlia same ratio, as the price of the 3 lbs. to the 
price of the 10 lbs. Hence the Hating of the question, as it 
is called, would be: 3 lbs. : lOlbs. :: I6^d.; or, suppressing 
the common denomination, lbs., of the terms of the first latio, 
3 : 10 :: IQ^cL As the third term here is pence, the want- 
ing fourth term, which is to complete the proportion, must 
also be pence. It is found agreeably to what is said abore, 
by multiplying the le^d. by the 10, and dividing the pro- 
duct by the 3 ; that is, it is ^ ' = 55d. The general 

rule for all questions of this kind is as follows : — 



(73.) Rule of Three, or Simple Proportion 

Rule 1. Write down the three given quantities as the first 
three terms of a proportion, taking care that the third term is 
a quantity of the same kind as the required fourth term ; and 
according as this fourth term is to be greater or less than the 
third, so let the second term be greater or less than the first. 

2. Having thus stated the question, reduce the first and 
second terms to the same denomination, if they are not 
alieady the same as well in denomination as in kind; and 
then, disregarding the denomination, consider the first and ' 
second terms to be abstract numbers, divide them by any 
number that will obviously; divide both, and use the qnotient$ 
instead; which, as they will be smaller numbers, may in 
general be more easily worked with. 

3. Multiply now the third term by the second, and divide 
the product by the first term, and the quotient will be the 
answer, or fourth term of the proportion ; and it will be in 
that denomination, whatever it be, in which the third term 
was used. 

(74.) Note 1 . It may be proper here to remind you, that the 
first and second terms of a proportion may be regarded as the 
two terms of a fraction ; and the third and fourth terms as 
the two terms of another fraction equal to the former. It is 
by viewing an antecedent and consequent in this light, that 
we perceive our right to divide both by any number we 
please; and farther, that according as the first term of a 
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proportion is greater or less than the second, so must the 
third be greater or less than the fourth. This fact will be a 
sure guide to the correct stating of a Rule-of-Three question. 
A Uttle attention to the question will always enable you to 
see whether the fourth term you seek ought to be greater or 
less than the third, which is given ; so that you need never 
&11 into the mistake of putting that term first which ought to 
he second. 

NoTB 2. As the fourth term or answer to the question is 
always got by multiplying the third term by the second, and 
dividing the product by the first, using the first and second 
as i^bstract numbers, you may regard the work as indicated 
by a fraction^ of which the numerator is the product of the 
third term by the second, and the denominator the first term ; 
and as you may divide the numerator and denominator of a 
fraction by any number you please, you may obviously divide 
not only the first and second, but also the first and third of 
the terms, by any number that will really simplify them; 
and may work with the simplified results instead of with the 
terms tiiemselves ; but you must be careful not to take this 
liberty with the second and third terms. An example or 
two will make you familiar with the process. 

Ex. 1. If 8 articles cost £21 4«., how much will 26 cost? 

Here the fourth term of the 
proportion, that is, the answer 
to the question, must be money ; 
we therefore make money the 

third term ; and as the required 

fourth term must evidently be 424 

greater than the third, we take 13 

care that the second term is 

greater than the first; and 1272 

therefore state the question as 424 

in the margin. We now look . 

at the first and second terms, 4)5512 

and readily see that both will 

divide by 2; we therefore re- 2^0)137^8*. 

place 8 : 26 by 4 : 13 ; and as 

£21 4ft is not easily multiplied Ans. £68 \%8. 

by 13, we reduce the compound 

quantity to the denomination shillings before using it; we 
then multiply the shillings thus obtained by 13, and divide 
by the 4, as the rule directs. We thus find that the fourth 





£. a. 


£. B. 


8 : 26 : 


: 21 4 


: 68 18 


4 : 13 


20 
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term of the proportion, or the answer to the question, is 
£68 I8s. ; and we make the original stating complete by 
inserting the fourth term, now found, in its proper place. 
The work would have been a little easier if, instead of first 
multiplying by 13 and then dividing by 4, we had first 
divided by 4 and then multiplied by 13; but if, after having 
replaced 8 : 26 by 4 : 13, we had divided the first and third 
terms by 4, the work would have been easier still ; for the 
stating would then have been 1 : 13 :: £5 6«., and we 
should have got the answer at once, by multiplying £5 6$, 
by 13, which of course is easily done; the first term being 1, 
no division is performed. I 

2. If 19 cwt. of sugar cost £57, how much may be bought 
for £111? 

Here the answer must be weight ; £. £. cwt. cwt 
we therefore put the given weight 57 '. Ill :: 19 : 37 
for the third term; and as the re- 
quired weight is greater than the 
given weight, of the other two given 
quantities we take care to ])ut the 
greater second ; the stating is there- 
fore as in the margin: and as we 
easily see, that instead of 57 : 111 19) 703 (37 cwt. Ans. 
we may put 19 : 37, we accordingly 57 

use this simplification. As 19 times 

37 is the same as 37 times 19, we 133 

find the product in the former way 133 

for convenience. But you see there 

was not, in reality, any occasion for multiplying at all ; for 
dividing the first and third by 19, the stating becomes simply 
1 : 37 :: 1 cwt. : 37 cwt.; so that the answer is got at once. 

From the remarks appended to the two examples here 
solved, you cannot but perceive the advantage of a little 
preliminary examination of your stating before you begin to 
apply the' rule. The work given at length in the margin is 
intended more for your avoidance than for your guidance in 
similar cases. A little thought and ingenuity on your part 
will often do more for you than all the rules of arithmetic. 

3. What is the yearly rent of 47 ac. 3 roo. 21 per. at 
£l 4«. ^d, per acre ? 
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Here the mo- per. ac. roo. per. £. s. d, £. s. d, 

nev must be the 160 : 47 3 21 :: 1 4 6 : 58 13 1^ 

third term, 1 80 4 12 3 

acre or 160 per. 12 

the first, and 

the other qnan- 40 147^. 
tity the second. 
Tms latter must 
be reduced to 
perches, in or- 
der that the first 53627 
two terms may 30644 
be of one com- 7661 

mon denomina- 

tion, the com- 8,0)112616,7 

mon denomina- 

tion (perches) 12) 14077^ 

being disre- 

garded after the 2,0) 117,3 Id. 
reduction. Pre- 




viously, how- £58 13*. 1^^^. Ans. 

ever, we may 

simplify the first and third terms, by taking only the half of 
each. This done, the money, for convenience of multiplica- 
tion, is reduced to pence, and the work stands as in the mar- 
gin. The yearly rent is thus found to be £58 13*. Id, ; the 
fraction, which is only about one-third 
of a farthing, being disregarded. days. days. 

4. If 37 workmen can complete 57 : 37 :: 241 • 156|f 
a piece of work in 241 days, in 
how many days would 57 men 
finish it ? 

As the answer is to be days, 
241 days must be the third term ; 

and since the greater the number 57)8917(156|-f 

of workmen the less the time, the 57 

answer must be less than 241 —^ 

days; therefore the first two terms 321 

must be 57 : 37 ; and the work as 285 

in the margin, the number of days 

being found to be 156ff days. 367 

342 

Fd 25 
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5. The follow iDg is an example in fractions : If 1 J cwt of 
lead cost SQ^s, what will 3 j- cwt. cost ? 

Here, if we multiply the first 1^:3^:: 86|#. : 9S^t. 
and third terms by 8, we shall 10 : df :: 291«. 
get rid of the fractions in those 291 x 17 _ __ 

terms, and the stating will then 5 x 10* — ^^t5*— 
be as in the margin. The second £4 igg, 11^. 

term, reduced to an improper 

fraction, is V ; hence, multiplying the 291*. by this, and 
dividing by the 10, we find the answer to be 98)^. 

JExercises, 

1. If 17 lbs. cost 11*. 7d,, what will 23 lbs. cost? 

2. If 9 lbs. of tea cost £l 18*. Qd., what will 1 cwt. coat? 

3. What is the price of six cheeses, each weighing 52 fibs., 

at B^d, per lb. ? 

4. If 28 persons reap a harvest in 36 days, how many will 

be required to reap it in 21 days? 

5. If a garrison of 1000 soldiers have provisions for 9 

months, how many must be dismissed in order that the 
provisions may last 15 months? 

6. A besieged garrison has 5 months' provisions, allowing 

12 oz. a day for each man, but finding that it must hold 
out for 9 months, how much must each man have per 
day to make the provisions l^t ? 

7. What must be paid for 1 cwt. 3qr. 17 lb. of wool, at 

7*. id. per stone of 14 lbs. ? 

8. If 1787 cwt. 2qr. of lead cost £907 10*., what is that 

per fother of 19^ cwt. ? 

9. If the entire rent^ of a parish amount to £2500, and a 

poor-rate of £112 2*. is to be raised, what must a 
person pay whose rental is £525 ? 

10. If five-eighths of a ship be worth £525, what is the 

value of three-fourths of three-sevenths ? 

11. In a single mass, weighing 3 cwt., found in July 1851, at 

about 50 miles from Bathurst, in Australia, there were 
discovered to be 106 lbs. of gold ; what would this fetoh, 
at the rate of £3 6*. Sd, per ounce ? 

12. From Sept. 29, 1850, to Sept. 27, 1851, there died of 

the population of London, within the walls of the ^ty, 
2978 persons, giving about 23 deaths for every 1000 
persons living at the latter date : what was the amount 
of population of that part of London in Sept. 1851 ? 
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13. From 1 lb. of standard gold, 44^ guineas nsed to be 

coined: how many sovereigns are now coined ont of 
the same weight ? 

14. 1 lb. ayoirdupois is heayier than 1 lb. troy; for 144 lbs. 

avoirdupois are equal to 175 lbs. troy : what is the troy 
weight of 1 lb. avoirduyois ? 

15. The imperial gallon contains 12 lbs. 1 oz. 16 dwt. 16 gr. 

troy weight of distilled water : how many pounds avoir- 
dupois does it contain ? 

16. At what time between 7 and 8 o'clock are the hour and 

minute hands exactly in opposition, or in the same 
straight line ? ♦ 

17. At what time between 5 and 6 o'clock are the hour and 

minute hands exactly together ? 

18. Eleven Irish miles are equal to 14 English miles: what 

is the length in English miles of a road which measures 
57 Irish miles ? 

19. A ream of paper contains 20 quires, and a quire contains 

24 sheets : what would be the cost for paper for 2500 
copies of a book containing 7f sheets, at 15s, 6d, per 
Team? 

20. The average price of wheat for the year 1830 was 64«. Sd, 

per quarter; and for the year 1850 it was 40*. Sd, : the 
sixpenny loaf in the latter year weighed 4 lb., what did 
it weigh in 1830? 

21. The shadow of a cloud was observed to move 36 yards in 

5 seconds : what was the hourly motion of the wind ? 

22. If a person pays £22 78. 5d, for income-tax, at the rate 

of 7d, in the £, what is his income ? 

23. There are 18 dwt. of alloy in lib. of standard silver; 

this 1 lb. is coined into 66 shillings: how much pure 
silver is there in 20*. ? 

24. What was the weight of the £275000 taken in silver 

coin at the doors of the Great Exhibition of 1851, in 
tons, cwts., &c. avoirdupois ? 

* In order to work this exercise, the learner must remember that the 
ninute-h&nd moves 12 times as fast as the hour-hand, so that while the 
short-hand goes over any space, the long-hand gains upon it 11 times 
tiiat space. Now^ it is plain, that under the conditions of the question, 
the gain of the long-hand will be 1 hour-space, the space from XII to I ; 
and it is required to determine what advance the short-hand must make 
to allow of thii} gain, the space gone over by the short^hand being ahoays 
to the gain of the long-hand as 1 to 11. By the same considerations the 
nsKt questioa may be easily answered. 
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I^For additional exercises in tbis rule, the learner may take 
the examples already given under the head of Practice.^ 



(75.) Double Eule op Three, or Compound Proportion. 

The Double Rule of Three is so called, because it implies, 
at least, two single Rule-of-Three statings, every question 
coming under this rule being resolvable into, at least, ttoo 
questions, each of which may be worked by the single Rule 
of Three. This will be best understood by an example. 

Suppose 6 men can mow 9 acres of grass in 4 days, how 
many men will be required to mow 27 acres in 3 days ? 

This question may be divided into two, thus : 1st If 6 
men can mow 9 acres in 4 days, how many men can mow the 
same in 3 days ? Here, 3:4 : : 6 men : 8 men. Conse- 
quently, 8 men can mow the 9 acres in 3 days. 

2nd. If 8 men can mow 9 acres in 3 days, how many will 
be required to mow 27 acres in the same time ? Here, 
9 : 27 :: 8 men : 24 men. It is plain, therefore^ that the 
answer to the question is 24 men. 

In the first of these proportions, the fourth term is got by 
dividing the third term (6 men) by the ratio 3:4; that is, 
by multiplying by the fraction -J: in the second, the fourth 
term is got by dividing what has just been found (8 men) by 
the ratio 9 : 27 ; that is, by multiplying by the fraction y . 
The answer to the original question is, therefore, obtained by 
dividing the third term in the Jirst stating by the product of 
the ratios 3 : 4 and 9 : 27, that is, by 3 X 9 : 4x27, or, by 

4x 27 

multiplying by -- — — . The product of two ratios is called 
3x9 

their compound ratio^ and this is why the Double Rule of 

Three is called also compound proportion ; and examples in 

it are usually worked, not by working with the several ratios 

singly, as above, but by taking the compound ratio, at once. 

In this way, the stating of the above question would have 

been written as follows . 

q . A\ 

^ ; 27 r •• ^ °^®°' *^** is 3x9 : 4x27 :: 6 men; the 

4 X 27 X 6 
fourth term of which proportion is — - — - — men = 4x3x2 

= 24 men. There are sometimes more than two simple 
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f TatlckB to he compounded : tlius^ in tiio present example, it 
might have been a condition, that the 4 days occupied in 
mowing the 9 acres were 8 hours long, and that tl^e days 
occupied in mowing the 27 acres were to be 12 honrg long; 
then, U3 the longer days would require fewer men, a third 
ratio would have beeu 12 ; 8 ; ao that only -j^ or f, of 24 
mea would have sufficed; that is, l*i men. 

I think you will now be prepared for the following general 
Tttle for all qnestions of this kiud. 

Rule 1. As in the Single Rule of Three, put, for the 
third term, that one of the given quantitie;a which is of the 
same kind aa the quantity aougUt. - 

2, Then, selecting any pair of the remaining qnantities, 
like in kind, complete the stating, just as if tliese three were 
the only quantities giiren in the question, disregarding all the 
others. 

3, In like manner, take another pair, like in kind, from 
" the given quantities, and place them under the former pair, 

and BO on, till all the pairs are used ; two dots, to signify 
ratio, being put between the terms of each jialr ; and these 
terms being arranged, as to first and eecond, just m you 
would arrange them if they and the third tenu were the only 
quantitiea concerned, 

4, Multiply the third term by the product of all tlie con- 
sequents of these natlos, and divide the result by the product 

J of all the antecedents : the qnotietit will be the answer. 

I Note. The terms of each of the given ratios, together 

j with the common tbird teim, may he reduced, when possible, 
to smaller numbers, just as if they were the three terms of a 

[simple Rule-of-Three stating; or the multiplications and 
divisions, implied in the rule, may he indicated by tlie signs 
for these operations j sind factors, common to multipliers and 
divisors, struck out before the operations are actnally per- 
formed ; the factors thut may be struck out, will often be 
discovered, by merely inspecting the simple ratioa as they 
&tand : thus, in the example worked above, the stating 

■ 27 f " ^ ' ^^^ ^^ replaced by ^ ; ^ I ;: 2 : ; there- 
fore, 1 ; 12 :: 2 ; 24. It is plain, that a factor common to 
owy antecedent and a consequent, may always be stmick out^ 
siQce the consequents are all so many multipliers, and the 
antecedents so many divisors. 
Ygq will, of couTftfir nndersUod, that what is c^ed tha cotumon Ihird 
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i \n a double rule-or^tbree itatitif , ii not ih& tLird lerm oommau U 
m^h of the BJrigle rule -of- three jitatinp, into which the fortner may ha 
decompoBed ; nlthoui^h in arnm^ing the ttrm^ of each pair of component 
t!iti08p yon are guided as lo whtther the greater or the Ic^s sUouJd ha 
plBMd firsts just Q« if ihw third term were that of the corresponding 
single rule-of-tbreo itating ; jou may ensilj convince yonmelf tiiat yon 
can nearer he milled into a wrong di^po^l of the first two terms by iLqb 
consulting tho third term. In the second single mte' of- three j^tBtingt the 
true third term Is that which actuaLly appears multiplied by a fractiont so 
that the tnae fourth term would be the fourth term corresponding to tfee 
third which actually appears timUi plied by the same fraction ; and it ij 
plain^ that accordiD^ as one qoaotity is greater or less than another, io 
will any fraetion of the former be greater or less than rbat fraction of the 
Ifttter ; eonseqaently, in inquiring whether the third or fourth term be Ibe 
greater, the fractionjil muliipliers may be disregarded. 

Ex- 1. If 12 boraes plimgh 11 acrea in 5 dajs, howmaTiy 
liorsef^ would plmigli 33 ftcres in 18 daya? 

Here, as the answer ia to 
give the Dumber of /lorse^^ we 
put borses for the common tbird 
term ; aod, disregarding days, 
just aa wo should do if the 
n amber of daya were tbe same 
in both caises, we consider 
merely the acres ploughed; 
and aa more horsea are retjuired 
for 33 acres than for 11^ the 

first ratio ia 11 : 33. Again; returning to tlie question, 
now disregard acres, and consider only daya ; aod as fewer 
lioraes are required for 18 days than for 5 days, the eecond 
ratio is 18 ; 5 ; hence the work stands as in the nvargiQi 
The common factor 11 is struck out of 11 : 33, and the 
common factor 6 out of the first and third terms, IS and 12 ; 
and, lastly, the common factor 3 ia struck out of the con- 
sequent in the first ratio, and the antecedent in the second 
with these eimpllfications, the work ia reduced merely to the 
muUiplicfttiou of 2 by 5, 

You will, of course, observe that the dettominafion^ com* 
mon to the first and second terms of each of the given ratioi 
is wholly disregarded in the work, the abatra.ct numbers alow 
being used. 

2. If 15 men, working 12 hours a dity, reap 60 acres t) 
1 $ days, in what time would 20 women, working 1 honra a 
day, reap 98 acres ; 7 men being ahle to do as much work as 

women in the same time ? 



11 : 
18 : 


33 ) , 
or 


: 12 


> 
* 


1 : 
3 : 


or 


: 2 : 




1 : 


1 I 


hur. 


hor. 


1 : 


5h 


I 2 : 


10. 



fewer ■ 



le 

I 



20 : 15^ 
10 : 12 
60 : 98 
7 : 8^ 
15x12 


days. days. 
>■ :: 16 : 26f| 

X98x8xl6 


20x10x60x7 "■ 
3x7x16 ^ 
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Ab tlie anerwer here is to be days, we put the given number 
of days for our third term ; then 
i^arding the number of workers 
only, just as if all the other eon- 
ditiona were the same, our first 
ratio is 20 : 15, because 20 workers 
is to 15 workers as 16 days to a 
l$99 number of days; next con^ 
sidering only the number of hours, 
IMS if these alone varied, the second 
ratio is 10 : 12, as there must be 
a greater number of 10-hour days than of 12-hour days, and 
our answer is to be in 10-hour days. Again, taking the acres 
only into account, the next ratio is 60 : 98 ; and, lastly, the 
fratio of a man's time of doing any amount of work to a 
woman's is 7:8. Hence the complete stating is as in the 
margin. The factor 15, as also the factor 4 in the 12, may 
be struck out from the numerator, and at the same time the 
factor 60 from the denominator. Again the factor 7 may be 
struck out from 98 in the numerator, and the same factor 
suppressed in the denominator ; we shall thus have the re- 
duced form, — : . Lastly, strikinff out the factor 

20x10 ^ ^ 

4 from the 8 and the 20, and the factor 2 from the 14 and 

the 10, we have finaUy the fraction _i^iil^= 26 1|. It 

5x5 

usually occupies less space to work our way to the final result 

in this manner, than to reach it by successive simplifications 

of the original stating, as in Ex. 1. That example treated in 

33 X 5 X 12 
this way, would give at first the fraction ; which, 

by striking out common ^tors, becomes simply 5x2 or 10. 

Exercises. 

1. If 14 horses eat 5Q bushels of oats in 16 days, how many 

horses will 120 bushels keep for 24 days? 

2. If a person walking 12 hours a day travel 250 miles in 

9 days, in how many days of 10 hours each could he 
walk 400 miles, at the same rate ? 

3. If 12«. be paid for the carriage of 2 cwt. 3*qr. 192 miles, 

how much should be paid for the carriage of 8 cwt. 1 qr. 
128 miles? 
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4. If aOOO eopies of a book of 11 sheKs require 66 reuu 

of paper, how much fmper will be required for 5000 
copies of a book of 12^ sheeis ? 

5. If 24 men oui finish a pieee of w<»k in 36 days oi 12 

honn each, in what time can 30 men do it idien the 
working days are onlj 8 horns long? 

6. If 939 soldiers consume 351 qnartera oi wheat in 168 

days, how long will 1404 qnarteia last 11268 eoldien? 

7. If the sixpenny loaf weigh 32 ox. 8 dwt. when wheat is 

60«. per qoarter, what dbonld the eigh^ienny loaf weigh 
when wheat is 54f . per quarter ? 

8. If a family of 13 persons spend £64 in butcher's meat^ 

in 8 months, when meat is 6d, per lb., how much money, 
at the same rate, should a £unily of 12 persons spend in 
9 months, when meat is 6^. per lb. ? 

9. If the rent of a hrm of 13 ac 1 roo. 11^ per. be £50 

8#. 9d^ what should be the rent of another in the 
neighbourhood, contuning 8 ac 3 roo. 22 per., if 6 
acres of the latter be worth 7 of the former ? 
10. If £7 10#. be the wages of 15 men, who work 10 hoars 
a day for 6 days, what ought to be the wages of 12 
men who work 9 hours a day for 18^ days? 



(76.) DECIMALS. 

I HAVE already explained, at the commencement of this 
rudimentary treatise, that our notation for integers, or whole 
numbers, is the decimal notation, inasmuch as the value of 
any figure of a number is ten times as much as it would be if 
that figure were removed one place to the right, so that in 
writing the figures of a number in the usual way, from left to 
right, every figure we put down is, in value, only the tenth 
part of what it would be, if it were one place less in advance. 
Now, the whole number becomes completed as soon as we 
reach in this way the place of units ; but there is no reason 
why the decimal notation should not be extended to the right 
beyond the place of units, still considering the value of each 
figure we write down, to be only the tenth part of what it 
would have been, if written in the immediately preceding 
place. In this way, the first figure written after units^ 
would be tenths; the next figure, hundredths; the next, 
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thousandths; atnl so on: and, to preveDt confusion, we 
should only bave to put some mark of separation between 
the units and these fractional psrt9. T hi a extension of the 
decimal notation is what we now have to consider. The 
mark employed to separate the decimal integers from the 
decimal /r^c^ioH* is simply a dot: thas, 234*625, means 234^ 
with 6 tJi^nths^ 2 hundredths^ and 5 thotmandths / it is there- 
fore the same as 234-|-^ + y^+Y^5^. Each fignre to the 
right of the decimal point is thus & fraction of known deno- 
minator, although that denominator does not appear j and 
snch fractions ar© properly ealled dticimal friwHonSj on 
account of the regular ten-fold increase of the denominators : 
for brevity, however, they are usnaliy called simply decmials. 
This extension of the decimal notation is so oatnral and 
obvious, that yon can have no difficulty in understanding it ; 
and as soon as an example of it if^ placed before you, you can 
m readily frduounce upon the is^ulu^ of a figure tc> the riglit 
of tlie decimal point, as yon can pmnounco upon the value of 
a figure to the left : the place next to units, on the left^ is 
tens; the place next to noits^ on the rifjhf^ is tenths; the 
place next to tens^ on the left, is hundreds ; the place next 
to tenths^ on the rights is hundredt/is; and bo on^ thus, in 
the mixed number, 1234'567S, you could as readily tell the 
raJue of the 6 as of tho 2, each of which is in a third place, 
the 4 being in tho first, or units place: the value of the 2 is 
200, or 2 hundreds; the value of the 6 Is y^, or 6 htm- 
dredi/is : in like manner, the valne of the 3 is 30, or 3 tens^ 
and of the 5, ^^ or 5 tenths; the value of the 1 is 1000; 
and of the 7, two; ^^^f lastly, the value of the 8 is toWo- 
It is very convenient to be able to express, in this way, 
decimal fractions without the incumbrance of denominators ; 
aud the more so, since, as you will presently see, all fractions 
may be converted into decimal fractions. From what has 
just been said, you see, that in order to express a decimal as 
> common fraction (sometimes called a mth^ar fraction), you 
have only to write the figures of the decimal for numerator, 
and for denomiJiator, to put 1, fidlowed by as many zeros 
as will mark the place of the last decimal figure from the 
decimal point : thus, in the instance before given, it was seen, 
that -625 ^ ^ + ^^ + ^^^, which is obviously ^^, tho 
three zeros cori'ospoudin^ to the third place of the last decimal 
figure, 5. In like manner, ^243S - ^+^+^^ + .j^^ 
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Tiftnr+Ti*nr = TTAftny^ *°<* «> on; tbe number of iero8 
being always equal to tbe number of decimal places. There 
is one thing here that will no doubt occur to jou ; it is this; 
that although zeros immediately after tbe decimal point, that 
is, hefore the figures, materially affect the value of those 
figures ; yet, that zeros aft^r them, have no effect at all, and 
are quite useless : thus, 234*625 is the same as 234*025000, 
&o. ; and *0036 is the same as *0036000, &c. ; zeros inter- 
mediate hetiD^n decimal figures, have, of course, the effect of 
pushing the figures whiob follow them, lower down in the 
scale : thus, -62 is t^+t*t7> ^"t '^Oa is -A+Trfcr = ^Sftr» 
and -6002 is t^^+^^j^^ = ^^ft^ 

(77.) The removal of the decimal point one place to tbe 
right, is equivalent to multiplying the decimal by 10; tbe 
removal of it two places to the right, is equivalent to mul- 
tiplying the decimal by 100 ; and so on : thus, *2438 x 10 = 
2*438, where each figure is 10 times wbat it i^ before; 
•2438 X 100 = 24*38 ; -2438 X 1000 = 243*8, &c. : and the 
removal of the point in the other direction, is equivalent to 
dividing the decimal by 10, 100, &c. : thus, •2438-r-lO = 
•02438 ; -2438 -r- 100 = -002438 ; 243*8 -3- 100 = 2-438, 
&c. &:c. All this is plain from tbe very notation of decimalSi 

(78.) I shall now give you an example or two of con- 
verting decimals into fractions: 1. 17*5 = 17-i'^ — 17^ 
2. 21-25 = 21^1^ = 21^. 3. 146*75 = 146^2^ = 146^: 
you thus see, that -J-, ^, -I, expressed in decimals, are *5, •25, 
•75. 4. 614 X 10 = 61*4 = 61^ = %\\. 5. 3-135 X 100 
= 313*5 = 313i. 6. 2-76-f-100 = -0276=Tj^=:Tt*7r- 

It is further obvious, from tbe principles of tiie decimal 
notation, that when that notation is exchanged for the frac- 
tional, as in these examples, by writing the decimals without 
the point, and putting underneath, for denominator, unity, 
followed by as many zeros as there are decimal places, we 
may prefix to the numerator whatever whole number may 
have preceded the decimal : thus, 146*75 = 1461^^ = ^f8i* * 
17-5 = W ; 21-25= Viftf ; 326*047 = »iM*' i and so on. 
This is evidently only the same as reducing a mixed number 
to an improper fraction. 

In writing decimals, you must be careful to put the decimal 
point against tbe upfer part of tbe figures, not against the lower. 
When figures are separated by a point even with the lower 
part of the figures, tbe multiplication of the figures separated 
is understood, the point in that position standing in the place 
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of the sign x: tbns, 3.7 is the same as 3x7, or 21, while 
3*79 is 3 and 7 tenths ; or, as it is usually read, 3 decimal 7, 
or 3 point 7 : in like manner, 24.36, means 24 x 36, while 
24*36, is 24 decimal 36, or 24 point 36 ; that is, 24 and 
36 kundredthiy and so on. It is necessary that you should 
keep in mind this new sign for multiplication, as it is very 
frequently used; so that, wheneter you meet with such 
an expression as 2.3.7.4, you may know that it means 
2x3x7x4. There is another useful little sign of ahhrevia- 
tion, which it is high time yon should be made acquainted 
with : it is the sign .*. , which is the mark, not for an opera- 
(ton, but for a word — ^the word there/ore (or, consequently^ 
— a word of such frequent occurrence, in numerical inquiries, 
as to render a short sign for it very acceptable. Henceforth, 
I shall use this sign .'. for therefore, rather than introduce 
the word in the midst of arithmetical work. 

(79.) To reduce a Common Fraction to a Decimal* 

Rule 1. Annex a zero to the numerator, which then take 
for a dividend, the denominator being the divisor: if the 
dividend be sufficiently large, find the first figure of the quo- 
tient ; but if it be too small to give a significant first figure, 
put zero for the first figure, and annex another zero to the 
dividend ; if this be still too small, put a second zero in the 
quotient, and annex another zero to the dividend ; and so on, 
till the dividend be large enough to give a significant figure 
m the Quotient. 

2. It there be a remainder, conceive another zero to be 
annexed ; and continue the division, still annexing a zero to 
every remainder, till the work terminates of itself, or till the 
quotient has been carried to as many places as may be re- 
quired : this quotient, with the decimal point before it, will 
bo the value of the proposed fraction in decimals. 

NoTB. It will be enough if we imagine the zeros to be annexed as above, 
without actually inserting them. Should the division not terminate of 
itsetfy bat admit of being carried on to any extent, then, at whatever point 
we itop the work, an unused remainder will be left ; so that the decimal 
quotient will not, in strictness, be the complete value of the fraction ; but 
the process may always be extended so far as to render the correction of 
the quotient too minute to be worth notice. It may indeed be made to 
become as small as we please. If the fraction be an improper fraction, 
the quotient will of course be partly integral and partly decimal, the 
deeiinal point oocorring as loon as we begin to add zeros. 
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Ex. 1. Reduce J to a decimaL 8)7000 . - _ 

2. The value of V is 12-8. -875 " ® 

3. In like manner, y = 1'875, and eo on. 

4. Reduce -f^ to a decimal. 

From the operation in the margin, 256) 1500 (-05859375 
it appears that 150 is too small to 1280 

give a significant figure, 6o that the — 

first figure of the quotient is 0. We 2200 

see also that the remainders become 2048 

exhausted only after eight decimal 

places are obtained in the quotient: the 1520 
value of the proposed fraction, which 1280 

might have been got by short division, is 

therefore, accurately, -05859375. 2400 

(80.) The value of the last decimal is 2304 

so small a part of unity, namely, the part 

100080006; as to be in most practical 960 

matters quite unworthy of consideration ; 768 

we might therefore have stopped the pro- 

cess before arriving at this place, without 1920 

troubling ourselves to see whether the 1792 

work would spontaneously terminate or — 

not. When an end is in this manner put 1280 

to the operation, it is customary and 1280 

proper to notice what the next figure 

would he if another step in it were to be 
made. Should this next figure prove to be a 5, or a figure 
still greater, then the figure at which we stop is increased by 
1, because by so doing we secure the greatest possible ac- 
curacy for our result, as far as the operation has been carried. 
Thus, if we had stopped at the 7, in the present instance, we 
should have changed the 7 into 8, foreseeing, as we might, 
that the next figure would be 5, and knowing that if this 5 
had been brought out, a 5 added to it would have converted 
the 7 into 8, while a 5 taken away from it, — that is, the 
suppression of the 5, would have left the 7 as it is. The 
error of adding a 5 or taking it away is, of course, the same ; 
only in the one case it is an error in excess, and in the other 
case an error in defect. So far as accuracy, or the nearest 
approach to the truth, is concerned, it is here matter of in- 
difference which plan we adopt ; but it seldom happens that 
the work terminates at the figure next to that at which we 
stop; more figures would in general follow; so that the pio- 
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bability is, tliat by increasing our last figure by unit, when 
we foresee tbat the next figure that would arise is a 5, our 
error in excess is less than our error in defect would be if we 
were to suppress this 5, and all the following figures with it, 
and leave our last figure unaltered. When the next figure is 
greater than 5, the propriety of the alteration is obvious ; so 
that by increasing the figure at which we stop by 1, whenever 
the next figure is foreseen to be 5 or greater, we generally 
attain a closer approach to the truth than we should do by 
leaving our last figure unaltered, and can never be farther 
from the truth. If the preceding result had been restricted 
to six places of decimals, it would have been '058594 ; if it 
had been restricted to five places it would have been -05859 ; 
if to four places, '0586 ; and so on. And such is always the 
plan whenever superfluous decimals are suppressed. You 
will have to observe it in working the examples below. 

(81.) The reason of the operation just performed is easily 
explained : the fraction ^ is equal to aVeVo^oVooVo > t^^at is, 
dividing numerator and denominator by 256, it is equal to 
i68S8Soo6> wbich, in the decimal notation, is '05859375; 
thus the equivalent decimal is obtained by dividing the 15, 
with the requisite number of zeros annexed, by the 256. 
And a similar explanation applies to every case. 

Exercises, 
Bednce to decimals the following fractions, namely, 
1. tV 2. a. 3. ^. 4. ^. 

5. Tfr- 6- tHt' 7. 20-- S. y^g. 

9. ioff 10. fofg. 11. |ofH. 12.foffof6. 



(82.) Addition and Subtraction op Decimals. 

Yery little need be said as to the addition and subtraction 
of numbers involving decimals. Just as in integers, we must 
be careful in these operations to place units under units, tens 
under tens, and so on ; so here we must, in addition to this, 
be also careful to place tenths under tenths, hundredths under 
hundredths, and so on : that is, we must keep the decimal 
points all in the same vertical line or column, as in the 
examples following. 
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Addition, 



Subtraction. 



23-462 

7-38 
26-151 
53-84 
76 

2-3584 

189-1914 



•3258 
4-70234 
15-1602 

•0043 
37-10021 
18 

75-29285 



683-2031 
479-8627 

203-3404 

2-06853 
1-72946 

•33907 



•826542 
•71836538 

•10817662 

1-4310063 
1-3648163 

•06619 



Exercises. 

1. Find the Talue of 27-62-1- -358 + 17-3+ 61+ -007 4- 173-1. 

2. 5862-93 + 38-041 +l-01 + 176-4 + -0004 + 2e5-04. 

3. 38502 + 18-176— 7-03 — 11-11 — 21-625 + 5-328 + -0ei. 

4. 1-0628 + 123-51— 2604 + 13 — 18-261 + 12-403 — -082. 

5. -623 + -0042 + -79— -31— •002 + -11 + -08 — -0003. 

6. 246 + 187-5-613-19-148-7-03-104-6 + -0018. 



(83.) Multiplication. 

Rule. Place the multiplier under the multiplicand, re- 
gardless of the decimal points, and proceed as you would with 
integers. Having thus got the product, mark off from it as 
many decimal places as there are decimal places in both the 
factors together, and the correct product will be obtained. 
If the product terminate in zeros, these need not be inserted, 
but they must be taken into account in pointing off the 
decimal places ; and if there should happen to be fewer figures 
in the product than there are decimals in the factors, zeros 
must be prefixed to the product to make np the deficiency ; 
and the decimal point is to be placed before them. 

Ex. 1. Multiply 325-201 by 2-43. 

Here the product, disregarding the decimal 
points, being found, as in the margin, ^«0 figures 
of it are to be pointed off as decimals, because the 
number of decimals in both factors amounts to 
Jive, 

From looking at the foot-note in next page, '-^ 

you will see that the work may be abridged, by 790*23843 
simply multiplying the first partial product by 8. .. . . „■ ■■ -^ 



325-201 
2-43 

975608 
1300804 
650402 
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2. Multiply 4132-65 by -346. 4132-65 

Here, proceeding as in the margin, the ter- *346 

lunating zero of the product is suppressed as 

oseless ; but as five decimals are to be pointed 2479590 

off, of which one has already been removed, we 1653060 

point off but four. 1239795 

The work of the next example following may 

l>e shortened by multiplying the first partial pro- 1429*8969 

duct by 3, as explained in the foot-note below. 

3. Multiply -217 and -0431 together. -0431 

Here the product consists of but ^ve figures, '217 

while there are seven decimals in the factors; 

therefore two zeros must be prefixed, and the 3017 

decimal point placed before them. To show 431 

the correctness of the operation, it will be • 862 

sufficient to examine what is done in an ex- 

ample. Thus, the factors in Ex. 1 are 325^^^ -0093527 

and 2^; that is, they are »|M*' ^^ Hi'y 

*i, A . c *x. - 325201X 243 ^, . . ^, 
the product of these is — tt^tttkr — > *"® "^® ^^^ ^^ ^'^^ 
I 00000 

denominator implying that when the multiplication in the 
numerator is performed, Jive places must be pointed off for 
decimals. And it is plain, that in all cases by treating the 
factors in this way, the divisor will be 1, with as many zeros 
as there are decimal places in both factors. 

Exercises. 



1. 


32-605 X 6-417. 


8. 


24000 X -0016 X -35. 


2. 


183-52 X -734. 


9. 


2-016 X 3-004 X -0756. 


3. 


43-92 X 2600. 


10. 


273-4 X -036 X -004. 


4. 


•038 X 072. 


11. 


21000 X 102 X -0268. 


5. 


•0037 X -00021. 


12. 


1-4 X 04 X -4 X 004. 


6. 


2-46 X -321 X -07. 


13. 


71-380164 X 2-7354.* 


7. 


1-73 X -032 X -0105. 


14. 


138-6147 X 5-2575 X -03. 



(84.) Contracted Multiplication. 

I have now to introduce to your notice some considerations 
of especial importance in the multiplication of decimals, to 

* It may not be amiss to point out to the learner here, that whenever 
a multiplier has figures side by side, which, when taken by themselves, 
form a namber tiuit is a multiple of 8ome otbex ^|^^, Oit Oil ^t^soss^jki 



214140492 = the product by 3, or 300. 
1927264428 = the foregoing prod, by 9, for the 27, or 27000. 
3854528856 = the hist product by 2, for the 54. 

195 * 2533006056 = the complete product. 

The work of Examples 9 and 14 may be abridged in the same way. 
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which I must urge your particular attention, because althougb 
commonly adverted to in books on Arithmetic, they are 
usually presented in a way very much calculated to mislead. 
I have already told you, that decimals are frequently — bi 
more frequently than otherwise — ^given in an incomplete form, 
because the complete form would often require an interminable 
extent of figures. I have told you (page 116), that it is cus- 
tomary, in such cases, to write down only a limited number 
of decimals, and to compensate for the figures omitted, by 
adding a unit to the final figure we retain, whenever the row 
of omitted figures commences with 5, or a figure greater than 
5 ; but to make no compensation when this commencing 
figure is less than 5. In the comparatively few cases that 
wiay occur, in which the decimals we work with are really 
complete, we may multiply such decimals together, as above, 
and may be sure that our products are correct in every 
figure : but in the great majority of instances actuaUy pre- 
sented to us in practice, the decimals are curtailed, as just 
noticed; and, consequently, the last figure of every such 
decimal is not strictly correct : the error may be to the extent 
of half a unit in the place that last figure occupies. 

The last figure of our multiplier being thus, in general, 
incorrect, it is plain, that the entire row of figures produced 
from it must be incorrect; or, at least, except under very 
favourable circumstances, that is, except when the error in 
our multiplier is very minute, the whole row, after one or 
two of the leading figures of it, must be incorrect. 

In like manner, the final figure of our multiplicand being 
erroneous, in multiplying it by the successive figures of our 
multiplier, the products which arise from it must need cor- 
rection; so that when all the partial multiplications are 
executed, and we proceed to add up, we must feel that, for 

formed by any of the adjacent fignres, as m the present example, the work j 

may be abbreviated into a sort of short multiplication, thus : — I 

71 -380164 I 

2-7354 



CONTRACTED MULTIPLICATION. 



121 



27-14986 
92-41035 



1 


3574930 


8 


144958 


271 


4986 


10859 


944 


54299 


72 


2443487 


4 


2508-928 


065051 



leveral steps of ibis addition, we are really adding up wrong 
figares ; and, consequently, that, as far 
as the influence of these reaches, our 
inal product must be erroneous. I will 
give yon an example. Suppose we have 
to multiply 27*14986 by 92-41035; 
and suppose, moreoyer, that these deci- 
mals had resulted from curtailing others 
of greater extent; as, for instance, 
27-149855213, &c., and 9241034604, 
&c. : we should obtain the product of 
oar proposed factors, as in the margin : 
but i^ instead of five places of decimals 
in our foctors, we had taken six, we 
shoold haye had 

27-149855x92-410346 = 2508-927|49439983. 

It is yery plain, therefore, that the small error introduced 
into the fifth decimal of the factors, employed in the margin, 
has sufficient influence on the product, to render all the deci- 
mals of it, after the first three, widely erroneous. Even the 
third decimal difiers by a unit from the more correct product 
aboye ; but this latter is itself not strictly accurate, because 
adyanced decimals haye still been omitted in the factors : if 
the 213, &c., had been included in our multiplicand, all the 
decimals, beyond the yertical line, that is, beyond the 7, 
would haye been afiected ; so that the 4, at present next to 
ikhe 7, would haye been a 5 : we may conclude, therefore, 
that the product found in the margin is true, to the nearest 
tmit, as far as three places of decimals; but that all the 
figures beyond these three should be expunged, as necessarily 
erroneous. In most books of Arithmetic, you are told, that 
these adyanced decimals should be omitted, because they are 
9uperfluoti8^ giving to the result a degree of minute accuracy 
not usually requisite in practical matters : but you see, from 
what is here shown, that they should be omitted, because no 
confidence can be placed in them, because, in fact, they are 
all wrong, and are no more worthy of being retained in our 
result than any row of figures written down at random in 
their place. 

(85.) The practical conclusion you are to draw from what 
has now been said is this: when you multiply two factors 
together, the decimals in which haye been curtailed, as here 
tfuppoaedy in adding up the partial ]^todM<^\j^ ^\Kt^^x^ *^^ 
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eoms of all the oolomns np to that coloinn, indnsive^ in 
which the final figure of the la»t partial product is placed^ 
and retain only the deoimals furnished hy the remainiDg 
columns. The last of the decimals thus retained should be 
increased by unit, if the first of the dismissed figures be a 5, 
or a greater number. In the marginal work above, a yertical 
line is drawn, cutting off the columns, of which the snma 
contribute nothing but inaccuracy to the result It will, of 
course, occur to you, that it would save much waste labour 
if we could be spared the work of these inaccurate columns; 
and you will be glad to find that this may be done by a very. 
simple contrivance. It was easy to foresee, before com- 
mencing the operation above, that seven decimals would have 
to be suppressed in the result; and, therefore, that threi 
decimals only were to be retained : our object, then, would 
be to limit our operation to just so much work as would be 
necessary to furnish us with these three decimals ; but as it is 
.desirable that we should know what the fourth decimal 
would be, in order that the third may be as correct as we can 
make it ; that is, in order that the third may be increased by 
a unit, should the fourth be a high figure, we ought to be 
able to get /our decimals in our result, and then to limit it 
to three, which may be presumed to be correct in the last 
figure to the nearest unit: we have, therefore, to multiply 
27-14986 by 92-41035, so as to give only four places d 
decimals in the product : this is done as follows : 
place the units figure of the multiplier under 27*14986 
the fourth decimal of the multiplicand, and then 5301429 

write aU the other figures of the multiplier, so 

as that the entire row may be reversed : then, 24434874 
in proceeding with this inverted multiplier, ob- 542997 

serve the following caution : reject all the figures 108599 

of the multiplicand which lie to the ri^ht of the 2715 

figure by which you multiply, carrying, how- 81 

ever, from these rejected figures, whatever would U 

have been carried if they had been retained ; and " * 

write the ^rst figure you get, in each partial 2508*9280 
product, in the same vertical lin^ as in the '■* 

margin, and you will thus find the product, 
2508*928, true to three places of decimals. The figure iQ 
the units place of the given multiplier being 2, this 2 is first 
put under the fourth decimal figure of the multiplicand ; after 
which the inverted multiplier is completed, and the woik 



CONTRACTED MUI,TIPL1CATI0W* 123 

parried on agre*^al>ly to the preceding <3irectioiis, Bj eom- 

paring it with the more lengthy operation before ^iven, you 

**rill see that the partial products, as far as they are required, 

&Tiee in reverse order, and are eorrectj aa far as they go^ to 

tbe nearest unit; you will^ of course, observe, that, in the 

marryings from the rejected figures of the multiplicand, the 

unifonn principle of compeu Bating for a rejected 5, or greater 

figure, by adding n unit to the figure on the left of It, m to 

be attended to^ and applied ; thus, in multiplying by the 1, 

the product, arising from the B in the multiplicand, on the 

right, is rejected, but a compensating 1 la carrietl to the next 

product ; that \% we say, once 4 ii 4j and 1 carried makes 5. 

In like manner, when we reach the last figure, 5, we say, 

5 times 7 are 35 ; carry 4 r 5 times 2 are 10, and 4 are 14. 

This example, with the explanations that have accompanied 
it, will suliiciently prepare you for the following rale. 

(80.) To^nd the Product of Two Factors, containing 
D^imals^ to a proposed dumber of Plac€9. 

KuIlE 1, Count, from the decimal point in the multipli- 
cand, as many deoimala, annexing zeros if the deciraals are 
too few, as you wish to secure decimal places in the product, 

2- Under the last of these, put the unit-Jigure of tim mul- 
tiplisr^ or a zero, if there be no nnit- figure, and then Intro- 
duce all the other figures of it, so that the entire multiplier 
may appear wHh its figures in reverse order ^ 

3. Multiply by the several figures of this reversed muU 
tipller, neglecting, however, all those in the multiplicand to 
the right of the figure you are using, but, at the same time, 
carrying what would he tarried, if nothing were neglected, 
and, moreover, carrying an additional unit, if 5 or a greater 
figure be rejected from the product. 

4, Let each terminating figure of the partial products thus 
found, be in one vertical column ; the first column to be 
gummed up in the addition proce^ : then, when this process 
is completed^ you will have the product retiuired, the decimal 
point being so placed, aa to mark off the proposed uuniber of 
decimals. 

(87.) When the decimals in ^ich of your factors are strictly 

true to the last figure, and your product is to be applied to a 

purpose, for which bo many exact decimals as would make up 

the number in both the factors are not necessary, you may, 

Jiy ihiB ruloj limit the number brought oxit to ^l"e»^ ^^'S^i. 
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please. It is, therefore, matter of choice with yon, whether^ 
in such a case as this, you take the trouble to work your 
example in full, and thus give to your result a needless 
degree of minute accuracy, or content yourself with only the 
amount of accuracy really wanted ; and use, for this end, the 
contracted method : but remember, you have no choice when 
the decimals in your fisictors are not thus each of them com- 
plete and accurate in the final figure ; you must then use the 
contracted method, not to dispense with needless accuracy, as 
above, but in order to preclude absolute error. In this case, 
you should count all the figures of that factor which contains 
the greater number, and so many figures of the lincontracted 
product, cut off from the right hand, should be expunged, 
not as merely useless^ but as erroneous. You must, there- 
fore, so apply the preceding rule, as to exclude, from the 
product, just this number of figures. Note, If one of the 
factors be quite correct, then only so many figures as thit 
contains are to be rejected. 

The following examples will sufficiently illustrate the 
application of the rule. 

1. Multiply 348-8414 by 51-30742, so as to 
preserve only four decimals in the product. 

Here, reversing the multiplier, after having 
taken care to put the 1 in the multiplier, under 
the fourth decimal of the multiplicand, we see, 
that a vacant place occurs in the multiplicand 
over the final figure 5 of the reversed mul- 
tiplier : we therefore supply this vacant place, 
by putting in it a 0, and then multiply, as in 
the margin. The result may be considered as 
correct, as £Eir as it goes, provided the factors 
producing it, have no error in their last deci- 
mals ; but, if we are not assured of this, then 
we cannot depend upon more than the first two 
decimals, for since the complete product would 
have nine decimals, and that each factor has 
$even figures, 9— 7 = 2, expresses the greatest 
number of decimal places in the product that 
can be relied upon, with any confidence. The 
work would, therefore, be as here annexed : the 
1 in the multiplier being now placed under the 
second decimal of the multiplicand. As the 2 
in the multiplier has no figure above it, the 
prod act by this 2 is, of course, 0, W\» ^ \.\i<& 



34^84140 
#4T03I5 

174420700 

3488414 

1046524 

24419 

1395 

• 70 

17898-1522 

348*8414 
24703150 

1744207 

34884 

10465 

244 

14 

1 

17898-15 



COKTR ACTED lUUXTlPLtCAtlON. 125 

product of tbe preceding 3 by tbe 2 is so great aa 6, we carry 
1 OB that account, and tbe iDsertion of tbis 1 completea the 
multiplicationa. 

2. Find tbe product of *339377 and StS, to as many 
places of deoimalB as can be depended upon. 

Here, as tbe multiplier, wbicb is witbout error, "339377 
bag tbree figures, and as tlicre are six decimals 5230 

in tbe factors^ only tbree decimals are to be 

preserved in the product, whicb ii, tberefore, 101813 
110*297. If we had computed to four places of 6787 

decimals, we eboald have got 110-2975. As 1697 

already noticed, we may always compute to 



on© place more than the number of places to 110*207 
be preserved, and may increase tbe last of the 



pre.servod figures by unit, if tbe additional figure be eo great 
i as 5; in the present case, 110^297 and 110^298, may be con- 
I 9dered to be about equally correct. 

1, Multiply 480^4936 by 2*72416, and retain in tbe pro- 
duct only four decimals* 

%, Multiply 15*917127 by 30'31667, retaining as many 
decimals as may safely be depended upon. 

3. Multiply 17958563 by 30*31667, to four places ofde^ 

cimals, 

4. Multiply -62311052 by 170, to six places of decimals, 

which is one more than can be strictly depended upon. 

5. Multiply 1*628894 by 214*87, retaining no decimals that 

cannot be relied on. 

6. Multiply 81*4632 by 7*24651, retaining only three de- 

cimals. 
J Multiply 3*7719214 by "44T1618, retaimug aU the de- 
cimals to be depended upon, namely, six. 
Multiply ^053407 by *047126, retaining all tbe declmala 
that are likely to be correct, 
9. Multiply 325*701428 by *7218393, preserving only three 
decimals in the product. 
10. Multiply *63942, &c. by -53217, &c. 

Note, It ib proper to state here, that from our ignorance of the true 
TBlue of the decimals euppreaaed id our factors, and compenaated for by a 
modiJicaCion of the last decimal that is ret^ioed, smd from the like raodi- 
fic&tion of the laat decitoal in certain of our partUl prodticts, we cannot 
ilways be quite sure that the Uat decimal in our contacted ^t^dHusl \* 
iarBriabljf true to tlie nearest nn It . It id ay m \it\?tk^ oiitaWe ^;a£«i ^mt \ft ^iat 
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extent of a unit ; bat it may generally be relied on aa the true pi^odnDt to 
within this amount of error. An error to the extent of two nniti in the 
last flgnre is highly improbable. In thoa speaking of the occasional de- 

Sarture from strict accuracy in the final decimal of oar contracted pro- 
act, it is to be understood, that the accuracy adrerted to is that nkcfa 
the result would have if the suppressed decimals in the faotora wen 
restored. If it be of consequence, in any particular calcaUtioa in which 
we may be engaged, that the final decimal preseired in the product 
should be strictly correct, the safest way will be to compute, by the 
contracted method, to one or two decimala beyond those wlueh an to be 
presenred, and then to dismiss them firom the product. Many i u i p ort an t 
money calculations are performed by decimals ; and it is necetnry that 
the computer should be cautioned against the very preralent lytrtinlif of 
supposing that his accuracy is increased as he increases the number <tf the 
retained decimals. The contractions in this article are recommended, not 
on the score of brevity, but with a view to the securing of strict trothftd- 
ness as far as it is attainable. An error of a unit in the second dedmal of 
a result expressing poundt is only about 2^. : a like error in the third 
decimal is less than one farthing. In any inquiry in whidi it ia of con- 
sequence to secure accuracy in the decimals or integers of a product, 
beyond the places furnished by contracted multiplication, we may pro- 
nounce such accuracy to be unattainable, till our &ctors, erring as they 
do in the final decimal, be rendered more correct by the insertion m 
additional places. It is most remarkable, that in many of the aBodern 
books on arithmetic, in extensive use in instruction, not a word is said 
about contracted multiplication and division of decimals ; the time and 
labour of the learner is occupied in working out long strings of figuns, 
which the authors ought to know are all worthless, because all wrong; 
and what is worse, the pupil is all the while under the delusioa tiiat tius 
useless labour is essential to the accuracy of his result. 



(88.) Division op Decimals. 

Rule 1. If the divisor and dividend have not the same 
number of decimals, annex zeros to make the number of 
decimal places equal. 

2. Imagine the decimal points to be suppressed, and pfo- 
ceed as in division of integers, only with this difierenoe, 
namely, if the divisor be greater than the dividend, annex a . 
zero to the dividend : if the divisor be still the greater, pat 
zero for the first figure of the quotient, and annex another to 
the dividend ; and so on, putting a zero in the quotient for 
every zero annexed to the dividend, after the first 

3. Having thus made the dividend sufficiently great (dis- 
j^garding the decimal points) to contain the divisor, carry on 
the work aa with whole numbers, annexing a zero to e^ery: 
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lemainder tliat arises after the figures of the di^dend have 
been bionffht down, mi as many decimals as are wanted are 
obtained in the quotient, or till the operation ends of itself. 
The number of zeros, employed in this latter way, together 
with whateyer leros die quotient may have commenced with, 
will be the same as the number of decimal places to be 

Sointed off in the quotient Or you may count all the 
eeimals used in the dividend, including, of course, every 
lero annexed to a remainder: the difference between this 
number of dedmals and the number of decimals in the given 
divisor will be the number of decimab in the quotient. 

NoTB. You will often find this latter to be the most con- 
.yenient way of finding the places to be pointed off in the 

SQOtient, as you may then dispense with adding zeros to the 
ivisor when it has fewer decimals than the dividend. 
Ex. 1. Divide 721-17562 by 2-257432. 
Here the operation in 
the margin has been car- 2'2574d2)721*17562(dl9'467, &o. 
ried on till nine decimal 6772296 

placee of the dividend 

nave been used, namely, 4394602 

the five decimal figures 2257432 

originally given, and four 

zeros besides. And since 21371700 

there are cdx decimal 20316888 

places in the divisor, 

three places must be 10548120 

pointed off in the quo- 9029728 

tient, agreeably to the 

note above. If we had 15183920 

proceeded strictly by the 13544592 

rule, and had written the ___ 

dividend 72M75620, in 1 6393280 

order to make the num- 15802024 

her of decimal places the 

same as in the divisor, 591256 

we might have intro- &c. 

dnoed the decimal point in the quotient as soon as the divi- 
dend thus written had been exhausted ; that is, as soon as the 
third figure 9 was found. 
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8275000)5-7140000(-0006905 
49650 



74900 
74495 

42500 
41375 

1125 



2. Divide 571 4 by 8275. 
Here, it is easy to see 

that the quotient will oom- 
meDce with zero ; therefore 
annexing three zero deci- 
mals to the divisor, since 
there are three decimal 
places in the dividend, and 
imagining the decimal 
points removed, we pro- 
ceed by the rule, as in the 
margin, adding four zeros 
to the dividend, in order to make it large enough for tbe 
divisor, and consequently putting three zeros in the quotient 
It is usual, however, to omit the zeros in divisor and divv* 
dend, and to proceed as if they were inserted ; or, having no 
regard to the terminating zeros in the divisor at all, to per- 
form the work agreeably to the note, leaving a gap at the 
beginning of the quotient, if a zero is foreseen to oommenee 
it, and then to complete the decimals as the note directs. 

3. Divide -079085 by -83497 
The work of this example, 

freed from unnecessary zeros, is 
as in the margin : the last deci- 
mal 6 is a little too great, but 
is much nearer the truth than 5. 
The zero with which the quo- 
tient commences is put in last. 
We see that the eleven decimal 
places used in the dividend, 
diminished by the five in the 
divisor, leaves six for the num- 
ber of places in the quotient, so 
that a zero must be prefixed to 
the decimal figures to make up 
the requisite number. ■ 

(89.) The reason of the directions given in the rule is 
obvious, when the decimal places in dividend and divisor are 
made the same in number, by the addition of zeros should 
need be; the suppression of the decimal point is merely 
equivalent to multiplying each by unity, followed by as many 
zeros as there are decimal places in each ; so that the yalne 
of the quotient is undisturbed by these changes. It follows 



83497) -079085 (-094716 
751473 

39377 
333988 

59782 
584479 

13341 
83497 

49913 
500982 
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also from maltiplication, tliat the decimal places in hoih 
djvrigor and quotient must make up the number of places in 
the dividend. 

The quotients obtained in the preceding example! are true 
in ail the dedmab only on the supposition, that the final 
decimal in both dividend and divisor m strictly correct* Thia 
however is not generally the case ; as it usually happens that 
a number consisting of several places of decimals is only an 
abridgment of a number with mor^e decimals, as already 
explaiiied. The last decjtoal of such a number is therefore 
always affected with some error,^eorae fractional part of the 
unit to which it belongs; and to prevent the influence of this 
€rror in the quotient of two such numbers, all that part of 
the work which the error affects should ha lopped offj and tho 
operation confined within trustworthy limits, as in contracted 
multiplication- In the following examples the decimals are 
snppDsed to be unaffected with error. 

Find each quotient to three places of decimals, 
" 4* 519-62-r7849. 



1. 267^5975-=- r25, 

2. 5^474558^-0325, 

3. 325-=- ro 125. 



5. 4 T -298^-6 -029, 
e. 317e'82<4-*09317- 



(00.) GoKTRACrED DlTT8I0N, 

Contracted Division, like Contracted Multiplication^ is a 
method of finding the result sought to as many figures as can 
be saJely depended npon^ without introducing into the opera- 
tion any more work than what contributes to this object* 
The role is as follows ■ — - 

RuLC 1. Find the first fignre of the quotient as in the 
un contracted method, and thence the first remainder. 

2. Instead of annexing a now figure from the dividend, or 
Si »ero, to this Tomainder, keep it as it isj and employ the 
diyisar trith its^nal figure cut fiff for the next step, 

3. In like manner \im the second remainder, and the 
divisor with two figures cut off for the next step ; and so oa 
till all the figures of the divisor have been dismissed. It 
must be observed, that what would be tarried from the Sgure 
cut off step after step^ is still to he carried in multiplying the 
<3^notieut figure by the curtailed divisor* 

q3 
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If tlie dnrisor have more figores than the diyidendy 
naj, of conrae, be annexed to the dividend ; but then tbst 
portion of the work in which these aseros are brought into w 
cannot be depended upon, unless the hust figure of the divi- 
dend be striedj accurate. When such is not the case, therefore^ 
the overplus figures of the dirisor should be cut off befoie 
commencing the. division, if incorrect figures are to be ex- 
cluded from the quotient. 

1. As an example, let that at page 127 be takoi; thali^ 
let the value of 721*17562-i-2'257432 be required to asmuj 
decimals as can be depended upon. 

As no decimals are to be 2-257432)721 •1756(319-4672 

brought down to be annexed 6772296 

to the remainders, the final 2 » ■ 

in the dividend is suppressed 439460 

as useless. The first figure 3 225743 

of the quotient is multiplied ■ ' 

into the entire divisor as it 213717 

stands; for the next quotient 203169 

figure 1, the divisor is cur- 

tailed by a figure, and a dot 10548 

is put under this figure 2 to 9030 

remind us of this : for the _^ 

quotient figure 9, the cor- 1518 

responding divisor is 2'2574, 1354 

another dot being put under _ 

the 3, to imply that it is no 164 

longer to be used, except for 158 

what is carried from it: as — ^ 

3 X 9=27, the figure carried 6 

from it is 3. In this manner 

the operation is continued till the divisor is reduced to the 
single figure 2, and the work ends. This divisor 2, of the 
last dividend 6, gives only 2 for quotient ; because if we try 
3 we find that 1 must be carried from the divisor figure last 
rejected ; so that the product would be 7. It is probable, 
however, that 3 is nearer the truth than 2; but the lati 
figure of the quotient found in this way cannot, in general, be 
depended upon as strictly trua Suppose, for instance, that 
the final 2 in the divisor should be in strictness 2|- ; then, 
what is now a 6 at the close of the work should be a 5, and 
the quotient figure 2 would be correct ; but if the final 2 in 
the aividOT should be 2—-^ or -1=1*66, &c., then the 6 at the 
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end ahoald be a 7, and 3 would be the correct qnotient 
figure ; so that here, as in contracted multiplication, the last 
decimal in the result maj err by a unit 

2. Divide 7-66858 by il. •0325)7-66858(235-956 

10*0 .. 650 

3.95 

Here,3i=3-25,and— =-0325; —^ 

and as this decimal is strictly correct, 975 
the operation should proceed without ■ 

contraction till the final figure 8 in 1935 

the dividend has been used; after 1625 

which, contraction must commence, 

as in the margin. 3108 

3. Divide 18*75, in which the 5 is not 2925 
strictly correct, by 2*01747. 

Here, instead of adding three zeros to 183 

the dividend, as we should do, or conceive 163 

to be done, if the last figure of the divi- 

dend were strictly accurate, we cut three 20 

%ures from the divisor, and proceed as 19 

below, taking care, in multiplying by the — 

first quotient figure 9, to carry what arises 1 

from the dismissed figures of the divisor, namely 7. If the 
final decimal 5 of the dividend had been quite accurate, the 
operation would then have been as here annexed, and the 
quotient may be considered as perfectly accurate, as far as 
four places of decimals; namely, 9*2938. 

201J47)18*75(9*29 2*01747)1 8-75(9*29383 
1816 1815723 



59 59277 

40 40349 



19 18928 

18 18157 

1 771 

605 

166 
160 



^ 
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From the illofitrations now given, you can find no difficulty 
in multiplying and dividing decimaJs, which are not in them- 
selves strictly correct in the final figures, so as to secure the 
greatest possible accuracy in your results. The subject is 
one of very great importance, and it therefore deserves you 
careful attention. 

In the following exercises the final figure of each decimal 
is supposed to be more or less inaccurate, except when othef* 
wise stated. 



Eaereises, 



1. 31•782-^4•817. 

2. 2490-3048-4--573286. 

3. 2-1 49 -T- 500-78. 

4. 47-298 -f- 6-029. 

5. 4650•75-^325. 

6. 8-6134-^7-3524. 

7. 16-804379-f-3-142. 

8. 673-1489-5--41432. 

9. 2-7182818-7-3-1415927. 
10. -001284-8-192. 



11. 1708-4592-7--00024. 

12. -34124-8-4736. 

13. 75•347-^•3829. 

14. l-rlO-473654. 

15. 5-474558-*-3i. 

16. J-f--1045. 

17. 23tV-t-87-64378. 

18. 1 4-3589 -t- -7854. 

19. 2972160-^31773-244. 

20. 103-936-M059-108. 



21. Perform Ex. 7 on the supposition that the final figure 2 

of the divisor is strictly accurate. 

22. Perform Ex. 20 on the supposition that the final figure 6 

of the dividend is strictly accurate. 

23. Perform Examples 3 and 12 on the supposition that each 

dividend is strictly accurate. 

24. The old wine- gallon contained 231 cubic inches; the new 

or imperial gallon contains 277-274 cubic inches, the 
third decimal, however, 4, being a little too great : it is 
required to find how many imperial gallons are con- 
tained in the old wine-hogshead of 63 wine-gallons, old 
measure. 

(91.) Application of DedmaU to Concrete Quantitiet, 

The application of Decimals to Concrete Quantities, is so 
like the application of whole numbers and common fractions, 
as to render any distinct rules here unnecessary : it will he 
sufficient to present to you a few examples, worked at length,' 
as specimens of the operations. 
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Ex. I. Find the yalue of -TOl^. Ex. 1. 

The work is in the margin, and *761 £ 

Mnsktfly as in common reduction, 20 

b simi^y reducing pounds to shil- 

ling8» pence, and furthings. The 15*220 s. 

answer is 15s, 2^d,j and the deci- 1^ 

iDal, '56 of a fiurthing, or 158. 2|i. — '— 
nearly. 

2. How much is *d7 of 15s. 5d, ? 
Here, \5s. 5d. = 185 J., and 

lS5d. X -37 = 68-45J. = 5s. S\d,, 2-56/ I'SOf. 

and *8, that is, |- of a farthing, 
Qt5s. Bid. nearly. 

3. What decimal of £S 7s. is £l 2s, 8d. ? 

• Here, as in fractions, the £. s. £. s. d. 

two quantities must be re- 3 7 12 3 

duced to a common denomi- 20 20 

nation, and then the latter 

divided by the former : it is 67 22 

matter of choice, whether you 4 4 

bring them to the lowest de- 

nomination mentioned or to 268 ) 89('3321 

the highest: the work by 804 

both methods is given in the 2^0X7 *. 

margin : in the first method, 86 

the quantities are reduced to *35 £ 804 

threepences; in the second, — — ' 

to pounds : in the second, the 12)3 d. 56 

7s. is converted into •35£; 536 

the Sd. into -25*., to which 2^0X2-25 s. 

the 2s. is prefixed ; and then, 24 

the entire number of shil- *1125 £ 

lings, namely, 2'25s.y brought into 

•1125£; so that the proposed quan- 3-35)l-1125(-3321 

tities, in the denomination, pounds^ 1005 

are 3-35£ and M125£; the latter, 

divided by the former, gives '3321, 1075 

true ^ the nearest unit in the last 1005 

decimal ; the 1 is a little too great, ■ 

but the error would have been 70 

greater if had been put instead. 670 

80 
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4)3^ 

12)6-75 

2,0)1,7-5625 



•775625 



4. What decimal of £5 is £3 17s. 6ff. ? 
Here, the shortest way is to proceed 

according to the second of the aboTe 
methods, and to reduce the I7s. 6|dL 
to the decimal of a £, as in the maigin, 
and then to divide by the £5. The deno- 
mination, £, here placed against diridend and £5)3*8781 25J& 
divisor, might have been omitted, since the ■■ 

quotient is the same abstract number whether 
dividend and divisor be concrete or not 

5. Reduce 28, 9^d. to the decimal of 7«. 9^d» 
Here, it would seem, that the best way is to 

reduce first to the lowest denomination,/ar/i&tfi^«, 
and then to divide the former quantity by the 

latter : it is plain, however, that the twa may be 

a little simplified, by dividing each by 3 : tiios^ '36 

28. 9id. _ lljd. _ 45/ _ 

TTap. "" 2^7^: "• 125/ "" *' ^® ''*^®' 
therefore, merely to turn the fraction, ^, into a decimal, bj 
actual division, as in the margin ; so that 28. 9^. is '96^ 
that is, 36 kundredth8 of 78. 9^d. 

6. Reduce 7 drams to the decimal Er. 9. 
of 1 lb. avoirdupois. '28 £ 

Here, _'^,, = -027344. ^'^ 



5)^ 

5)1-8 



112 
28 

•375)-392(l£ 
375 

17 
20 



16X16 

7. Reduce 14 min. to the decimal 
of a day. 

8. Find the value of -0125 lb. troy. 
Here, -0125 x 12 x 20dwt=3dwt. 

9. If I yard cost -^Ay what will 
l-f- yard cost ? 

Here, | = -375 ; 
If = 1-4; .-. -375 

: ^^^^ £ = £ 1 0#. IIA 

nearly. 

Exerei8e8. 
Required the values of the following decimals, &c. 
1. -09375 acres. 2. 3-6285 degrees. 

3. '4625 tons. . 4. -4375 shillings. 



1-4 



*28, and 
:: •28£ 



•340(0*. 
12 

4-08(11 J. nearly 
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5. *nU5 of £2 IQs. 6. *4694 lb. troj. 

7. £l9 17*. 3J<i in pounds, 8. iVr^^VkV ^^ fleciioak 

9, Eeduee 9^. to the decimal of a ^- 
1U. Reduce 5 h, 48 min. 4 9 '7 sec* to tbe decimal of a daj< 
n. What is -315 of 2 lbs. 7 oz, 15 dwt iro^ f 

12. Multiply £3 4^. 6^. by 1-46875, and find tbe prodttct 
in £ s. d. 

13. Divide £lO lis. M. by 29^25, and find the qnotient 

in £ «. d, 
U, What common fractions are eqnal tol^36and"1634? 

15, The time between one new or full moon and the next is 

29*5305887 days: reduce the decimal to hours, minutes^ 
and seconds. 

16. The circumference of a eircle is 3-1416 times the 

diameter: the carth'e circumference is about 2 48 57 

y miles : find its diameter, as near aa can be depended 

^^ on ; the 61, in the foregoing decimal, being slightly too 
^^ great* 
17p The diameter of the eun is about 883920 miles: find its 

cipcu inference, as near as can be trusted (see Ex, 16). 

18. What is tbe value of ^121875£ + 17ir. 6fJ.? 

19. What is the vulue of ^875£ 4-^37 crown? 

20. Work tbe following by decimals; If 2| qrs. of engar 

cost £1 lis, Bd,, what will 1 cwt B qr^ 21 lb. cost? 
2L If 24a«- 3 ro. 39 per. can be reaped in 12 j hours, bow 
much can be reaped by the same hands in 15 h* 
48 rain. ? 

22, If £6 13j. be the wages of 8 men for 3-25 days, what 

will be the wages of 20 men for 9'25 days ? 

23, Find the value of '34 of -26 of £2 13*, Irf. 

24, Reduce 47 of -23 of 7e. l^d. to the decimal of £l 14*. B^d, 

t(92.) M^curring^ or Circulating Dtcimah, 
fore concluding the arithmetic of decimals, it ia proper 
to say a few words about what aie called recur rin^^ or cir^ 
eulating decimals. They are so called, because the figurea 
of which they consist continually recur, presenting either a 
constant repetition of the same figure^ after a certain num- 
ber of figures, or a repetition of the same set or row of 
%urea : thus, -3333 .... is a recurring decimal i so also Is 
'7543543 . . , , and '592592 . . * , , &c In the first of these 
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infltances, S is the reeuning figure ; in the second, 543 is tbe 
recurring period^ as it is called ; and in the third, the recur- 
ring, or circulating period, is 592. Instead of repeating the 
period, it is customary to write .it but once, and to put dots 
over the extreme figures of the period, hy which we are to 
understand, that those figures recur without end : the three 
instances just noticed would thus be more briefly expressed ai 
follows : *$, 'itiiy and *t9i. Decimals, of which the figures 
have this periodic character, very frequently present them- 
selves in converting a common fraction into a decimal; 
indeed, they alwaj^s present themselves whenever the deno- 
minator of a vulgar fraction, in its lowest terms, is not 
entirely resolvable into fstctors consisting of 2's and 5'a 
You are aware, that, in order to convert a fraction into a 
decimal, we divide the numerator by the denominator, con- 
tinually annexing zero after zero to the former, till the 
operation terminates of itself, or till we arbitrarily put a stop 
to it : and it is plain, that if we are at liberty to put as many 
s as we please to a number, that number, with the zeros 
attached to it, will become divisible, without remainder, by 
as many 2*8 and 5*8 as we please. Hence, a fraction whose 
denominator has no other simple factors but these, is always 
equal to 2^ finite or terminable decimal : but, if other faetm 
enter, or, which is the rame thing, if, after removing all the . 
2's and 5's, a factor still exists in the denominator, then, the. 
decimal, equal to the fraction, will be interminable^ be<Aiisd 
this remaining factor, not being divisible by either 2 or 5, 
must terminate, either in a 1, a 8, a 7, or a 9 ; and no ouo- 
tient-figure, multiplied into either of these, can ever prodooe 
a 0, as the terminating figure of the product, so that we 
might bring down O's continually, without any hope of the 
work ending of itself: the following are a few instances. 



\ = -1111... = -1 
^ = -0909 . . . = -Od 
^ = -592592 . . . = -692 



^-y = -008497135 
i|if = 4-764S 
tV = -052631578947368421. 
As the last of these examples shows, a very simple fraction 
may give us a good deal of labour, before we can determine 
the circulating period of its equivalent decimal : * but, in a 

* A method of abridging this labour was given by Mr. ColsoOi in 
Sir Isaac Newton's '' Fluxions." An analogous method, much more 
conyenient and expeditious, was proposed by the author of this Rudi- 
mentary Treatise, in Vol. xzzvi. of the Philosophical Magazine; the 
numbers for January and February, 1850. 
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like tbis^ aticli deterniimition wo old be more cunoiia thaa 
useful ; it is easy to prove^ howeTer, tliat^ the fraction being^l 
ID its lowest terms, the period can iiover have so many fignret 
ss there are units in tlio denominator of the fraction : in the 
ease of 1^7 for instance, we might he an re that tlie period 
Mold not have more than eightoen figures, which number we 
flee it actually contains. The reason is this: the period can 
extend itself only so long as the successive remainders we 
amy© at^ in carrying on the division, do not recur : when- 
ever we come to a remainder, the same aa ono all's ady em- 
J^Ioyed, then, of course, the quotient-figures between the two 
most aJao recur ; but this recurrence is postponed so long m 
the remainders continue to be all different; and as no re- 
mainder can be greater than the number which Is a unit lesa 
than the divisor, it is plainly impossible that there can be 
fnore diiTerent remainders than is expressed by the divisor, 
fninitM 1* And this is, in general, all that we can say about 
the extent of the period, previously to actual trial. 
* Although recurring decimals are thus always interminable, 
[yon are net to infer, that interminable decimals are always 
l-ecurring; thoae only are recurring which arise from the 
derdopment^ as it is called^ of a vulgar fraction; such 
decimals are always convertible back again into the finite 
fractions to which they are equivalent ; but many lu terminal 
Ha decimal values occur in calculation which cannot be repre- 
Bented by a finite fraction, and which, therefore, are not 
recurring decimals. Of such decimals, only a finite portion 
of the interminable row can be used tu computation, so that 
some ansount of error in the abridged forms is unavoidable ; 
in the preceding articles, I have shown how to exclude from 
any result that part of it which this imperfection wonld 
influence- When the decimals with which we work are 
recurring, the imperfection, consequent upon our using only 
a finite number of figures, can he rendered as minute as we 
please \ for one period being given us, we can always add on 
as many true decimals o^ we like, instead of employing zeros 
wheo we want additional places ] to use zeros for such a 
purpose in recurring decimals, you will, of course, see, 
would be an intentional departure from strict accuracy ; but, 
in dealing with circulating decimals, the way to avoid imper- 
fectiou altogether, is to convert them into their equivalent 
ndgar fractions ; the rule for this is as follows. 
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(93.) To convert a Recurring Decimal into its equivalent 
Vulgar Fraction* 

Rule 1. Write down only the figures afiter the dedmal 
point, up to the end of the first period, omitting the leading 
O's, if there he any, and consider the numher thus written to 
be a whole number, 

2. Subtract from this whatever portion of the decimal 
there may be which precedes the period, regarding this 
portion as a whole number also ; the remainder will be the 
numerator of the equivalent fraction. 

3. For the denominator^ write as many 9's as there are 
figures or places in the period, followed by as many O's as 
there are decimals preceding the period. Prefix to the frac- 
tion whatever whole number may have been prefixed to the 
decimal. 

Ex. 1. Convert *0d into its equivalent fraction. 

Here, omitting the leading 0, we write 9 as a whole nuni' 
her ; and as no decimals precede the period, the 9 will be the 
numerator of the required fraction, and 99 will be. the deno- 
minator : therefore the fraction is -^ = •^. 

2. Convert '69^ into its equivalent fraction. 

Here, agreeably to the rule, the fraction will be |}{) 
which, by dividing numerator and denominator by 37) le* 
duces to ^. 

3. Convert 4*764$ into its equivalent fraction. 

Here, the figures first to be written down are 7543, as a 
whole number, and frx)m this, the whole number 7 is to be 
subtracted: the numerator is therefore 7536, and the deno- 
minator 9990; consequently, the fraction, with the whole 
number 4 prefixed, is 4fffJ = 4^4|f = i^. 

Exercieee, 

Reduce to fractions the following decimals. 
•I35, 2-418, -5626, •0044d, 3-756&, 621-621, -02434, 
•857142, I-O378, -008497133. 

To understand the principle of the rule, it will be snfficteot 
to attend to the following simple and obvious oases, namely, 

^ = -11111....,^ = -010101...., yfy = -001001 , 

■^Ji^ = -00010001 . . . , &c., from which it appears, that a 
recurring decimal, whose period commences inunediately after 
the decimal point, is converted into an equivalent fraction, 
thus : if the period consist of but one figure, this figure, taken 



ntrOLUnOJ^ AKD EVOLUTION* 13^ 

«8 a whole number, must be mTiUi plied bj ■}■ ; if it consist of 
two figures, tliese, taken as a whole nmaber, must bo mul- 
tiplied by J|- ; if it consist of three figures, the number muat 
be multiplied bj ^^ ; and eo on : thus, -S ^ f or -|^ ; 'I — i; 
•692 = |-|4» &cr, ^ which is aecording to tUa rule. If the 
period do not commence immediately after the decimal point, 

m, for instance, in ^7645, then -TSiS = —^ = "^^^" = 

7x999 + 543 7000—7+543 7543—7 

9^90 = ^0 = ^^SIRT ' ^^''^ ^^^^^ 

mtli the rule. lu like manner, •27543 = — — - 1^ -^-^ 

' 100 100 

_ 27x 990 + M3 _ 37000-27 + 543 _ 27543-27 _ 

*" 99900 99900 "" 99DOO ' 

fio on, agreeably to the rule. 



(94.) INVOLUTIOK AND EVOLUTIOK 

When a set of ^gtml factors are multiplied together, this 
particular case of multipliCEtion m called inj^aiuUon^ and the 
product ifl called a power of the number or factor, thua 
repeatedly uaed. If the number be simply ranltiplied by 
itself, the product is the second power ^ or Eqnar^ of that 
number : if tho second power be also multiplied by the num- 
her, the product is the third power ^ or cube of that number ; 
if, again,jfAi* bo multiplied by the number, the product is the 
fourth power of that number; and eo on, the number of 
times we thus use the same number as factoT, always marking 
the power of tliat number, so that numbers may he raiisd to 
the fifth, sixthj seventh, or any other power, however great, 
provided only we have the patience to d^ry on these snc- 
oessive multiplications by it. 

Aa this operation of involution is no more than common 
multiplication, there is nothing for me to explain in reference 
to the mode of performing it ; and I here mention it, ebielly 
for tho sake of showing you the meaning of a term in fre- 
quent use, and of iutroducing another particular in notation. 

From what has just been said, you see that the second 
power^ or Sfpuirs of any number, 3, for instance, is thaa 
indicated : 3x3 = 9; that is, the s^oare of 3 is ; that the 
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third poieer, or eub« of 3, is 3x3x3 = 27; that ii, th^ 
cube of 3 is 27 : that the fourth power of 3 is 3x3x8x2 
== 81 ; that the fifth power is 3x3x3x3x3 = 243 ; ^\ 
fio on, to any extent You eeo that it would soon becon 
inconrenicat and teJioui to repeat the equal factors in i\k 
way, when high powers are to be indicated ; and to avoid thii 
a Teiy neat and brief form of notation for powers has " 
devised i the number to be involved or raised to the proposi 
power, is simply written down ; and then, over the right- haill 
upper comer of it, is placed, in eraaller type, another numbernj 
expressing the pow^r intended : thua, 3^ iudieates the squ^riA 
or s^ond power of 3 ; 3' indicates the cubs, or third powea 
of 3; 3* indicates ihQ fourth power of 3 ; 3^ the eighth power ' 
of 3 ; 3^ the twelfth power; and so on. The number whicK 
involved in this way, producca a power, is called the root of 
that power : thua, 3 is the square^root of 9 ; it is the euU- 
root of 27; the fourth root of 81 ; and go on ; the notation 
for a root is the aymbol y, which, when no small figure ia 
attached to itj implies, simply, the iguare-rooi ; when the 
cu^^-root is intended, a little 3 is connected with the symbol, 
thas i/; when the fourth root is meant^ a little 4 is used^ 
ihoa y ; and so on. You will now have no difficulty in 
making out the meaning of the following statements. 

Since 3=^= .\ ^9 = 3; since 3*=; 27 A ^27 = 3; eioce^ 
34=81 .\ i/Bl^Si &c. 

Since 5^= 25 :. -/2.5 = 5 ; since 4^= 64 .\ ^64 = 4 ; einof 
7*=240lAy24t>l==7; &e- 

(^5,) There is one thing that must occur to you in lookiB^" 
over these particulars: it is this, — that although the pomr 
proposed ia very easily got from knowing the root^ yet that it 
is not so easy to discover the root when we know only tbs 
potoer ; thus, you would find it no easy matter to get tlis 
fourth root of 2401, had you not previoualy seen that it waa 
produced by successive midti plications of 7 by itself. This 
remrae operation, by which any proposed root of a number irf 
foundj is called Ewohuion. The process of Involution is uni- 
form, whatever bo the power to which a number is to b© 
raised ; hut it is not so with Evolution : tho rule for the 
Mquar&-raot would help you but little towards finding the 
cuhi-rmt^ the fifth root. Sec* I am now going to show yott 
how the square-root of a number is to be found, and after- 
wards how the cube-root is to be found ; but I must pre- 
viously tell you that compaxatively few numbers are fMf 
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or etthm; tbat ia, numbera actnsUy produced by 

i^tiirfff^ or cubing other numbera. We cannot, of course, 
find by rules what does not strictly exist; but by aid of 
decimab we can obt<yu approxitiuite e<juare-root9, and cube- 
loots of all n umbers : tbat is, by applying onr general rules 
we can, by means of decimals, obtain a number which, when 
^uared or raised to the second power, sliall produce a num- 
ber differing from the number whose flquare-root ia required 
1>Y a fraction or decimal aa small as we plm,se. And we can 
abo obtain a number which, when cubed or raised to the 
tliird power, shall produce a number differing from the num- 
ber who«e cube-root ia required by a decimal as small aa we 
please ; bo that such square and cube roots may be tiiken as 
trm aquare and cube roots, without any sensible error* 
Decimals are very useful in all calculations, where ap- 
pr(mmale values only are attainable. The following ia the 
tule for finding the square-root accurately of a number, when-* 
ever that number is strictly a s^|uare, and for finding the 
square- root approarhnntely to any extent of decimals when 
, tke number is not an exact square* 

^B (96,) To extract the Sguure-root of a Number. 

' Rule 1. Prepare the number for the operation thus : — 
ComTnencIng from tlie decimal point, mark ijff the two final 
fignrea of the integral portion of tlie number; then the two 
figures which precede them ; then the two before these ; and 
60 on, cutting up the integers in this way into aa many 
period^} of two figures each, as you can : and, returning to 
the decimal point, mark off pairs of decimals, proceeding 
from left to right, in the same way- As we are at liberty to 
put a at the end of the given decinials, we may always 
make the number of th^m even ; so that the decimah will 
eonsiat of complete periods, without any odd figure over; 
but if the integers be odd in number, then, besides the periods 
of two figures eajch, there will be the leading figure standing 
singly ; this leading ligure, however, is still called the Jirst 
period, 

2, Attend only to the first period, and find the greatest 
number whose square does not exceed the immber in that 
period. This can never be matter of the slightest di fiioulty ; 
for as the period can never be a nuuiber of more than tiro 
figures, it will be very oa&y to see which of the nine digit 3 

fffflultipiied by itself approaches nearest to iL The greatets 
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number thus found is the first figure of the root : write it in 
the place in which you would put it if it were the first figue 
of a quotient; that is, to the right of the proposed number; 
subtract the square of it from the first period, and to the 
remainder annex the second period^ and jou will hare a 
number which may be called thejirwt dividend, 

d. After this leading step the operation assumes a new 
form. To the left of the first dividend mark off a place for 
the corresponding first dirisor, which you find thus: — ^Pnt 
twice the root-figure just found in the divisors place; the 
leading figure, or if the root-figure exceed 4, the two leading 
figures of the required divisor will thus be found, and yoo 
will now have a dividend, and the leading figure or fignrei 
of its divisor, to find the corresponding quotient-figure; and 
you know, from common division, that it is mainly the leai* 
ing figures of a divisor which suggest the first figure of the 
quotient Find then the quotient-figure from this ineon^phte 
divisor ; the quotient-figure thus found forms the second 
figure of the root, and, annexed to the incomplete or trid 
divisor, it renders it complete; you have only then, as in 
division, to multiply the complete divisor by the figure just 
found, to subtract the product from the dividend, and to 
annex to the remainder the third period; you will thus have 
the eeeond dividend. 

4. Proceed step after step in this way, writing against 
every dividend twice the number formed by the rooi-fignres 
previously found; you will thus always get the incomplete 
or trial divisor belonging to that dividend, and thence a new 
root-figure ; with which, as before, the incomplete divisor is 
to be completed. 

You know that in common division the quotient-figme 
suggested by the leading figures of a divisor is not always 
the trtie quotient-figure; for we cannot always foresee the 
full influence of the carryings. So here, the root-figure^ 
suggested by an incomplete divisor, may prove to be eiT0> 
neons when that divisor is completed, and the multiplication 
of it by the figure under trial executed. In such a case we 
do exactly as we would in common division. (See page 80.) 

An example worked at length will sufficiently iUustnte 
the rule. 
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obvious, from tht.* leafling figure, tliat tliia, wben completed, 
will be grtaier tlian the dividend; hence, the next root- 
figure is ; and the next dividend, foruie<l hy aaneiiflf 
auotiier pe^io^l of ^eroa, is 30700000^ the cormspondilig 
inegmplete divisor being 4765S0, the double of the root* ^ 
far aa it goes. The incomplete divisor givea 6 for the neit 
root-figure, and 4765806 for the complete divkor; and, by 
brining down ^ro periods in tliia way, etep after step, m 
may extend the root to as many decimal platjes as we pleim. 
In the work in the margin, it hae been carried to four pUees 
of decimals, and the number 238'2£)0d, thua determined; ii 
said to be the approximate sf|uaTe-root of 50782*432; and 
tiie deeiijials are all true, aa far aa these four places, Nevef- 
thelesa, as more deeininla would fcjllow if we were to coatinDe 
the work, the final figure, 6, needs a fractional correction j 
we know that it is too small, by flome fraction, or decimal of 
a unit, in the fourth place. On this account, we coald not 
expect to recover the proposed number exactly^ by aqnanBg 
this incomplete root. JH 

From the principles already taught (page 1 20), you kn^| 
that if yoQ were to multiply 238 "2906 by itself, the leauU 
could not be depended upon beyond tho first 
decimal; for, aa there are seven figures in each 238-2000 
factor, and but eight decimals in the coiuplcte 6092832 

product, tiie number of decimals to be depended 

upon is only 8 — 7 = 1, the other aeven deci- 4765812 
mals being necessarily inaccurate* You must 713872 
always keep in reniembraiice the influence of 1 90632 
this error, in the last decimal of an approximate 476 fl 

result, whenever you have occasion to use it 2144 

in multiplication or division ; and be careful to 14 

avoid the common mistake of supposing thiit, — — 

because you have got the a<juare-root of a 55782*4 

number true to several places of decimals, that 

the square of that root can be true to anything like the 
aame extent. The squ^are of the root just obtainod, as far 
us one decimal place, which Is all that can be safely de- 
pende<i on, is found by eontnicted multiplication, us in the 
margin** If you take the trouble to multiply the root by 
itself, without any contraction, you will find the product to 
be 56782-41004836. By extending the decimals 



* See note, page 125* 
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loot, tbe square of the root may be made to differ from the 
number proposed by a quantity smaller than any that can be 
assigned; so that you always have it in your power to 
mfproasimate to the truth, as closely as you please. 

(97.) We must now return to our worked-out example at 
page 148, for I have some particulars to mention to you, as 
to the abridgment of the operation. You may, in general, 
take it for granted, unless the contrary plainly appear, that 
when a number containing decimals is given you to work 
open, the final decimal of that number will be only approxi- 
mately true. You may consider, therefore, that the num- 
ber proposed in the example referred to, has, in its complete 
state, a long string of decimals, and that the decimals have 
been reduced to three, for convenience, or, because more than 
three decimals would encumber the value with an unneces- 
sary degree of accuracy; consequently, when we have used 
the final decimal 2, we may conclude, that the final figures of 
the subsequent dividends will be afiected with error, and our 
business is, to exclude the influence of this error from the 
figures of the root. It is plain, therefore, that after having 
arrived at the dividend, 43192, and its divisor, 47649, con^ 
iraeted division only should be used : you must see, too, that 
as each divisor difiers from the next ^ria^-divisor following, 
only by having the double of the new root-figure added to it, 
these successive additions can have no influence on any con^ 
iraeted divisor, because the figures that would he influenced 
become cut off. Hence, after the 

final decimal 2 has been used, the 4,7,6,4,9)43192(9064 
remaining part of the operation is 42884 

simply that of contracted division, 

whioh terminates of itself, as soon 308 

as all the root-figures that can be 286 

depended upon are obtained: the 

root may, therefore, be extended, 22 

as in the margin ; and we may con- 19 

sider it to be correctly determined, — 

as fiur as five places of decimals; 3 

its value being 238*29064 : but as 

the quotient-figure 4 is somewhat more helow the truth than 
5 18 above it, it might be better to write 238*29065 for the 
root ; if we knew that the final decimal in our proposed num- 
ber were a little too anally we should affirm the latter to be 
the better approximation to the root ; but, if we knew that 

H 
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oar proposed number were a little too great in its last deci- 
mal, we should prefer the former i4)proximation : we cannot, 
therefore, be quite sure as to the latt decimal, within a nnii 

In the following example, contraction is used as soon as 
the decimals in the given number have been employed. 

2. Extract the square-root of 58352*74. 



5,83,52,-74(241-5631 

4 



44)183 
176 



481) 



752 
481 



4825)27174 
24125 



The work in the margin 
shows the root as far as 
four places of decimals to be 
241*5631 : you cannot de- 
pend upon it to any greater 
extent 

(98.) I think you must now 
sufficiently see the manner in 
which you are to proceed 
with the extraction of the 
square-root, when you desire 
that root to be encumbered 
with no more decimals than 
you can place reliance upon. 
You can, of course, adopt the 
same method of contraction, 
when you have to approxi- 
mate to the square-root of 
a whole number, in itself not 
a square : as the process, left 
unchecked, would go on with- 
out end, you would fix a 1 
point at which restraint should 

be put upon the inovease of figures; and, by using con- 
tracted division from that step, bring the operation to a 
dose : you can always easily see, from counting the number 
of figures in any divisor, how many root-figures, from that 
stage of the work, will be added on by the contracted di- 
vision. 

After the first step in the extraction of the square-root, 
you need not take the trouble to multiply the root-figures by 
2, in order to get the several trial, or incomplete divisorg, 
since each trial-divisor is formed from merely adding twice 
the last root- figure to the preceding divisor; in practice^ the 
several trial-divisors are always derived from one another m 
this way. I may also remark here, that some people mai^ 
off the periods, in the number proposed for extraotion, by 



4,8,3,0) 3049 
2898 
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potting a dot over the last figure of each period : thus, the 
periods of the number in last example are distinguished in 
this way ; ts&5i'7i : you can, of course, use, in your own 
piaotice, whichever way you please. 

(99.) It is not easy to ghe a satisfiictory proof of the foregoing method 
of extracting the square-root without the aid of algebra ; but I will 
endeavour to explain the reason of the several steps of the operation by 
help of arithmetic only. To understand this explanation, you must first 
become convinced of the following property : namely, that if any number 
be separated into two parts by the sign plWf the square of that number 
will always be made up of the squares of the two parts plus twice the 
product of those parts. Take, for instance, the number 9, of which the 
square is 81 ; this square is made up of the squares of 4 and 5 (which 
together make 9) plus twice 4x5; it is also made up of the squares 
of the two parts 3 and 6 plus twice 3x6; or of the squares of the two 
parts 7 and 2 plus twice 7x2, and so on : that is, 9^—4^ + 2 (4 x 5) -i- 5^ 
=3«+2(3x6) +6««7« + 2(7x2) +2«=8» + 2 (8x 1) +P, &c. And 
the same property holds, whatever be the number, and into whatever two 
parts it be separated. It is this general property that has suggested the 
rule for the square-root. Let us take any square number ; the square of 
8764, for instance ; which is 76807696. If from 

having this square given, we wished to return to 7)^^80^76^96(8764 

the root, we should readily foresee, that by '- 64 
dividing it into periods, as already explained, — 

and then regarding only the first period 76, the 167)1280 
leading figure 8 of the root could be at once 1169 

discovered. As the local value of this 8 is 8000, 

we know, from the foregoing property, that the 1746) 11176 
proposed number, is made up of the following 10476 

parts: namely, 80002 + 2 (8000x764) +764S 

which is the same as 8000« + (2 x 8000 + 764) 17524) 70096 
764. So that after having subtracted the square 70096 

of the first root-figure, the remainder, or what 

has been called above the first dividend, is (2 x 8000 + 764) 764.* The 
divisor for this, which would supply accurately aU the remaining figures 
of the root, namely the figures 764, is evidently 2 x 8000 + 764. But this 
divisor we cannot completely get, as the figures 764 which enter it are 
those of which we are in search ; but we can get the greater part of it ; 
namely, the part 2 x 8000, from knowing the already-found first figure 
8, or in strictness 8000. We avail ourselves, therefore, of this, and call 
it our first tricU, or incomplete divisor ; this assists us in discovering the 
single figure 7» by which we are enabled to correct our trial divisor, by 
adding to it the part thus suggested, namely 700 ; and so corrected, we 
call 2 x 8000 + 700 our complete divisor , since it completely answers for 

♦ The remainders, or dividends, are conceived to have the figures of 
Hie proposed number, afterwards brought down two at a time, to be 
aetnally appended to tiiem ; but, just as in long division, the remainders 
•re kept free of these additional figures till they are wanted for use, in 
order to save unnecessary repetitions. It may bie noticed here, that the 
notation above means that the whole of the quantity enclosed in the 
brackets ia to be multiplied by 764. 

n2 
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tiia figure 7 of the root, though not for the figures which follow. After 
■toltiplying this complete divisor by the local value, 700, of the quotient- 
figure 7, we get (2x8000 + 700) 700, which subtracted from the lint 
dividend, leaves 2 x 8000 x 64 + 764*— 700*. But by the general property 
with which we started, 764"- 700* 4- 2 (700x64) + 64*: consequCTOy, 
the remainder spoken of is 2 x 8000 x 64 + 2 x 700 x 64 + 64* ; or, iriiich 
is the same thing, 2 x 8700 x 64 + 64*- (2 x 8700 + 64) 64. And this is 
our ieeond dividend. Now just return to the preceding expression for 
the /ir»t dividend, and you will observe a perfect correspondence ; the 
first dividend consists of twice the number already in ttte root + the 
number formed by the remaining figures, multiplied by that number ; 
so here the tecond dividend consists of twice the number already in the 
root + the number formed by the remaining figures, multiplied by that 
number. Consequently, just as we got the second figure of the root oat 
of the first dividend, so we may now get the third figure out of the second 
dividend ; that is, the step by whi(£ the third figure is to be obtained 
must be exactly similar to that by which the second was obtained ; and 
therefore, figure after figure is to be found by a series of uniform steps, 
as in the operation given at length in the margin, which you will find 
upon examination to be in strict accordance with what is here explained, 
when the several remainders or dividends are completed, by the latter 
figures of the original number being appended to them. In the work, 
these figures, to save repetitions, are not actually brought down till they 
are wanted. 

Exercises. 

Extract the square-root of each of the following numbers, 
those of them which terminate in decimals being onlj ap- 
proximately true in the last figure, except where otherwise 
stated. 

1. 31-782153. 2. 115-297356. 

3. -3236068. 4. 11, to six decimals. 

5. 473256, to three decimals. 6. 3, to eight decimals. 

7. 903687890625. 8. 365, to eight decimals. 

9. 32*398864, the last decimal true. 

10. -000729, the last decimal true. 

11. 784-375 12. 79-182. 

13. 68-736, to nine decimals, the last, 6, being true. 

14. 29|^^. 15. 104^ 

16. 17f, to five decimals. 17. 15f, to six decimals. 

18. 794|, to eight decimals. 19. 34-867844. 

20. The recurring decimal 7* 6631 to seven places. 



(100.) There is another way of arranging the work for the 
square-root, which, although it presents to the eye more 
figures, and takes up more room, is nevertheless well worthy 
of your attention, on account of the very simple character of 
tlte several atepa ; and because, moreover, the operation, when 
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tlins arranged, becomes only a particular case of the general 
piooess for the extraction of any root, however high. The 
operation, too, is the same, whether the sought root be that 
d a number merely, as here, or that of a numerical equation ; 
80 that, if yoo ever advance to algebra, you will find a fami- 
liarity with the arrangement given below to be of much 
assistance to you in an important part of that subject. The 
work of the example last given, in the form here recom- 
mended to your notice, is as follows : — 




8 


76,80,76,96(8764 
64 


8 
8 

-(1) 


1280(1) 
1169 


16 ' 

7 


11176(2) 
10476 


167 
7 
_(2) 
174 
6 


70096(3) 
70096 


1746 
6 

(3) 

1752 
4 





17524 

By comparing this with the work of the same example at 
page 147, you will see that the two operations differ only in 
arrangement. In the latter form, 1, 0, and the given num- 
ber, are written in a row; the stands at the head of a 
xx>lnmn of work which gives the trial and true divisors ; and 
the given number stands at the head of a column which fur- 
nishes the corresponding dividends; each trial-divisor, with 
the dividend to which it belongs, is marked (1), (2), &c, 
merely for the purpose of directing the eye to those numbers 
in the two columns which are directly concerned in the 
determination of the several root-figures ; each true divisor is 
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always one step below the trial-diyisor, which suggests it. 
The several steps of the work are of the simplest kind: 
having found the first figure 8 of the root, the 1 is multiplied 
by it, the product added to the 0, the result multiplied by 
the same 8, and the product tubtracted from the first period : 
the 1 is again multiplied by the 8, the product, as before, 
carried to the divisor-column, and thus one step of the work 
is completed. The trial-divisor, 16, now suggests the next 
root-figure, 7, which, as before, is a multiplier of the 1 ; the 
product carried to the divisor-column gives the true divisor, 
and the product of this by the 7, carried to the dividend- 
column, and subtracted^ gives the next dividend (2) ; the 1 
is again multiplied by the 7, and the product carried to the 
divisor-column, completes the second step ; and so on, all the 
steps being uniformly the same. 

(101.) The operation for the cube-root of a number is 
merely an extension of this easy kind of work. In this case, 
the row at first written consists of 1, 0, 0, and the given 
number ; this latter being now divided into periods of three 
figures each, the cube-root of the first period forms the first 
root-figure ; this, as before, is used as a constant multiplier 
throughout the first step or stage of the operation, the pro- 
ducts by it contributing to form ttco columns of work under 
tlie O's, and a third column under the given number : thus, 
the root-figure is applied, as a multiplier, to the 1, and the 
product is added to the first ; the same multiplier is applied 
to the sum, and the product added to the second 0; the 
same multiplier is applied to this next sum, and the product 
subtracted from the first period. To complete the step, we 
return to the 1, applying still the same multiplier, adding 
the product as before to the first column, applying the same 
multiplier to the sum, and adding the product to the second 
column, at which we now stop : we then return again to the 
1 ; apply the multiplier, and add the product to the first 
column, carrying the process no further : the first step is now 
completed ; the number last found, in the second column, is 
the trial-divisor for finding the next root-figure ; with which 
root-figure we proceed through the same course of multiplica- 
tions, &c., as at first, and thus get, under the trial, the true 
divisor, and thence the next dividend. 

The following example exhibits the steps at length, the 
numbers in the three columns, which appear at the end of a 
step^ heiDg marked (1), (2}» &c., as in the square-root form*.. 
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Ex. 1. Extract the cube-root of 411001037875. 

1 

7 



7 
7 

14 

7 
— ( 
21 



(1) 



15556 

872 



.(2) 
16428 
6669 





49 

49 
98 

-0) 

147 
856 


411,001,037v875(7435 
343 

68001 (1) 
62224 


5777037 (2) 
4948407 



828630875 (3) 
828630875 



222 



(2) 



1649469 
6678 

(3) 

1656147 
111475 

165726175 



2229 



.(3) 



22295 



You of course see why the figures below the (1), (2), &c. 
in the first column are put each oue place further to the 
right ; it is because the root-figures which produce them are 
each one place further to the right, the local value diminishing 
at a ten-fold rate. The corresponding numbers in the second 
column are pushed two places to the right, because the mul- 
tiplicand and the multiplier from which each is produced have 
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loth of them adv^anced one place to tbe right ; and the figures 
are pushed three places to tbe right in the next column, be- 
cause the multiplicand has advanced tico places and the mul- 
tiplier one* 

(102.) The foregoing process maybe extended indefinitely. 
It may be applied to the finding of the fourth, fifth, sixth, or 
any higher root of a number : for the fourth root there will 
be four columns of work, for the fifth five columns, and so 
on.f But this is not the place to prosecute the subject 
further ; for additional information you must consult the 
works referred to at the close of the foot-note below, as also 
for an explanation of the reason of the operation above, which 
cannot be made sufficiently intelligible without the aid of 
algebra. I shall give you one other example in the cube- 
root, in order that you may see how the work is to be con- 
tracted when the proposed number ends in a decimal not to 
be depended upon; or when only a prescribed number of 
decimals is required in the root You will observe, by 
examining what follows, that the contractions are so ma- 
naged as to exclude every decimal that would extend beyond 
the proposed limitation. 

* Should any reader of this little work be already acquainted ¥rith 
arithmetic, bat acquainted with it only as it is taught in the common 
school- books, he will be agreeably surprised to find that a subject which 
must have occasioned him so much perplexity as the extraction of the 
cube- root, resolves itself into the above simple process. I claim no 
merit for it myself; it is due to the late Mr. Homer, of Bath, as a par- 
ticular application of bis general method of solving numerical equations. 
One or two recent writers on arithmetic have had the discernment to see 
its superiority over the common rule, but not the generosity to mention, 
in connection with it, the name of its indefatigable author, — a man who 
has done more for the practical advancement of that part of calculation 
to which it belongs than any other mathematician since Newton. In 
order to prevent the possibility of this reproof being improperly applied, 
1 must add, — though the addition is quite superfluous to those who know 
anything of his personal character, — that Professor De Morgan, who 
uses Homer's method in all his arithmetical writings, is never chargeable 
with this disingenuous oversight. 

Students who may wish to know more about Homer*s method, may 
consult my recent ** Introduction to Algebra, and to the Solution oif 
Numerical Equations ;" " The Analysis and Solution of Cubic and 
Biquadratic Equations ;" and ** The Theory and Solution of Equations 
of the Higher Orders." This latter work, which, with the separately 
published •* Appendix,*' costs 18«., is fit only for the advanced student. 

i* The fourth root may be obtained by first finding the aqtiare-roott 
and then the square-root of the result. 
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t Wliat is the cube-root of 98375-112 ? ♦ 

98375-112(46163112 

4 16 64 

— — — 46-163112 
4 16 34375(1) 21136164' 
4 32 33336 — 

— —(1) 18465245 

8 48 1039-112(2) 2769787 

4 756 636-181 46163 

— (1) 27698 

12 5556 402-931(3) 1385 

e 792 383-036 46 

(2) 5 

126- 6348 19-895(4) 1 

6 13-81 19-178 

— 2131-03300 

132 6361-81 -717 21136164 

6 • 13-82 -639 



(3) 852413200 

6375-63 78 127861980 

8-30 64 2131033 

— 1278620 



138*1 6383-9,3 14 63931 

•1 8-3 13 2131 

(4) — 213 

138-2 6392-2 1 4 

•1 -4 

(3) Proof... 98375-1 11 

l,3,8,-3 6,3,9,2/6 

To the above work I have annexed the reverse process of 
finding the cube of the root 46-163112, which, you see, may be 
depended upon as true, up to the sixth decimal place. In the 
first multiplication, which gives the square of the root, I have 
contracted the result to four places : in the next multiplica- 
tion, which gives the cube, the factors are also arranged for 
four places of decimals ; but, agreeably to the recommenda- 
tion at page 126, only three of these places are preserved, in 
adding up the partial products. The result, you see, fully 
verifies the operation by which the root has been found ; for, 
afl the final remainder in that operation is 1, the number 

* The dedmal points in the several steps of the work may be omitted ; 
bat I think it safer to preserve them. 

h3 
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actually exhausted by the process is 98375*111. And yon 
may, in general, consider the last decimal of a root deter- 
mined in this manner as true to the nearest unit.* 

(103.) I shall conclude with a few examples, for exercise, 
recommending you to use the contracted method, for deci- 
mals, as soon as you are familiar with the process in its 
uncontnicted form. And now having conducted you to this 
point, I think I may presume that you are in full possession 
of every important principle in the elements of Arithmetic 
The remaining few pages will be occupied with certain 
business-calculations, of too easy and obvious a character to 
render it necessary, with your present knowledge, that I 
should accompany them with the same minute details, and 
lengthened explanations, that I have furnished to yon in 
what has preceded. If you have only made yourself com- 
pletely master of what has now been taught, you may take 
up any more extensive treatise on Arithmetic, with the fullest 
confidence, that you will meet with no difficulty beyond your 
powers of successfully contending with. And, what is better, 
you will, I think, have acquired a deeper insight into the 
true principles of arithmetical calculation, than the majority 
of such treatises can afford you, inasmuch as you will have 
been habituated to think for yourself, to look for recuans as 
well as rules^ and so have been fitted, by the proper mental 
preparation, to enter safely upon any department of icience 
you may hereafter feel disposed to cultivate. 

Exercises. 
Find the cube- root of each of the following numbers. 



1. 


912673 


7. 


115-29736 


2. 


52734375 


8. 


822650 


3. 


21024576 


9. 


78314-6 


4. 


80677568161 


10. 


12345-678 


5. 


411001037875 


.11. 


123-456789 


6. 


7835-8748 


12. 


9, to nine decimals. 



* In marking oflf the figures to be dismissed in the contracted portion 
of the operation, it is of coarse matter of indifference whether dots be 
employed, as at page 130, or dashes, as in the example above. In 
working with the pen, the latter is the more convenient way ; though it 
cannot be used in print without so separating the figures as to drive Uiem 
out of the proper vertical columns. In print, therefore, dots would seem 
preferable ; but when figures fall below those thus dotted, the dots might 
be mistaken for decimal points connected with the latter ; so that, in the 
ejctraction of root«, it is better to tick off the figures as above, both in 
printing and in writing. 
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(104.) INTEREST, DISCOUNT, INSURANCE, &c. 

Interest is the sum' paid for the use of money by the 
Imrrower, or him who holds it, to the lender, or him who 
deporits iL The consideration agreed upon is usually at so 
mooh for the use of every £100 for a year, or, as men of 
bosineas call it, at so much per cent, per annum ; or, simply, 
^ 80 mach per cent., per annum^ or per year, being under- 
stood. 

The money lent or deposited is called the Principal ; the 
consideration for £A 00 for a year, the Rate of Interest ; and 
the principal, together with the interest, for any length of 
time^ is called the Amount in that time: thus, if £100 be 
lent under an agreement that £5 is to be paid for the use of it 
for one year, then, £100 is the principal lent ; £5 is the 
rate per cent; £10 is the interest for 2 years; and £110 is 
the amount in that time. 

The finding of the interest of a given sum of money at a 
given rate per icent. for 1 year, is obviously nothing more 
than a simple Rule-of-Three operation : for, as £100 is to 
the rate, so is the principal lent to the interest upon it ; or, 
as £100 to the sum lent, so is the interest of £100 to the 
interest of the sum. And if the interest, thus determined for 
1 year, be multiplied by any number of years, the product 
wUl be the interest accumulated in that time ; or, instead of 
multiplying the interest for 1 year by the number of years, 
^pe may coounence by multiplying the principal by that 
number, and make the stating afterwards. A formal Rule- 
of-Three stating is, however, generally dispensed with, and 
the operation conducted as follows. 

(105.) To find the Interest of a given Sum at a given Bate 
per Cent.y/or a given Number of Years. 

Rule. Multiply the principal by the number of years, 
the product by the rate, and divide the result by 100. 

Note. When the rate is 5 per cent., — a rate very com- 
monly charged, — the operation, simple as it is, ' becomes still 
simpler: for the multiplication by 5, and the subsequent 
division by 100, may be replaced by a single division by 20 ; 
so that having multiplied the principal by the number of 
years, the 20th part of the product will give the interest. 
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Ex. 1. What is the interest of £587 16*. 4d. for 7 years, 
at 4, 5, and 6 per cent. ? 

£. s. d. £. 9. d. £. t. I 

587 16 4 587 16 4 587 16 4 

7 7 7 



4114 14 


4 
4 


2,0)411,4 14 4 


4114 14 4 

6 




205 14 8H-i/ 


1G4,58 17 
20 


4 


246,88 6 
20 




11,77 
12 




5)205 14 8i, 5 per cent. 
41 2 11^, 1 per cent 


17,66 
12 


9,28 
4 




164 11 9i, 4 per cent 
246 17 7|, 6 per cent ' 


7,92 
4 



1,12 3,68 

Hence, the interest at 4 per cent, is £l 64 lU. 9j<i.+^/. ; 
at 5 percent, £205 14«. 8^^.+^/. ; and at 6 per cent, 
£246 17«. l^d,+\if. The additional work in the middle 
column, shows how the interest at 4 and 6 per cent may he 
obtained from that at 5 per cent., namely, by subtracting a 
fifth part of the latter interest, for the 4 per cent., and adding 
that fifth part for the 6 per cent. The fraction, •{- of a &r- 
thing, has here been rejected: if it had been retained, the 
quotient by 5 would have been increased by -^f, ; so that tke 
resulting interests for 4 and 6 per cent, would have been 
increased, the former by A/* ^^^ *^® latter by ^/. ; and 
there would have been an exact agreement with the deter* 
minations of the other method. 

I have been thus particular, more for the purpose of showing 
you the strict conformity between the results of different pro- 
cesses than because such minute accuracy is necessary in actual 
practice. Fractions of a farthing are, of course, always dis- 
regarded in business ; and in calculations respecting interest, 
pence is in general the lowest denomination noticed See 
art 107. 



£. 


B. 


d. 


£. 


8, 


d. 


619 


9 


6 
5 


2,0)61,9 


9 


6 
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2. Find the interest of £619 9«. Qd. for 1 year, at 5\ per 
oent 

Either of the following three ways may he employed : in 
the last of these, the principal is halved, and the rate doubled. 

£. B. d. 

309 14 9 

11 

. 30 19 11, int. 5 per cent. 

3097 7 6 Al 3 1 Hi, at i ditto. 34,07 2 3 

\\ 309 14 9 20 

34 1 5, at 5^ ditto. 

34,07 2 3 — ; 1,42 

20 As ^ is the tenth part of 5, 12 

— — tlie tenth part of the interest 

1,42 at 5 per cent, is added. 5,07 

12 

.-. £34 1*. 5rf.=interest. 

5,07 

3. What is the interest of £500 for 4 years, at £5 7*. 6 J. 
per cent. ? The work is given below in four different ways. 

Here, £5 7*. 6^. = £5f = £5375 or = V £• 

£500 £500 £500 £500 

4 4 4 4 

2000 
5 



2000 

5| 


2000 
5-375 


2000 
43 


10000 
750 


107,50-000 
20 

10,-00 


8)860,00 
£107 10*. 


107,50 
20 



5*.=i 
2*.6c?.=| 



10000 
500 
250 



107,50 

20 

10,00 .•.£107 10*.=interest 

10,00 
In the first of these methods we have to take f of 2000, 
or, since f = i+i, we may take \ of 2000, which is the 500 
above, and then add the half of that fourth, namely, 250« 
which gives 750. Instead of multiplying by 4 and by 5 in 
the first and third methods, we may, of course, multiply by 
20 at once. The product of the numbers expressing the 
years and the rate may always be used instead of those 
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numbers separately, whenever it is tbongbt conrenient to do 
so, as in the next example. 

4. What is the interest and amount of £212 10^. 4(1. for 
2|- years, at 2^ per cent. ? 

Here 2^ = V^ and H = h •"• 2f x2^ = V = ^-f 



£. 1. d. 


£. f. <;. 


£. «. rf. 


212 10 4 


8)212 10 4 


212 10 4 


7 




2f 



11 3^ 



1487 12 4 55=11x5 11 425 8 

i\ 26 11 3i i\\Oe 5 2 

292 4 2i il 53 2 7 

14,61 1 0^ 5 

20 584 8 5 

14,61 1 Oi twice 2^= 5 



12,21 20 



12 2)2922 2 1 

12,21 



2,52 12 14,61 1 Oi 

4 20 



2,52 

2,10 4 12,21 

12 

2,10 

2,52 
4 

2,10 
Hence the interest is £14 12«. 2|^,, and, therefore, the 
amonnt Is £227 2t, 6\d. 

(106.) When the Interest for any Number of Dayi it 
required. 

Rule 1. As 365 ii^ to the number of days, so is the 
interest for one year to the interest required ; or, since twice 
365 is 730, and since, moreover, in finding the interest for 
1 year, we always have to divide by 100, after multiplying 
by the rate, we may proceed as follows : 

Rule 2. Multiply twice the product of the principal and 
rate by the number of days, and divide by 73000. 



mmunT, etc. 
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Ex. 1. What is the interest of £325 10«. for 3 years and 
days at 4|- per cent. ? 

By Rule 1. By Rule 2. 

£, t. £. %. A £, 9. £. t. 

325 10 365 : 89 : : 14 12 11| 2929 10»1464 15 

4i 20 89 X 2 



1302 
162 15 



160 



292 
12 

3515 

4 

14062 
89 

126558 
112496 

365)1251518(3428fff 
1095 



• I. d. 

12 ll^ + f/.int.lyr. 
3 



1565 
1460 

1051 
730 



* 18 lOJint. 3yr8. 
^ 11 5i int. 89 days. 

10 3i whole int. 



3218 
2920 

298 



4)3429/ nearly. 
12)857 1/ 
2,0)7,1 5d, 
£3U H 



26361 
23432 «. 

44 10»10x89 

£. 9. d. 

73000)260 725 10(3 11 5^ 
219 

41725 
20 



834 510(11 
73 

104 
73 

31510 
12 

378,120(5 
365 

13120 
4 



52,480(1 neariy. 
(107.) In this example, as well as in the examples which 
ive preceded, I have been unnecessarily exact in computing 
e interest to the nearest farthing : but the odd farthings are 
sregarded in business-transactions, and interest calculations 
e considered sufficiently accurate when the true results are 
ached to the nearest penny. With this understanding, the 
aeration by Rule 2 may be shortened. In dividing by so 
rge a number as 73000, the odd shillings in the dividend 
»y be disregarded; or, if above 10*., the pounds may be 
creased by a unit. Now, since 73000 X5'2«o- 
itU=dividendy it is pltin, that if, by means of any 3)73000 
vision-operations upon 73000, we can reduce it 24333 

unity ^ the same operations upon the dividend 2433 

ill reduce it to the quotient^ that is, to the in- 243 

rest for the proposed number of days. The ■ 

imber 73000 is reduced to unity, or, as nearly 1*00009 

unitjr as h necessary for the degree ol «L!WiU»c^ 
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required, thus: Divide it by 3; divide tbe 
result hy 10, and then the result of this divl> 
sion by 10, in each case disregarding re- 
mainders. Add up the four numbers, as in the 
margin, and point off five places for decimals. 
The result is 1*00009, which differs from 
unity by a quantity too insignificant to de- 
6er>'e notice. These operations, therefore, per- 
formed upon the dividend^ will give the in- 
terest with all necessary accuracy. Let us, 
for instance, apply them to the dividend 
260730, exceeding that above by £4 10*., 
the 73000th part of which is of no moment. 
You see that the result is <£3 lis, 5id,^ as 
before ; and that it differs from the strictly 
accurate conclusion above only by a fraction 
of a farthing. 

It is this method which I would recom- 
mend you always to adopt in computing in- 
terest for days. 

I here give another example of it, which, 
for variety, is worked in the margin by de- 
cimals. 

2. What is the ii^terest of £956 lis. ed. 
for 7 days, at 4|- per cent. ? 

Here, lis, 6d. is reduced to the decimal of 
a £, and the product by the days multiplied 
by double the rate: the decimsd of a £, iu 
the resulting product, is rejected, and the 
integral value increased by unit. The answer 
is £0 IGs. 6d. 

Note. When the interest is 5 per cent., 
then, since the double of the rate is 10, we 
have only to multiply by the number of days, 
and to point off but /our places from the 
result of the remaining operations. 

(108.) You perceive that the particulars 
concerned in interest-calculations ai^ 



3)2607dO£ 
86910 
8691 
869 



3-57200£ 
20 

11-440*. 
12 




1-12/ 

£956-725 

7 

6697-075 



60273-675 

3)60274 

20091 

2009 

200 

•82574£ 
20 



16-5148 «. 
12 

6-1776 i. 

four, namely, 

Principal^ Bate, Time^ and Interest; the Amount is merely 
the sum of two of these, the principal and the interest. In 
the preceding examples, the three of these which have been 
given to find the fourth are the /irst three ; but any other 
three being given, the fourth may be iowxid^ simply by rever- 
s/n^ one or more of the pperationB ex>D\\>\\ft^ «X^^^. 
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Ex. 1. Ill wbat time will £91 I3s. id. amount to £105 
6«. 0^. at 4^ per cent. ? 

Tl^ principal and amount being given, the interest is given, 
uunelj, £13 I2s, S^d. ; and we want to know the number of 
yeari which has produced this amount of interest. For this 
parpose it is clearly only necessary to divide £13 12«. 8|i, 
by 1 year's interest 

£. *. d. £. *. d. 

91 13 4 13 12 Si 

4i 20 



366 13 4 
22 18 4 


interest 


272 
12 


389 11 8 
20 

7791 
12 


3272 
2 

1 870) 6545 (3i years. Ans. 
5610 


935,00 </., 1 year's 
2 


935 
935 



1870, halfpence. 

2. What principal put out to interest for 3^ years, at 4^ 
pep cent, will amount to £105 6*. ? 

For a principal of £100, the amount in the given time at 
the given rate is £lOO-f £4-25x3-5 = £114-875. Conse- 
quently, since £105 6*.=£l05-3 

114-875 : 105-3 :: £100 : £91 13*. Ad. Ans. 
£ £ 
1,1,4,-8,7,5)10530 (91-667 
103388 20 



1912 13-34*. 
1149 12 

763 4-08 d. 
689 

74 
66 

B 
8 
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3. Wliat must be the rate per cent, in order that £1^ 
may amount to £163 ISs. lid. in 4^ years? 

Here the interest is £21 d#. lid,, which is what 
arise from multiplying £142 10$, by 4^, by the ra 
dividing by 100: consequently, we have only to 
£142 lOs. by 100, to multiply the quotient by 4^, an 
to divide £21 3s. lid, by the result, in order to get tb 

There can be no fi 
error in the rate by i 
the amount £163 1 
stead of £163 ISs. I 
which case the inU 
£21 4*. = £21-2: ^ 
therefore work thus 
cimals : — 

£ 1 '425=principa 
4i 



£. s. 




142 10 




20 






£. *. d. 


2850 


21 3 11 


12 


20 


342,00 


423 


H 


12 


1368 


6087 


85i 


2 


1453^X2= 


=2907)10174(3*, rate. 




8721 




1453 




1453 



5-700 
•35625 

£. 

£6,-0,5625)21-2(d' 
182 

30 
30 

In the second method here given, all those decimals 
divisor have been cut off which, upon multiplication 
quotient-figure, would fall to the right of the decimi 
the dividend, agreeably to what has been taught in con 
division, because the decimal *2 is not strictly accun 
though the error is very minute. 

JS/xercises, 

1. What is the interest of £9826 13*. 8d. for 1 y 

2^ per cent. ? 

2. What is the interest of £896, for 2^ years, at 

cent. ? 

3. What is the interest of £98 19*. ed. for 11 moi 

3 j per cent. ? 

4. What is the interest of £3204 14*. for 37 day 

per cent ? 
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5. Wliat is the interest of £256, from May 7 till Ang. 12, 
at 4^ per cent. ? 

i What is the interest of £319 Os. 6d. for 5^ years, at 
8f per cent. ? 

r. What is the amonnt of £120, from Jan 7 to Sept. 12, 
1852 (leap year) at 4 per cent? 

I What principal will produce a yearly interest of £341 5s. 
at 5 per cent. ? 

I In what time will £2000 amount to £2280, if lent at 
3i per cent. ? 

I If £42 Ss, 9d. be received for interest on £11250 for 
1 month, what is the rate per cent, per annnm ? ' 

. What is the interest of £193 V2s. at £11 18«. 6d. per 
cent ? 

. The amonnt of money expended for the maintenance of 
the poor by the 607 unions of England and Wales, 
during the year ending at Michaelmas 1850, was 
£3469857, and during the year ending at Michaelmas 
1851 the amount was £3288192; what was the de- 
crease per cent. ? 

. The population of Great Britain in 1841 was 18664761, 
and in 1851 it was 20936468: required the increase 
per cent, during the intervening ten years. 

. The population of Ireland in 1841 was 8175124, and in 
1851, 6515794: required the decrease percent. 

(109.) Discount^ in the usual meaning of the term, is only 
)ther name for Interest. In commercial transactions, 
^ents are not always made in money^ but often in what 
I called Bills of Exchange or Promissory Notes. These 
I stamped slips of paper, on which engagement is made to 
f in cash, after the lapse of a specified time. The present 
rth of such a Bill, is that sum of money, paid down, 
ich, when put out at the proposed interest for the specified 
le, will amount to just sufficient to pay the Bill when it 
»mes due. Thus, if the Bill be for £105, payable in one 
ir, interest being at 5 per cent., then, since £100 present 
ney would amount in one year to £105, if placed out at the 
»posed interest, £100 is the present worth of the Bill ; the 
thus allowed for cashing it being the true deduction or 
scount. But Bankers do not discount Bills on these 
ms : it is not reasonable to expect they should : they must 
ke a profit by this as well as by other departments of their 
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business, and, therefore, they would charge, as diteouniy tb 
full interest of the £105 for one year, namely, £5 5«. ; so thM 
by discount, commercial men understand interest upm ik 
sum discounted^ during the period for which the pay meal; d 
that sum is delayed ; what remains, after the deduction of tliii 
discount, is all that is paid down for a Bill, as its pru&ii 
worth ; hence, to calculate the discount of a sum of nioi]e7, ii 
the same as to calculate the interest of that sum, the time 
and rate per cent, being gi^en. In Bills, however, three 
days, called days ofgrcice^ are added to the time specified for 
payment:* thus, if a Bill be drawn for three monthe alter 
date, and be dated on the Ist of January, it does not become 
due till the 4th of April ; and the interest or dieconnt '\i 
accordingly calculated for three months and three dayi. la 
general, the whole time the Bill has to run is turned iott 
days, and the interest computed as at page 160. The fiat- 
lowing Table will be found yery convenient in calcuUtioDe of 
this kind. 



Table /( 


)r the Number 


of Days 


from any . 


Day 


in 


A 


Month to the same Day in another. 1 


Remember that in Leap Tear another day is to be added to Fehmery. 1 


January 


Jan. 


Feb, 


Mar, 


Apr. 


May 


Jutie 


Julj 


Aag. 


Sqj, 


Oct. 


Not, 


Dec 


365 


31 


39 


DO 


120 


151 


181 


212 


243 


273 


304 


354 


February 334 


365 


28 


59 


89 


120 


130 


181 


212 


242 


273 


303 


M^ck..\3m 


337 


365 


ni 


61 


92 


122 


153 


184 


214 


245 


275 


April .J 275 


306 


334 


365 


30 


61 


91 


122 


153 


ia3 


214 


244 


Mfiy....l245 


276 


304 


335 


365 


31 


61 


92 


123 


153 


184 


214 


Jane...., 214 


245 


273 


304 


334 


365 


30 


61 


92 


122 


153 


m 


Julj.... 184 


215 


243 


274 


304 


335 


365 


31 


G2 


92 


123 


153 


Auguflt. . 


153 


181 


212 


243 


273 


304 


334 


363 


31 


Gl 


92 


122 


Septettib, 


122 


153 


181 


212 


242 


273 


303 


334 


363 


39 


6t 


91 


October.. 


92 


123 


151 


182 


212 


243 


273 


304 


335 


365 


31 


61 


Novemb. 


61 


92 


120 


151 


181 


212 


242 


273 


304 


334 


365 


Sfl 


Decern b* 


31 


ti2 


90 


121 


151 


182 


212 


243 


274 


304 


335 


365 



* The reason of this is, that the law allows the indulgence of three de^ 
to the acceptor of a bill, as the person on whom it is drawn is ciDed, 
before legal proceedings can be issued against him for non-paymeot ; but 
the bankers take care that the ** indulgence" shall be paid for. The 
acceptor becomes legally responsible for the payment of the bill by iLiuply 
writing his name across it, by doing which he is said to accept it« 
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Ex. 1* A Bill for £77, drawn on the 8 th of March, at 
I months, is discounted on the drd of June, at 5 per cent. : 
Moired the discount 

The 6 months expire on the 8th of September ; therefore 
ibe Bill becomes due on the 11th of September. From the 
3id of June to the drd of September is 92 days, and, there- 
loce, to the 11th of September it is 100 days. The interest 
tf £77^ at 5 per cent., for 100 days, is found, by the method 
ibeady taught, to be £1 Is, l^d.^ the discount required. 

The following example is one belonging to a class of cases 
of frequent occurrence in business. 

2. A Bill for £500 was due Feb. 2, 1851 : of this sum, 
£80 was paid, March 9 ; £115, May 15 ; £25, June 1 ; and 
the balance, namely £280, Aug. 14 : what interest was due 
It 5 per cent. ? 

£ £ 

l851,Feb. 2 Due 500x35 = 17500 3)71545 /S'^dji?. 160. 
Mar. 9 Paid 80 23848 

2384 

420x67 = 28140 238 

May 15 115 

£9-8015 

305x17= 5185 20 

Jone 1 25 

.-. £9 16 8. Int. due. 

280x74 = 20720 

Aug. 14 280 

71545 

Exercises. 

1. What is the present worth of a Bill drawn on the 10th 
of January, 1852 (leap-year), at three months, ft)r 
£1264 lis. %d., at 4 per cent. ? 

I. How much cash must be received for a Bill for 
£218 lis. 8d.y drawn on the 14th of August, at 4 
months, and discounted on the 3rd of October, at 4 
per cent. ? 

3. How much must be received for a Bill for £568 12*. 9</., 

dated April 27, at 7 months, and discounted June 3, 
at 5 per cent. ? 

4. What is a Bill for £1570 10*. 6d. worth on the 10th of 

January, supposing it to have been drawn at 5 months 
on the 30th of the preceding December: interest 3^ 
per cent ? 



u ^ 
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5. A Bill for £39 5s. falls due on the Ist of September, bot 

payment is offered on the drd of Jaly preceding : wfaair 
cash should be paid, the discount being at 5 per cent * 

6. A Bill for £150, drawn 11th of July, at 3 months, wM 

discounted Sept. 1st, at 5^ per cent. : how much dki 
the holder of it receive ? 

7. A Bill for £500 was due Feb. 2, 1851, of which £80 was 

paid on the 9th of March following; £115 on the 15tk 

of May ; £25 on the 1st of June ; and the balance m 

the 14th of August : how much interest at 5 per emi 

was due ? 

NoTB. The present worth of the bills in the fbreg<M]ig examples is what 

remains after deducting the banker't diacount^ which, as Toa hnt alretd| 

been told (page 163), includes his profit, and is more than the true dii- 

count. The rule for Mw is as follows : — 

As ;^100 increased by the interest for the time, that is, as the ammd 
of ;^100 is to ;^100, so is the amount of the bill to its true present wortii; 
as is obvious. 

If bills were drawn at a very long date, the banker's diacoimt would be 
enormous. Thus, a bill of ;£^100 at 20 years, allowing 5 per cent, (the 
usual rate), would produce nothing; for the interest, or banker's disooont, 
would be just ;£100. And if it were not made payable till 40 years, the 
holder of it would have to give j^lOO to the banker to take it off )at 
bands ! The bankers' principle, therefore, when applied to such bug 
. periods, is manifestly unjust and absurd ; but as bills are generally made 
payable within a few months, the banker's discount exceeds the tne 
discount by no more than what may be considered a reasonable profit on 
the transaction. It must be remembered, too, that the discounter runs 
tome riskf so that although long bills are apparently more profitable than 
short ones, yet bankers are less inclined to discount the former than the 
latter. 



(110.) Brokerage, Commission, Insurance, &c 

Commercial and money transactions are seldom conducted 
on a large scale, except through the agency of a third party, 
who is paid so much per cent, for his services. The sum of 
money engaged in the transaction, and the agent's per-oentage 
being given, the whole allowance to the agent is, of course^ 
computed in the same way as interest is computed, from 
which, indeed, it differs only in name, and in being generally 
free from considerations of time. If goods or merchandise be 
bought or sold through an agent or factor^ the per-centage on 
the money is called Commission. If money be employed 
through an agent in discounting Bills, in the purchase of 
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in a trading company, or in the public funds or 

or, if an agent dispose of such money interests for 

the per-centage he Teceives is called Brokerage; 

himself is a Bill-broker, a Share-broker, a Stock- 

&c. 

"ance is the name given to what is paid to an In- 
Office, at the rate of so much per cent, on the value 
2rty exposed to loss by Fire, Shipwreck, &c. The 
who agree to compensate for the loss, are the in- 
(or, in the case of ships, Underwriters^ from their 
jning the agreement) ; the party protected is the In- 
the money paid for the protection, the Premium; 
parchment, which binds the parties to the contract, 
icy. Life Insurance, or Life Assurance, is of a simi- 
ire : it secures the payment of a specified sum when 
^ired dies, upon his paying so much per cent per 
on that sum during his life, or a sum down, equivalent 
annual premium. Whatever be the name given to 
it employed, or to the service performed, it is plain, 
I allowance on a specified sum of money, at a specified 
' cent., can involve no calculations dififerent from those 
3ome under the head of Interest: a few examples, 
e, will be all that need be given here, special rules 
aneceasary. 

1. A factor sells £. s. d. 
idise to the amount 25^75 17 6 
575 17«. 6i., and 20 

4*. per cent, for 
non : how much is 
lid him ? 

, the interest, or £5 3 0^. Ans 

jion, at 1 per cent. 2^10 

15*. 2d. ; therefore, 
4«. per cent, is a fifth part of this, or 
^d. 

ich small per-centages it is not worth £. s. 

take account of the odd pence in the 5)2575 17 

JO that dividing £2575 17*. by 5, for 

er cent., and disregarding the pence in 5^15 3 

tient, we may proceed as in the margin. 20 

le next example, too, the 9J. may be 

in finding the broker's charge, which 3^03 

)e 14«. 5(/. .'.£5 3«.= Commission. 
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2. How much money 
will purchase £575 10*. 
Bank Stock, worth 131 j 
per cent., and how much 
must be paid to the 
Stock-broker, who charges 
^ per centl, that is, 2s. Qd, 
per cent., on the stock 
purchased ? 

Here, to find the pur- 
chase-money, it is plain, 
that we shall only have to 
add to £575 10«., the in- 
terest of it at 31 1 per cent. : 
this interest will be best 
found by taking 32 per 
cent, and deducting \ per 

cent., as in the mirgin : t he \^^ 

purchase-money is thus 2,60 

found to be £758 As. 5d., and the brokers claim, 14«. 4ji., 
which is J of £575 10*., divided by 100. 

NoTB. Those who purchase stock, parchase nothing more than a daim 
to a certain amount of interest, payable half-yearly. Stocka are of 
different kinds, not only as to the names they bear, but as to the rate of 
interest paid to the purchaser. If stock yield a high rate of interest, it 
is proportionally dear ; and more than ;^100 in money must be given for 
;^100 stock, when the interest the latter yields is more than can be got 
for ;^100 in money. Although property in stock cannot be taken out, it 
can always be sold out with but little trouble. The prices of stock, of 
whatever kind, varies from time to time, sometimes rising and sometimes 
falling, like other purchasable commodities ; the fluctuations, howeyer, 
are usually inconsiderable, except when the tranquillity of the country is 
in danger; funded property then becomes insecure, and stocks fell in 
proportion to the alarm. 

3. A cargo, worth £3800, is to be insured at 5 per cent. : 
for what amount must the insurance be effected, so that, in 
case all should be lost, the owners may recover both the 
value and the premium paid ? 

For an insurance for £100, a premium of £5 must be 
paid ; this being deducted, leaves £95 ; so that an insurance 
for £100 can cover a loss of only £95 : therefore, to find 
what insurance can cover a loss of £3800, we have the prO" 
portion, £95 : £100 :: £3800 : £4000, the amount to he 

« The half of this is ^th of £575 10*. 
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insured. And in this way is the insurance to cover loss and 
premium always to be found; namely, as £100 diminished 
bjr the rate : £100 :: value of the property : the sum to 
le insured. If there be any other per-centage, as for com- 
mission, policy, &o., it must be deducted from £100 in the 
same way. 

Exercises. 

1. What is the commission on £3698 12«., at 3^ per cent. ? 

2. If a person sell out £600 stock, when the price of it is 

83f per cent., how much will he receive after paying 
\ per cent, on the stock sold for brokerage ? 

3. What amount must be insured to cover £1880, together 

with the premium of £5 5*. per cent., 5«. per cent, for 
the policy, and \ per cent, for commission ? 

4. What amount must be insured on £1938 12«. 6i. at 5| 

per cent., so as to provide also for the premium ? 

5. What is the commission on £876 5«. lOi. at 3| per cent.? 

6. What is the brokerage on £372 7«. ^d, at 4«. 6c?. per 

cent. ? 

7. How much must be given for £912 14*. stock, at 127f 

per cent ? 

8. Required the brokerage on the purchase of £11675 17*. 

stock, at \ per cent. 

9. What will it cost to purchase £7391 14*. M, stock, the 

price being 86^, and the brokerage \ per cent. ? 
10. Find the expense of insuring a cargo worth £850, at 
£2 12«, 6i. per cent., policy duty 5*. per cent., and 
commission ^ per cent. 



(111.) COMPOUND INTEREST. 

All the preceding calculations respecting interest proceed 
on the supposition that the interest is actually paid when due. 
If, however, the interest be withheld for any time, then this 
interest so withheld becomes a new principal, and itself pro- 
duces interest. The whole interest thus accumulated in any 
time is called compound interest; while that which arises 
solely from the original principal, and which has been the 
subject of the preceding articles, is, for distinction, called 
simple interest. An example will be sufficient to show you 
bow compound interest may be calculated ; but as the work, 
though made up of very easy and obvlo^a «Xk^^ Vs^^ovckj^ 

I 
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tedious and lengthy when 
those steps are numerous, 
tables have been contrived to 
save the labour. To these I 
must refer you for expedi- 
tious calculation; but the 
example worked in the mar- 
gin, namely, to find the com- 
pound interest of £550, at 5 
per cent., when the simple 
interest, which should be paid 
yearly, is withheld or for- 
borne 4 years, will fully put 
you in possession of the mode 
of proceeding without tables. 
The simple interest for the 
first year, computed in the 

usual way, instead of being 

paid, is added to the principal ; the amount is the principal 
for the second year, the interest of which is the compound 
interest of the original principal for the second year, and so 
on till the expiration of the 4th year, when the amount be- 
oomes £668 10«. 6|(f., which, diminished by the original 
principal, leaves £118 10«. 6f(f. for the whole compound 
interest : — the same sum that we should get by adding the 
interest for the several years together. The simple interest 
of the proposed sum would be 4 times £27 lOf., or £110; so 
that the difference is £8 10«. 6fi. 



668 10 
550 



6f amount 
original prin. 



118 10 .6}oompd. int 



(112.) PROPORTIONAL PARTS. 

Many useful and interesting questions depend for their 
solution upon the division of quantities into parts, having 
specified ratios to one another. I shall here give yon a short 
article on the mode of efiecting this division. 

To divide a Qtmntity into Parts j such that any one Part 
shall be to another^ as one given Number to another. 

Rule. As the sum of the given numbers, is to any one of 
them, so is the whole quantity to be divided, to the part cor- 
responding to that number. 



PROPORTIONAL PARTS. 171 

For example : suppose it were required to divide £80 into 
three parts, that should bear to one another the same relations 
^ the numbers 2, 3, and 5. The parts would be found as 
follows. 10 : 2 :: £80 : £16; 10 : 3 :: £80 : 24; 
10 : 5 :: £80 : £40. 

The required parts are therefore £16, £24, and £40 ; which 
together make up the £80, and which obviously bear the 
proposed relation to one another; namely, £16 : £24 :: 2 : 3; 
£16 : £40 :: 2 : 5; £24 : £40 :: 3 ; 5. It is scarcely 
necessary to tell you, that when all the parts but one are 
thus found by proportion, that one may be got by subtracting 
the sum of all the others from the whole. 

The principle of the rule can scarcely require any expla- 
nation to a person familiar with proportion : the 8um of the 
parts of a quantity, and the sum of the parts of a number, 
are given ; the subdivisions of the numher are also known ; 
and, since the whole of anything is to a part, as the whole 
of another thing to a like part, the sufficiency of the rule is 
obvious. 

JSixercises. 

1. Three traders, A, B, and C, contribute the following sums 

to the business: A, £500; B, £650; and C, £700: 
the year's profits are £555, Required each person's 
share of them. 

2. Gunpowder is composed of nitre, charcoal, and sulphur, 

thus: nitre, 76 parts; charcoal, 14; sulphur, 10: how 
much of each is used in 1 cwt. of gunpowder ? 

3. How much pure gold, and how much alloy, are contained 

in a guinea ? (See p. 39.) 
i. Standard silver contains 37 parts of pure silver, and 3 
of copper: how much of each ingredient is there in 
£l 7s, 6d, ; 1 lb. troy being coined into 66 shillings ? 

5. 100 lbs. of pure water contain 88*9 parts of the gas called 

oxygen, and the remaining 11*1 parts of the gas called 
hydrogen: what weight of each is there in a cubic 
foot, or 1000 oz. of water? 

6. A bankrupt owes A £120; B, £80 ; and C, £75: he pos- 

sesses £165, which he is anxious to divide equitably: 
how much should each creditor receive ? 

7. Pewter is composed of 112 parts of tin, 15 of lead, and 6 

of brass : how much of each enters into the composition 
of 1 ton of pewter ? 

I2 
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8. A person bequeathed in his will, £140 to A ; 100 gaineas 
to B; 80 guineaaf to C; £70 to D; and £60 to E: 
but, at his death, the whole amount of his property 
was but £311 IBs,: how much of this should A, B, 
C, D, and E. receive ? 



(113.) THE CHAIN RULE. 

The Chain-Rule is a compendious rule for working ex- 
amples which involve several Rule-of-Three statings; and 
by which, questions in Compound Proportion may be other- 
wise briefly solved. The following is an example of it. 

If 3 lbs. of tea be worth 8 lbs. of coffee, and 5 lbs. of coffee 
worth 18 lbs. of sugar, how many lbs. of sugar should be 
exchanged for 20 lbs. of tea ? 

Here, by two simple statings, 

we have 8 lbs. coffee : 5 lbs. coffee :: 3 lbs. tea : ——^ lbs. tea; 

o 

j3x5,, ^ on 11. X loiL 8x18x20,, 

and ——• lbs. tea : 20 lbs. tea :: 18 lbs. suffar : — Ibe. 

8 ^ 3x5 

sugar ; but, by the chain-rule, the particulars would be ar- 
ranged thus : 

3 lbs. tea = 8 lbs. coffee, 

5 lbs. coffee =18 lbs. sugar, 
how many lbs. sugar =20 lbs. tea ? 
where no two commodities of the same kind occur in the 
same column ; and then, by dividing the product of the num- 
bers in the complete column by the product of those in the 
column which the answer would make complete, the number 

which expresses the answer is obtained ; namely, — - — - — 

= 192, .'. 192 lbs. sugar is the answer. 

JSxercises. 

1. If 3 lbs. of pepper be worth 4 lbs. of mustard, and 5 lbs. 

of mustard be worth 12 lbs. of candles, how many 
pounds of candles should be exchanged for 20 lbs. of 
pepper ? 

2. If 5 lbs. of tea be worth 12 lbs. of coffee, and 9 lbs. of 

coffee worth 28 lbs. of sugar, and 13 lbs. of sugar 
worth 18 lbs. of soap, how masiiy lbs. of soap may be 
had for 7 Jbs. of tea? 
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3. £l sterling = 420d. Flemish, 5Sd. Flemish = 1 crown of 
Venice, 10 crowns Venice = 6 Venetian ducats, 1 ducat 
= 360 mervadies Spanish, and 272 raervadies =» 1 
Spanish piastre : how many piastres = dSlOOO sterling ? 
The above rule is chiefly used in questions like this last, 
J^lating to exchanges with foreign countries ; numerous ap- 
plications of it, to matters of this nature, are given in Kelly's 
C'niversal Cambist, vol. ii. 



(114.) DUODECIMALS. 

You already know that the common notation of Arith- 
metic is called the decimal notation^ because the local value 
of every figure of a number expressed in that notation 
diminishes at a ten-fold rate, as it is removed from place to 
place towards the right. If the diminution were at a twelve^ 
fold rate, the notation would be the duodecimal notation. 
In the measurement of lengths^ the denominations feet and 
inches do actually descend in value, in this way : — an inch 
being the twelfth part of a foot ; so that, for the purposes of 
Mensuration^ it is convenient to have a duodecimal arith- 
metic j at least for the operation of multiplication. 

In the decimal notation, 16*3, means 16 16 3 

and 3 tenths : if these were twelfths instead 7 9 

of tenths, we might write the number thus: 
16 3, leaving a gap between the two deno- 
minations; and, in multiplying this by any 
number in the same notation, it is plain, that 
we may proceed just as with decimals, pro- 
vided we take care to carry ticelves instead 
of tens: thus, to multiply 16 3* by 7 9, wo 
should say, 9 times 3 are 27 ; 3, and carry 2 
twelves: 9 times 16 are 144, and 2 are 146; 
which is 12 twelves^ and 2 : 7 times 3 are 21 ; 
9, and carry 1 : 7 times 16 are 112, and 1 are 
113: so that the product is 125, 11 twelfths 
of one of the units in the 125, and 3 twelfths 
of one of the units in the 11. If we were to 
work by common arithmetic, we should, of 
course, get the same thing : thus, 1 6^ x 7-j^ = 
W >< "if ' ^^^ *^^s operation performed, as in 
the margin, gives the above result, namely, 125^ 
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In oar multiplioand, 16 3, above, the 16 might have been 
the number of feet in the length of a floor or wsdl, and the 3, 
the number of inches besides ; and the multiplier, 7 9, miglit 
have been, in like manner, the numhsr of feet and inches in 
the width or height: the first principles of Mensuration 
show us, that the product, namely, 125 11 3, would be the 
number of square feet, twelfths of a square foot, and twdfths 
of a twelfth, that is, f^ths, or square inches, in the iur- 
face of that floor or wall. The twelfths of 
a square foot are called parts; so that the ft, in, 
measure of the surface in question would be 22 5 
125 sq. ft., 11 pts., 3 sq. in. Suppose, for 16 11 
instance, it were required to find the measure 
of a ceiliug, which is 22 ft. 5 in. long, and 
16 ft. 11 in. wide: a workman would com- 
pute the surface, as in the margin, using the 
number in the multiplier, connected with the 
higher denomination, Jirst^ instead of second, 
as above ; and he would thus find the surface 
to contain 379 sq. ft., 2 pts., 7 sq. in. (See the remarks at 
p. 62.) 

^/xercUei. 

Find the surface-meamres froth the following linear 
' measures, 

1. Length, 32 ft. 9 in. ; breadth, 8 ft. 3 in. 

2. Length, 20 ft. 6 in. ; breadth, 17 ft. 9 in. 

3. Length, 65 ft. 10 in.; breadth, 29 ft. 6 in. 

4. Length, 97 ft. 9 in. ; breadth, 16 ft. 6 in. 

5. Length, 75 ft. 9 in. ; breadth, 17 ft 7 in. 

6. Length, 97 ft. 8 in. ; breadth, 8 ft. 9 in. 

7. Length, 59 ft. 6 in. ; breadth, 3 ft. 11 in. 

8. Length, 87 ft. 5 in. ; breadth, 35 ft. 8 in. 
Examples such as these belong more properly to Men- 
suration. I give them here, as a conclusion to this Rudi- 
mentary Treatise on Arithmetic, in order that you may have 
a little experience, before commencing the subject just named, 
in what is commonly, but improperly, called the multiplica- 
tion of length by length, or by width ; and, at the same time, 
be furnished with a practical illustration of the remarks at 
p. 62. 



! 
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MISCELLANEOUS EXAMPLES. 

1. What decimal of a £ is ^^VT) ^^ ^^^^ fraction of a 

shiUing is '6258. ? 

2. What fraction of a half-crown is 2-^, ? 

3. What is the interest of £400 at 3^ per cent, for 2^ years 

and 59 days ? 

4. What is the interest of £712 6s, for 8 months, at 7^ per 

otnt? 

5. Reiquired the price of 73 lbs. 5 oz. 15 dwt. of silver, at 

5s, 9d. per oz. 

6. How much must be paid for the carriage of 8 cwt. 3 qrs. 

7 lbs., if lOd, be charged for 1 stone of 14 lbs. ? 

7. How many men will be sufficient to dig a trench 135 

yards long in 8 days, when it is known that 16 men 

can dig 54 yards of it in 6 days ? 
S. What is the price of 7985 articles at 7s, 10\d, each? 
9. What does the commission on £530 2s, 9d, amount to at 

2s, 6d. per cent. ? 
}. What is the worth of £4563 10». Bank Stock, at 127| 

per cent. ? 

1. If 5 cwt. 3 qr. 14 lbs. be bought for £9 8«., and sold for 

£11 18». \\d.^ what is the gain per cwt.? 

2. If the prime cost of an article be at the rate of £4 16*. 

per cwt., how much per cwt. must it be sold at to pro- 
duce a gain of 15 per cent. ? 

3. What sum of money will produce as much interest in 

3 i^ years as £210 3*. will produce in 5 years and 5 

months, at the same rate per cent. ? 
i. At the battle of Bunker Hill, in America, the roar of the 

cannon was so distinct at Hanover, 120 miles distant, 

that business was for a time suspended there ; how long 

was the sound in travelling ? 
5. A cistern holding 400 gallons is supplied by a pipe at 

the rate of 7 gallons in 5 minutes, but a gallon leaks 

out every 3 minutes ; in what time will it be full ? 
S. What is the least common multiple of 12, 26, 56^ and 

182? 

7. At what time between 9 and 10 o'clock are the hour and 

minute hands of a watch exactly together ? 

8. Find the square-root of 29929, and the cube-root of 

228099131. 
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19. Required the values of ^78314 and -v/ff. 

20. How long will it take to count a million, at the rate of 

100 a minute, for 10 hours a day? 

21. If 56 lbs. of bread be sufficient for 7 men 14 days, bow 

much will serve 21 men 3 days? 

22. Find the values of 73», 27^ and ^5719140625. 

23. If \ oz. avoirdupois cost •!«., what will |- lb. cost ? 

24. How much Stock, at 111|- per cent, can be purchased 

for £10000? 

25. What decimal of 1 lb. avoirdupois is 7 drams ? 

20. What dillerenco is there between the Banker's discount 
of £350, at 4 per cent., for 8 years, and the true dis- 
count of the same sum, for the same time, and at the 
same rate per cent. ? 

27. For what sum must an insurance be effected, in order to 

cover a loss of £3500, together with the premium of 
£3 8«. per cent. ? 

28. What is the interest of £51-425, at 4*125 per cent. ? 

29. What sum of money will produce £'35 interest in 1\ 

year, at 4 per cent. ? 

30. A Bill of £170 was due August 12, and left unpaid till 

Sept. 18, when £54 was paid: the balance remained 
till Oct. 17, when £56 was paid; and, finally, the 
whole was settled Nov. 14 : how much interest was 
due at 5 pet cent. ? 

31. How much sugar, at 4^. per lb., ought to be given in 

exchange (in barter^ as it is called) for 17cwt. of 
cheese, at £3 10*. per cwt. ? 

32. If 7 gallons of brandy be worth 9 gallons of rum, and 

9 gallons of rum worth 12 gallons of geneva, what is 
the price of a gallon of each separately, when the three 
gallons together cost £2 2«. 6d. ? 

33. What is the true present worth of £357 10«., due 9 

months hence, interest being 5 per cent. ? 

34. What are the values of -\/27i%^— y^J, and -/ajj* — 

35. Required the values of {/i and -5/7^ to six decimals. 

36. A person has but £100 to pay the following sums; 

namely, to A, £48 15*.; to B, £72 10*.; and to C, 
£84 13*. 4td, : what share ought to be paid to each ? 

37. If A can do a piece of work in 10 days that B can do in 

13, in what time can they do it together? 
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38. How maDy square yards are there in a piece of ground 

364 ft. p3 in. long, aud 62 fL in. wide 1 
3l Whiit ia the prsDiiura of insuranco on £675 11*. Bd* at 

£5 13*, 9d. percent? 
^l Two persons, A and B, enter into partnerghip i the stock 
of A, £280, is employed for 5 months, and that of B^ 
£266 13*. 4d.^ fot six months; the profita ate £331 
12#. 0(/.; divide them equitably.* 
iL Tbreo persons, A, B, and C, trade in concert; A con- 
tributes £89 5s. for 5 months; B, £92 15*. for 7 
months; and C^ £3S 10*. for 11 months; how flhonld 
the proEta, namely, £S6 1 6*., be divided ? 
i2. Multiply "134786 by ^2887^3 to as many places as can 
be depended upoa; the last decimal in each factor 
being only approximately true. Also, divide 14 by 
'7854, the last decimal being only approximately true. 
43. How much tin and copper is a bell of 150 lbs. composed 
of, there being in it three times as much copper as tin I 
44* Proof spirits contain 48 parts of pure spirit, and 52 of 
water ; how much of each is there in 64 gallons of proof 
spirits ? 
45^ At what rate per cent, will £956 amount to £1314 10*. 
, in 7^ y^ars, simple interest? 

46- If 3 lbs, of tea be worth 7 lbs, of coffee, and 13 lbs. of 
coffee worth 48 lbs. of sugar, and 15 lbs. of sugar worth 
28 lbs. of soap ; how many lbs, of soap are 6 lbs. of tea 
worth ? 

47- A guinea is given to be divided among four persons. A, 

»B, C, and D, with the direction tliat A is to have ^ ; 
B, 4 ; C, ^ ; and D, i ; but as this division is found to 
be imposaible, find how the division must be made, so 
that each may receive hla proper share. 

"* This is the same as if A contributed & times ^80 for one month, 
and B, 6 times £2Gii 13«. 4^. for one month; and in all qtiesttons of this 
kind, the sum contributed bj each partner beinE uitiltiplied by the num- 
ber of iD0ntb& it wnfl employed, the shares of the profit wast be propor- 
tional to the resulting producia* In like mantier, the interest of a sum 
to be paid hi 5 nnontba is the interest of 5 times that ^um to be paid m 
1 mouthy apd so on ; »o tb^t if different sums are to be paid at different 
times T then if we mtiUiply each sum bjr the number of months^ or weeks. 
&G., which are to elapse before payment is to be made, and then divide 
the sum of the products by the sum of the billst the quotient wih be what 
ia called the eqwaied fime in which all should be paid if they are paid a 
once. Examples 50 and 51 illaetrate this principle » 

13 
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48. What is the net weight of 1 52 cwt. 1 qr. 3 lbs., 10 lbs. per 

cwt. being allowed for tore, and -^ of what remains for 
tret ? ^ page 96. 

49. If the rents of a parish amount to £2340 I7s, 6d.^ and a 

rate of £137 10«. Sd, be levied, what portion of it 
must be paid by an estate of which tiie rental is 
£143 98. lOdf.? 

50. A person engages to pay a debt of £2330 as follows : 

£630 in 5 months, £300 in 6 months, £500 in 7 
months, and the remaining £900 in 8 months ; but be 
afterwards proposes to pay the whole in one sum ; in 
what time should it be paid ? * 

51. Goods are purchased on the following conditions, namely, 

that £50 are to be paid on the 1st of May, £64 on the 
4th of June, £86 on the 1st of August, and £90 on 
the 5th of September ; when should these sums be paid, 
if all are paid at once ? 

52. A ship's company take a prize of £4000, which is to be 

divided amongst them in proportion to their pay, and 
the time they have been on board. There are 6 officers, 
who have £6 a month each, and have been on board 
6 months ; 1 2 midshipmen, who have £2 a month each, 
and have been on board 4 months; 110 sailors, who 
have £l lOs. a month each, and have been on boiurd 
3 months ; what share of the prize must each receive ?t 

* Agreeably to what is said in the foot-note, p. 177* we diould mul- 
tiply £630 bv 5, ;^300 by 6, ;^500 by 7, and £900 by 8 ; but it is better 
to find how long qfler 5 months (the shortest of the periods) the whole 
payment should be made ; as then the multipliers, instead of 5, 6, 7» and 
8, will be only 1, 2, and 3, applied respectively to the sums after tke first. 

t This question may be worked by the same principle as that employed 
in the solution of the two preceding questions, combined with the prin- 
ciple of art. (112). The claim of the 6 officers at £6 a month, is the 
same as would be the claim of 6 x 6 officers at £l a month ; and the claim 
of these for 6 months' senrice is the same as would be the claim of 6 x 6 
X 6 officers for 1 month's service. And the learner will observe, that the 
mode of solution recommended in this and in the two preceding questions 
is only a modification of the doable rule of three, combined with the rule 
for proportional parts. 
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A TABLE 

Of those Factors of the Composite Numbers from 75 to 10000, 
which fall within the Limits of the Multiplication Table, 



No. 


FflctorB. 


No, 


Factors, 


No. 


Fflctora. 


7a 


5 


5 3 


405 


9 9 


5 


1029 


7 7 


7 3 


n 


7 


7 2 


432 


12 9 


4 


1056 


12 11 


a 


105 


7 


5 3 


441 


9 7 


7 


, 1078 


11 7 


7 2 


112 


8 


7 2 


448 


S 8 


7 


1039 


11 11 


9 


125 


5 


5 5 


462 


11 7 


6 


1125 


9 & 


5 5 


126 


9 


7 2 


484 


11 11 


4 


U34 


9 9 


7 2 


128 


8 


8 2 


486 


9 9 


6 


1152 


12 12 


8 


135 


9 


5 3 


495 


11 9 


5 


1155 


U 7 


5 3 


147 


7 


7 3 


504 


9 8 


7 


1176 


B 7 


7 3 


154 


11 


7 2 


512 


S B 


8 


1188 


12 11 


9 


162 


9 


9 2 


525 


7 5 


5 3 


1215 


9 9 


5 a 


165 


11 


5 3 


529 


12 11 


4 


1225 


7 7 


5 6 


168 


B 


7 S 


539 


n 7 


7 


1232 


11 8 


7 2 


176 


7 


5 5 


557 


9 9 


7 


1296 


12 12 


9 


176 


11 


8 2 


576 


12 12 


4 


: 1323 


9 7 


7 3 


1B9 


9 


7 3 


589 


12 7 


7 


1331 


11 11 


11 


192 


12 


8 2 


594 


11 9 


6 


1344 


8 8 


7 3 


196 


7 


7 4 


605 


11 n 


5 


1372 


7 7 


7 4 


198 


11 


9 2 


616 


11 B 


7 


1375 


11 5 


5 & 


216 


12 


9 2 


625 


5 5 


5 5 


1386 


11 9 


7 2 


224 


e 


7 4 


648 


9 9 


8 


1408 


11 8 


a 2 


225 


9 


5 5 


672 


12 8 


7 


1452 


12 11 


u 


231 


11 


7 3 


675 


g 5 


5 3 


1458 


9 9 


9 2 


242 


11 


11 2 


68S 


7 7 


7 2 


1485 


11 9 


5 3 


243 


9 


9 3 


693 


11 9 


7 


1512 


9 & 


7 3 


245 


7 


7 5 


704 


U 8 


8 


1536 


S 8 


8 3 


252 


12 


7 3 


726 


11 11 


6 


1568 


a 7 


7 4 


256 


e 


B 4 


729 


9 9 


9 


1675 


9 7 


5 5 


264 


11 


6 4 


735 


7 7 


5 3 


1684 


12 12 


11 


275 


11 


& 5 


756 


12 9 


7 


1617 


11 7 


7 3 


288 


12 


12 2 


768 


12 8 


8 


1694 


11 11 


7 2 


294 


7 


7 6 


784 


8 7 


7 2 


1701 


9 9 


7 3 


297 


11 


9 3 


792 


12 11 


6 


1715 


7 7 


7 5 


308 


11 


7 4 


825 


11 3 


5 3 


172S 


12 12 


12 


315 


9 


7 5 


847 


11 11 


7 


1764 


9 7 


7 4 


324 





9 4 


864 


12 9 


8 


1782 


11 9 


9 2 


336 


12 


7 4 


875 


7 5 


5 5 


1792 


8 8 


7 4 


343 


7 


7 7 


882 


9 7 


7 2 


1815 


11 11 


5 3 


352 


11 


8 4 


891 


11 9 


9 


1848 


11 3 


7 3 


363 


11 


11 3 


896 


8 8 


7 2 


1875 


5 5 5 


5 3 


375 


5 


5 5 3 


924 


12 11 


7 


1925 


11 7 


5 5 


378 


9 


7 6 


945 


9 7 


5 3 


1936 


11 11 


4 4 


384 


8 


g 6 


968 


u n 


8 


1944 


9 9 


8 3 


385 


11 


7 5 


972 


12 9 


9 


2016 


9 e 


7 4 


392 


8 


7 7 


1IM)8 


12 12 


7 


; 2026 


9 9 


5 5 


396 


n 


9 4 


1024 


8 8 


B 2 


2048 


8 8 


8 4 
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No. 


Pactort. 


No- 


Factors* 


No, 


FftctAw. 


2058 


7 7 


7 


6 


3872 


u n 


8 


4 


6468 


12 11 7 7 


2079 


U 


7 


3 


3888 


9 9 


8 


6 


6534 


11 11 9 6 


2112 


11 8 


8 


3 


3969 


9 9 


7 


7 


6561 


9 9 9 9 


£156 


n 7 


7 


4 


3993 


11 U 


11 


3 


€615 


9 7 7 5 3 


2178 


u u 


9 


2 


4032 


9 8 


8 


7 


6655 


a 11 11 5 


2187 


9 9 


9 


3 


4096 


8 8 


8 


8 


6776 


a a 8 7 


2205 


9 J 


7 


5 


4116 


12 7 


7 


7 


6804 


12 9 9 7 


2268 


9 9 


7 


4 


4125 


11 5 5 


5 


3 


6860 


10 7 7 7 2 


2304 


9 a 


8 


4 


4158 


11 9 


7 


6 


6873 


11 5 5 5 5 


2352 


8 7 


r 


6 


4224 


11 8 


8 


6 


6912 


12 9 8 8 


2376 


n 9 


8 


3 


4235 


11 11 


7 


5 


7036 


9 8 7 7 2 


2101 


7 7 


7 


7 


4312 


11 8 


7 


7 


7128 


a 9 9 fi 


2464 


a fl 


7 


4 


4356 


11 11 


9 


4 


7168 


8 8 B 7 2 


2475 


n 9 


5 


5 


J374 


9 9 


9 


6 


7203 


7 7 7 7 3 


^41 


11 11 


7 


3 


4375 


7 5 5 


5 


5 


7392 


12 U 8 7 


2592 


9 9 


8 


4 


4455 


a 9 


9 


5 


7425 


a 9 5 3 3 


2625 


7 5 5 


5 


3 


4536 


9 9 


8 


7 


7546 


a 7 7 7 2 


2(i46 


9 7 


7 


6 


4608 


9 8 


8 


8 


7560 


12 10 9 7 


2662 


U 11 


11 


2 


4704 


12 8 


7 


7 


7623 


a 11 9 7 


2673 


U 9 


9 


3 


4725 


9 7 5 


5 


3 


7744 


a 11 8 8 


2668 


s a 


7 


6 


4752 


11 9 


8 


6 


7776 


12 9 9 8 


2695 


U 7 


7 


5 


4802 


7 7 7 


7 


2 


7875 


9 7 5 5 5 


2744 


8 7 


7 


7 


4851 


a 9 


7 


7 


7938 


9 9 7 7 2 


2772 


11 9 


7 


4 


4928 


a a 


8 


7 


7936 


n 11 a 6 


2816 


11 a 


B 


4 


5Q82 


a 11 


7 


6 


8019 


a 9 9 9 


2835 


9 9 


7 


5 


5103 


9 9 


9 


7 


B064 


9 8 8 7 2 


2904 


11 11 


8 


3 


5145 


7 7 7 


5 


3 


8035 


a 7 7 5 3 


2016 


9 9 


9 


4 


5184 


9 9 


a 


8 


8192 


8 8 8 4 4 


3024 


9 8 


7 


6 


5292 


12 9 


7 


7 


8232 


8 7 7 7 3 


3025 


11 n 


5 


5 


5324 


a a 


a 


4 


8316 


12 a 9 7 


3072 


8 g 


8 


6 


5346 


a 9 


9 


6 


8448 


12 11 8 8 


30B7 


9 7 


7 


7 


5376 


12 a 


8 


7 


8505 


9 9 7 5 3 


3125 


5 5 5 


5 


5 


5445 


a a 


9 


5 


8575 


7 7 7 5 5 


3136 


8 8 


7 


7 


5488 


3 7 7 


7 


2 


8624 


a a 7 7 2 


316B 


U 9 


8 


4 


5544 


a 9 


8 


7 


8712 


a 11 9 8 


3234 


U 7 


7 


6 


5625 


9 5 5 


5 


5 


8748 


12 9 9 9 


3267 


11 U 


9 


3 


5632 


a 8 


8 


8 


9072 


9 9 8 7 2 


3375 


9 5 5 


6 


3 


5775 


a 7 5 


5 


3 


9075 


a 11 5 5 3 


3338 


U 11 


7 


4 


5808 


a 11 


8 


6 


9216 


9 8 8 4 4 


3402 


9 9 


7 


6 


5832 


9 9 


9 


8 


9261 


9 7 7 7 3 


3456 


9 a 


a 


6 


5929 


a 11 


7 


7 


9317 


a a a 7 


3465 


11 9 


7 


5 


6048 


12 9 


a 


7 


9375 


5 5 5 5 5 3 


3528 


9 e 


7 


7 


6075 


9 9 5 


5 


3 


9408 


8 8 7 7 3 


3564 


11 9 


9 


4 


6125 


7 7 5 


5 


a 


9504 


12 a 9 8 


3584 


8 8 


8 


7 


6144 


12 8 


8 


8 


9604 


7 7 7 7 4 


3645 


9 9 


9 


5 


6174 


9 7 7 


7 


2 


9625 


a 7 5 5 5 


3675 


7 7 5 


5 


3 


6237 


11 9 


9 


7 


9702 


a 9 7 7 2 


M9S 


J2 a 


? 


6 


6272 


8 a 7 


7 


2 


9801 


a a 9 9 


3773 


jj ; 


7 


7 


633fi 


\ 11 9 


% 


% 


\^%^^ 


\\ % ^ k K 
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ANSWERS TO THE EXERCISES, 



Numeration (pp. 4 and 5). 

1 , Two tliaiisand^ seven hundred and si:ity*three. Thirty- 
five thousand, one hundred and sixty-two. Forty- 
five thousand, two hundred and eighty. 

2- Fifty-fllx thou sand f one hundred and six. Eighty- two 
thousand J and thirty. Nine hundred and ten then- 
Band, two hundred and fifty-seven- 

3; One bnndrcd and seventy-three tliousand, and four. Six 
million, seven hundred and eighty-nine tliousand, five 
hundred and twenty-three. Three million, four hun- 
dred and eighty-six thout^andj and twenty- five. 

4- One million, one hand red and forty- two thousand, and 
sixty. One mi 11 ion, one hundred and ten thousand, 
one hundred and eleven. Four million, three hundred 
and sixty-two thousand, eight hundred* 

5. Sixty-four million, tliree hundred and seventy thousand, 
two hundred and fifty- three. Ninety-nine million, 
eight hundred and seventy-four thousand, and -sixty- 
two, Thjrty-fiv% million, six thousand, two hundred, 

ff. Seventy-three million j eighfc hundred and ninety- two 
thonsnnd, five hundred and thirty-one. Eight hun- 
dred and ^venty^five million, sixty-two thouaand, and 
thirty-five. One hundred and seven million, nine 
hundred and twenty-six thousand, five hundred, 

7, Seven thousand five hundred and thirty- nine million, 
three hundred and thirty-six thousand, two hundred 
and ten. Three hundred and twenty-six thousand 
nine hundred and seventy-two million, five hundred 
and seventy- three thousand, nine hundred and seventy- 
one. Four hundred and fifteen thousand, eight hun- 
dred and sixty-two million, three hundred and fourteen 
thousand, two hundred and three. 

8 1 Seven hundred and thirty thousand two hundred and 
fifty-four million, sixty-two thousand, eighfc hundred 
and ten. One hundred and seventy-three thousand 
and four million, two hundred and two thousand, si3C 
hundred and four. Five hundred and two thousand 
one hundred and thirty milVm^ ffi-si^-"&.N^ ^^t^^ssS*.^ 
aaJ eighty. 
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1. 1760. 

2. 546000. 

3. 2000000. 

4. 621865. 



ARITHMETIC. 

(Pages 4, 5.) 

5. 812500. 

6. 1177580. 

7. 109915. 

8. 505107. 



9. 1155240. 

10. 1314176. 

11. 6007944. 

12. 20936468. 



Addition (pp. 7, 8, 9). 

1. 541. 2. 409. 3. 4641. 4. 12485. 

5. 47115. 6. 797527. 7. 7581522. 8. 127297. 

9. 11812. 10. In 1841, 18664761 ; in 1851, 20936468. 
11. 518277. 12. 144 days; 6169016 visits. 13. 580347. 
14. Newspapers, 593; advertisements, 2252550. 



Subtraction (pp. 12, 13, 14). 

1. 471 and 1628. 2. 35891. 3. 10105 and 701208. 

4. 103949. 5. 8888. 

7. 82. 8. 1659330. 

10. 2271707. 11. 10892. 
13. 803899 pounds. 14. 9321416. 
16. 2870784. 17. 21811085 pounds. 
18. Born, 283001; died, 219052. 19. 10131. 
20. Nothing, 21. 415539. ' 



6. 1698069. 
9. 965574. 
12. 877744. 
15< 203 pounds. 



Multiplication (pp. 18, 19). 
1. 1026. 2. 19044. 3. 35325. 4. 484344. 
5. 7976563. 6. 3276. 7. 601604512. 

8. 101904804408. 9. 7801178441640. 10. 49906. 

11. 535914.* 12. 365000. 13. 269195. 

14. 2250 and 7875. 15. 12375. 16. 86879544. 

(Pages 24, 25.) 
1. 114361. 2. 531786. 3. 2101120. 4. 471854788. 
5. 478491860. 6. 2288575200. 7. 51947970000. 
8. 16064348846. 9. 153787670242500. 

10. 34141125200427. 11. 56604636. 

12. 3024. 13. 759746144. 14. 94902500 miles. 

15. 1238525174. 16. 427816 pounds. 17. 3486. 

18. Gross earnings, 1177414 pounds; net earnings, 442157 
pounds. 

* The daily arerage stated in the qneBtion is taken from '* The Com- 
panion to the Almanac for 1852 ;'' but it is too great : the tme daily 
arera^ wag 86379. See Ex. 11, p. 8. 
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1. 744*. 
4. 250797f 

7. 899336A- 
10. 7048. 
13. 1628948. 



16. 155644^ poutids. 



Division (pp. 29, 30). 

2. 12013|. 

5. 5788233f. 

8. 66459i. 
11. 3065170^ 
14. 124373 pounds. 



3. 15604f 
6. 1034602 A. 
9. 124624f 

12. 86379. 

15. 1034280. 



(Pages 35, 36.) 



1. 52^. 

4. 14348^. 

7. 2602^jyft. 
10. 342|if^ 
13. 1662 pounds. 



2. 4701*. 
5. 112221^. 

8. 203^Mf*TJ. 
11. 2272^^^3. 

14. 3846. 



16. 7727. 



17. 78^, nearly. 



3. 3500^. 
6. 14980ifH- 
9. 224HH*. 

12. 314 i2i}{8^ . 

15. 13209. 
18. 62 times, nearlt/. 



1. 207809fl?. 

4. 662. 

7. 83872^. 

10. 6624 qtfi. 

13. 432000 lbs. 

15. 288. 

18. 1728000 qts. 



Reduction (pp. 47, 48). 

2. 381907/. 3. 525600. 

5. 35459. 6. 8550. 

8. 33880. 9. 8254. 

11. 3411520lbs. 12. 11474 lbs. 
14. 1254400 oz., 6272000*.* 

16. 38016. 17. 91476. 

19. 23rd June. 20. 81998. 



(Pages 51, 52.) 



1. £21\\8.l\\d. 

3. 7h. 57 m. 15 sec. 

5. 78 1. 15cwt. Iqr. 4 lb. 

7. 266 ac. 2 too. 17 po. 

9. 12500 gal. 
11. 2 c. yds. 3 ft. 1504 in. 
13. £650. 
15. 13 d. 3if ho. 
17. 200 t. cwt. 2 qrs. 25 lbs. 
19. 3 ho. 3min. 20 sec. 
21. 2603 c. yds. 10^ ft. 22. 
23. 4240. 



2. 225 m. 4 fur. 26 per. 1 yd. 

4. 21b. 2oz. 16dwt. 11 gr. 

6^ 1539 yds. 1 qr. 3 na. 

8. 21 sq. yds. 2 ft. 64 in. 
10. 36° 48' 50". 
12. 44 t. 12 cwt. 3 qrs. 121b. 
14. £30166 10*. 2d. • 
16. 39 d. 19|fho. 
18. £132546 1*. ^d. 
20. 1961 1. 5 cwt. 201b. 

1 d. 4 h. 4 m. 4 s., the gal. imp. 
24. 10*. 



* The reported weight was stated to be '' about 35 tons ;" bat this 
estimate was too great. See the answer to £x, 24, p. 107. 
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Addition op Compound Quantities (pp. 54, 55). 

1. £38 Us. 7K 2. £568 16^. 1^. 

3. £1571 Us. e^d. 4. 100 d. 7h. 19 m. 

5. 140 d. 19 h. 34 m. 6. 485 d. 3h. 14m. 298. 

7. 69 lb. 3 oz. 9 dr. 8. 71 cwt. 1 qr. 22 lb. 

9. 112 cwt. Iqr. 26 lb. 13 oz. 10. 44 oz. 1 dwt 5gr. 

11. 37 oz. 6 dwt. 12. 621b. 4oz. 8 dwt 16 gr. 

13. 23 dr. 8C. 8 gr. 14. 38 oz. dr. 1 sc 

15. 34 lb. oz. 3 dr. 80. 17 gr. 1 6. 548 yd. 1 ft. 2 in. 

17. 23 fur. 25 po. ^yd. 18. 425 m. 3 fur. 34 po. 4 yd. 

19. 405 ac. 2roo. Oper. 12 yds. 

20. 918 ac. Iroo. 16 per. 9 J yds. 



Subtraction op Compound Quantities (pp. 56, 57, 58). 

1. £15 Us. S\d. 2. £206 12«. 8^. 

3. £2283 lOs. 8id. 4. 6d. 19 h. 58 m. 

5. 67 d. 21 h. 46 m. 6. 16 h. 32 m. 32 s. 

7. 74 yd. 1 ft. 5 in. 8. 188 yd. 1 ft. 9 in. 

9. 12 per. 5 yds. ft. 2 in. 10. 5^ 33< 54". 

11. 8« 36' 49^ 12. 23** 54' 47". 

13. 3d. 22 h. 43 m. 34 sec. 14. 3 1. 16 owt. 1 qr. 20 lb. 

15. 6 1. 1 cwt. 1 qr. 13 lbs. 16. 1 1. 3 cwt. 2 qrs. 3 lb. 

17. 75 m. Ofur. 15 per. 2iyds. 

18. 15 m. 2 fur. 34 per. 2ivds. 

19. 101 m. 1 fur. 27 per. 4iyds. 

20. 53 ac. 2roo. 22 per. 25iyds. 

21. 6ac. Oroo. 29 per. 29iyds. 

22. 2roo. 33 per. 15iyds. 23. 10 oz. 18 dwt. egr. 
24. 1 lb. 5oz. 14dwts. 16gr. 25. 5 lb. Ooz. 7dwts. 13 gr. 
26. 38 c. yds. 26 ft. 1697 in. 27. 63 c. yds. 20 ft. 1591 in. 
28. 315c. yds. 4ft. 1547in. 29. 85sq.yds. 3ft. 32in. 
30. 201 sq. yds. 8 ft. 122 in. 31. 306 sq. yds. 4 ft 83 in. 
32. 8 gal. 1 qt. 1 pt 33. 1708 gal. 1 qt 

34. 684 gal. 2 qts. 1 pt 35. 1 bu. pk. 1 gaJ. 

36. 5bu. Opk. Ogal. 2 qt 37. 15 bu. Ipk. Ogal. 3qt 



Multiplication op Compound Quantities (pp. 60, 61). 
1. £162 2s. 8id. 2. £348 11*. 2d. 

3. £1507 16*. 8d. 4. £2397 6*. 5^d. 

5. £6614 16*. 9|c/. 6. £550 16*. Sd. 

7. £7372 7». Ip. 8. £16560 1*. 6^. 
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2293 13«. 6|i. 10. £614350 10*. 3^d. 

'3 m. 6 fur. 4 per. 3 yds. 

iOm. 7 fur. 29 per. 3 yds. 

5 m. fur. 29 per. ^yd. 14. 496 ra. 5 fur. 2 per. 

9 m. 3 fur. 5 per. 1 6. 26677 m. 4fur. 10 per. 5 yd. 

II d. h. 48 m. 45 s. 18. 3907° 45' 20^". 

I7t.4cwt. Iqr. 13 lb. 20. 7080 a. 2roo. 7po. 

'9 sq. yds. 7 ft. 129 in. 22. 6095 oz. 14dwt. 19 gr. 



sioN OP Compound Quantities (pp. 64, 65^ 66).* 

3 12*. Oid. 2. £16 19*. e\d. 

5 1*. Sd. 4. £1 9*. S^d. 

12*. Ud. 6. £3 1*. 4i</. 

rs. 5 lb. 2 oz. 8. 74 m. 7 fur. 9 po. 1 yd. 

I' 48". 10. 2d. 19 h. 39m. 26s. 

ac. 3roo. 39 per. 27yds. 8 ft. 

e following anstcers the complete quotients^ including 
tional part in each case^ are inserted. 

^. 13. 12|||f. 14. SmH- 

^f^. 16. ISUi' 17. 15fiif. 

^i_^. 19. 58-^. 20. £46 14*. 6d. 

417 2*. 4f</.H-J-Jf/. 22. 4d, 

,al, £93 0*. 3ffl?.; share, £23 5*. Ofc/. + f/ 

dwt. 13^^ gr. 25. 1 327433^, and 14^ gr. over. 

216796 17*. 6d. 27. 4*. 6^^.+-^/ 

jight, 8541 lb. 8oz. troy; height, 10 times the Monu- 

lent, and 63 ft. 4 in. more. 

869 12*. Q^d. 30. 108 lb. 6 oz. 1 dwt. 16 gr. 

jight of sovereigns, 51094 lb. 10 oz. 3 dwt. 21 gr. ; 

weight of pure gold, 46845 lb. 6oz. 19 dwt. 17gr. 



Reduction of Fractions (p. 70). 

2. 1-?-^ 3. 11^. 4. 122^. 

6. 259^. 7. »W'- 8- ^^TTT- 



hese answers fractions of a farthing are neglected ; and in general, 
of the lowest denomination, inserted in the answer, are sup- 
This is done, because the fractions up to Ex. 12 are too 
ant to deserve notice. They are given however in the Key. 
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Common Denominator (pp. 72, 74). 



■^* TTS^ TO' "SO"' 


2. n, «. *«. 


3- H*. W^. Hf- 


4- T^ «*, «f . 


^' tS^ "eff"' 'l^' 


«• 1^^ im. \m- 


7. T«AV T*lV^ T«flft^ -^^. 


8- H^ iH, m, ««• 


^* "H^ 4 2 0' tS^> 4T^' 


10. -fm, -w^ ,w> /Av 


11. iM,iif,ltf «*• 


12. TWi.-AV^-sW^-iWft- 


13. hh f 


14- -if. «. «• 


1^* "H^j "Hf* iVg"* 


16. 1, |> f 


* '• TCTF* "Ars"' iVa* 


^^•ih^^ 


19- A> i* T^ tV- 


20. i8, !«, i^ H- 


21. **.«,*«,**• 


22. VV. if tf W- 


23. 2A, A> A. T^- 


24. ^hn.^n^ 


Addition op Fractions (p. 76). 


1. ItVs. 2. 1^. 


3. !«*• 4. eif 


5. 6«. 6. 14«, 


7. 8^. 8. li^ 


9- 4fM- 10. 5t¥^. 


11. Z^i^. 12. 7t^. 


13. iffH- 14. mm- 


15. 5Hi. 16. 7iMf 


Subtraction op Fractions (pp. 76, 77). 


1. lA- 2. IH. 


3- f^ 4. tV 


•-J- -H- 6- iVii- 


7- «• 8. tP^ 


9. i\. 10. 2^%. 


11. 2^. 12. 2^ 


13. 2|^. 14. Tig.». 


15. 1«^ 16. -^* 


17. 6,15^. 18. IH. 


19. -Hi. 20. 4Hf 


21. lOif. 22. if. 


23. ilf. 24. 2i||. 


MntTIPLICATION ( 


OP Fractions (p. 80). 


1. -sV- 2. 10^. 


3. -h- 4. +f. 


5. 3^. 6. 12f 


7. 120H. 8. 347ii. 


9. 14^. 10. l\^. 


11. 10||. 12. 2^ 


13. 84^*. 14. 204^. 


15. 4f 16. -Hf 


Division OP Fractions (p. 81). 


1. 1^ 2. 1|*. 


3. m 4. ff|- 


5. f 6. 50|. 


'• "AV' s« ■H^* 


9. ^ 10. 2|f. 


11. 198. 12. W^. 



* This means that the rabtiactiye quantities eseeed the additive 
quantities by -fg. 
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(Page 83.) 
^. «. 2. a. 3. ^. 4. A. 

5. «. 6. i^. 7. A. 8. iff- 

9. 1^^. 10. i¥iftf^. n. 1^. 12. f 

13- 1^. 14. -m. 15. -sWVsV. 

Multiplication and Division of Concrete Quantities 
(p. 85). 

1. £160 6s. 7id. 2. 19*. 5|<?.+7V/. 

3. £658 0«. ll^i.+l/. 4. 7 miles, 2|f fur. (It should 

5. 13*. 4ifif.+f/. bave been rides.) 

e. A, £178 lU. 5|<?. ; B, £l88 17*. 9^^.; C, £307 10*. d^d. 

7. £1549096 17*. ed. 8. £375. 

^' iVsVi' 10. 49 d. 4 b. Om. 49^ sec. 



Greatest Common Measure (pp. 88, 89). 

1. 19. 2. 17. 3. 3. 4. 17. 

5. 97. 6. It is already in its lowest terms. 

9. No common measure. 10. 13 rods. 

11, Price, per acre, £19 : number of acres bougbt by A, 17 ; 
by B, 24 ; and by C, 29. 12. 80. 



Least Common Midtiple (p. 91). 

1. 360. 2. 81. 3. 2520. 4. 1200. 

5. 7560. 6. 10540068. 7. 232792560. 



Practice (pp. 96, 97). 

1. £104 10*. 6d. 2. £159 4*. 4</. 

3. £440 15*. Ad. 4. £512 13*. ll^d. 

5. £224 3*. 2^^. 6. £733 0*. ^d. 

7. £541 18*. 9^. 8. £1328 1*. U^d. 

9. £2794 19*. Old. 10. £1442 19*. lO^^f. 

11. £2353 2*. Id. 12. £4149 5*. 11:^5. 

13. £3 14*. 2M 14. £3 19*. lOd. 

15. £84 0*. did. 16. £35 13*. 3ff. 

17. ^1 7*. ny. 18. £23 11*. Sd. 

19. £18 9*. 5d. 20. £426 12*. li. 

21. £4 13*. 2^. 22. £4989 0*. 10^^?. 
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23. £176 les. Sd, 24. £424800 19#. 

25. £1351952 13*. 26. £54 12*. (6tone=8lb.) 

27. £205 19#. ed, 28. £76 11#. Sd. 

29. Reduction per cwt., £2 3s. ; per stone, 3*. Of<l. 

30. £12763133 16*. lid. 



Rule of Three, or Simple Proportion (pp. 106, 107). | 


1. 


15*. S^. 




2. 


£23 19*. IK+J/ 


3. 


£7 11*. 7K + i/. 


4. 


48 persons. 


5. 


400. 




6. 


6|oz. 


7. 


£5 11*. 6fi.+f/.* 


8. 


£9 18*. 


9. 


£23 10*. 9f(/. 




10. 


270. 


11. 


£4240. 




12. 


129478. 


13. 


46^. 




14. 


14 oz. 11 dwt. 16 gt, trot/. 


15. 


10 lb. a wir. 


16. 


5 min. 27-rrsec. past 7 o'clock. 


17. 


27min. 16-^860 


. past 5. 


18. 


72*. 


19. 


£31 5*. 7id. 




20. 


21b. 8AV0Z. 


21. 


14T|ar miles. 




22. 


£767. 


23. 


3 oz. 7 dwt. 6^ 
)ouBLE Rule of 


gr. 


24. 


30 tons 12 cwt. 27|lb. 


I 


Three, 


OR 


Compound Proportion 






(pp. Ill, 1 


12). 


1. 


20 horses. 


2. 17A<Jays. 3. £l 4*. 


4. 


125 reams. 


5. 43-^day8. 


6. 56 days. 


7. 


31b. 


8. £72 




9. £39 5*. Hd. 


10. 


£16 10*. 









Reduction of Fractions to Decimals (p. 117). 

1. -4376. 2. 078125. 3. '536. 

4. -372. 5. -0064. 6. '00448. 

7. -5375. 8. -005541. 9. -6857143. 

10. -51282. 11. -733333. 12. -9. 



Addition and Subtraction of Decimals (p. 118). 

1. 279-386. 2. 6343-4214. 3. 368-82. 

4. 105-5928 5. 1-2949. 6. 296-6108. 

* Although fractions of a farthing are introdaced into some of the 
answers, the learner need not take any account of them. 
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Multiplication OP Decimals (p. 119). 
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209-226285. 


2. 134-70368. 


3. 114192. 


•002736. 


5. -000000777. 


6. -0552762. 


•00058128. 


8. 13-44. 


9. -4578384384 


•0393696. 


11. 574^056. 


12. -0000896. 


195^2533006056. 14. 


21-8630035575. 


Contracted Multiplication (p. 125). 


1308-0037. 


2. 482554. 


3. 54-4442.* 


105-928788. 


5. 350 


6. 590-324. 


1-686659. 


8. -002517. 


9. 235-104. 


•34028 






Division op Decimals 


(p. 129). 


213^728. 


2. 168^448. 


3. 320-988. 


•066. 


5. 7-845. 


6. 34097-027. 


Contracted Division 


(p. 132). 


6-598. 


2. 4343-91. 


3. -00429. 


7-845. 


5. 14-31. 


6. 1-1715. 


5^348. 


8. 1624-7. 


9. -865256. 


•000156. 


11. 71v00000.-h 


12. -0403. 


196-8. 


14. -09547766. 


15. 1-684479. 


1-196. 


17. -2645663, 


18. 18-28. 


93-54286. 


20. -098135. 


21. 5-348306. 


-0981354. 


23. -0042913, and -040266. 


52-486. 







If this product bad been computed to jwe places, and then tbe fifth 
cnal rejected, the result would nave been 54*4444, which is the more 
rate one. In the answers which follow, the extra decimal will always 
omputed for, and then rejected ; as recommended at p. 126. 
The quotient here is 7 million 1 hundred thousand, — this 1 being 
to the nearest unit ; that is to say, it is nearer the truth than a or 
jyould be in its place. Of the following figures we can infer nothing, 
; the final decimal 4 of the divisor is confessedly affected with error, 
quotient therefore can only be approximated to as far as tbe two 
ing figures of it are concerned. The decimals in the curtailed divisor 
t be extended before the figures, replaced above by O's, can be found. 






190 



ARITHMETIC. 



Application o/DeeinuUt to ConoreU Quantities 
(pp. 134, 135). 



1. 

3. 

5. 

7. 

9. 
11. 
13. 
15. 
17. 

18. 
20. 
22. 
24. 



15 poles. 

9 owt. 1 qr. 

£1 16*. 6fi. 

£19-86354. 

-0375. 

lOoz. Odwt. 0|gr. 

12 h. 44 m. 2-86368 860. 



2. 3« 37' 42|". 

4. 5\d. 

6. 5oz. 12dwt. 15-744 gr. 

8. -0020307. 
10. -2422419. 
12. £4 14«. 8|i. + i/. 
14. «,andTft^. 
16. 7912-3 miles. 



27747^00 miles, the figures that would replace the O's 

are not to be depended on. 
£1. 19. 

£5 16*. 3i. 21. 

£47 6*. 4-154<?. 23. 

-022191. 



19«. ^d. 

31 ac. 2 roo. 14*736 per. 

4«. 8-3108cf. 



Recurrinq Decimals 

-l36 = ^. 2-418 = 2|f. 
•004id — 80 „ 3'756S •— 3 8A^- 


(p. 138). 

•5$26 = 1^. 
621-621 = 621ff. 
1-0378 = lyHp 


•0243& = ^ -857142 = f 
•008497133 = ■^^^, 


Extraction op the Square Root (p. 148). 

1. 5-637566. 2. 10-7376607. 3. -5688645. 

4. 3-316625. 5. 687-936. 6. 1-73205081. 

7. 950625. 8. 19-10497317. 9. 5*692. 
10. -027. 11. 28-0067. 12. 8-8985. 
13. 8-290717701. 14. 5f 15. lOf 
16. 4-16833. 17. 3-952847. 18. 28-18155425. 
19. 5-9049. 20. 2-7664333. 



Extraction of the Cube Root (p. 154). 



1. 

4. 

7. 

10. 



97. 
4321. 
4-867132. 
23-11204. 



2. 375. 

5. 7435. 

8. 93-7. 

11. 4-9793386. 



3. 

6. 

9. 

12. 



276. 

19-86228. 
42-7839. 
2-080083823. 
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Interest, &c. (pp. 162, 163). 



1. 


£245 13*, id. 


2. 


£72 16*. ' 


3. 


£3 81. Oid. 


4. 


£16 48. 10^. 
£123 5i. 6d, 


5. 


£3 U. 2|i. 


6. 


£68 15*. 9^. 


7. 


8. 


£6825. 


9. 


4 years. 


10. 


4i. 


11. 


£23 l8. Sid. 


12. 


5-236 nearly.. 


13. 


12-17. 


14. 


20-jf^ nearly. 







Discount (pp. 165, 166). 

1. £1251 lU,ld* 2. £216 15#. 9d, 

3. £554 12*. 4d. 4. £1548 19*. 9d. 

5. £38 18*. 6d. 6. £149 0*. 7d. 

7. £9 16*. 



Brokerage, Commission, Insurance, &c. (p, 169). 

1. £129 9*. 2. £499 10*. 

3. £2000. 4. £2056 17*. lid. 

5. £32 17*. 2^. 6. 16*. 9d. 

£1165 19*. 6d. 8. £14 11*. lO^d. 



9. £6384 12*. 3d. 10. £28 16*. Bd. 



Proportional Parts (pp. 171, 172). 

1. A's share, £150; B's, £195; C's, £210. 

2. Nitre, 85^1b. ; charcoal, 15^1b. ; sulphur, 11^ lb. 

3. Pure gold, 4dwt. 22||.gr. ; alloy, 10|^gr. 

4. Pure silver, 4oz. 12^dwt. ; alloy, 7idwt. 

5. Oxygen, 889 oz. hycfrogen, 111 oz. 

6. A, £72 ; B, £48 ; C, £45. 

7. Tin, 16cwt. 3qr. 10^^ lb.; lead, 2 cwt. Iqr. O^^lb.; 

brass, 3qr. 17tV1^* 

8. A, £95 1*. S^d.+mf'l B, £71 6*. 3id.+ix^/.; 

C, £57 1*. Okd.+^f.; D, £47 10*. 10i</.+ifJ/; 
E, £40 15*. 01J.+^/. 



Chain Rule (p. 172)., 
1. 641b. 2. 72 It lb. 3. 5750||^. 

* The results are computed to the nearest penny, whidi is in accord- 
ance with commercial practice. 
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Duodecimals (p. 174). 

I. 270 sq. ft. 2 pts. 3 sq! in. 2. 363 sq. ft. 10 pts. 6 0q. in. 
3. 1942 sq. ft. 1 pt. 4. 1612 sq. ft lOpts. Gsq.in. 
5. 1331 sq. ft. ] 1 pts. 3 sq. in. 6. 854 sq. ft 7 pts. 
7. 233 sq. ft 6 sq. in. 8. 3117 sq. ft. 10 pts. 4 sq. in. 

Miscellaneous Examples (p. 175). 

1. £-02770449 and |#. 2. f 

3. £37 5s, Sd, 4. £35 12#. S^d. 

5. £253 10*. Off/. 6. £2 18*. dd. 

7. 30 men. 8. £3136 Us. eid. 

9. 13*. Sd. 10. £5829 17*. 5d. 

II. 8*. 8^;. 12. £5 10*. 4tid. 

13. £350 5*. 14. 9niin. 23} sec. j 

15. 6 ho. 15min. 16. 2184. ] 

17. lOmin. 54 ^^ sec. to 10 o'clock. ] 

18. 173 and 611. 19. 42*784 and -6918984. ] 
20. lOfdays. 21. 36 lbs. 
22. 389017, 531441, and 275. 23. 17*. 6d. 
24. £8978 13*. 6d. 25. •027343751b. 
26. £27 3*. Oji. 27. £3623 3*. dd. 
28. £2 2*. 5d, 29. £5. 
30. £1 11*. O^d. 31. 28 cwt 1 qr. 9i lbs. 

32. Brandy, 18*.; Rum, 14*.; Geneva, 10*. 6d. 

33. £344 11*. e^d. 34. 2^- and ^. 

35. -793701 and 1-930979. 

36. A's share, £23 13*. 6d.; B's, £35 4*. 2d.; C's, £41 2*. id. 

37. 5^ days. 38. 6001fJ yds. 

39. £38 8*. 5|i. 

40. A's share, £154 15*. 2d.; B's, £176 17*. 4d. 

41. A's share, £25 10*. ; B's, £37 2s.; C's, £24 4*. 

42. -038925 and 17-83. 

43. Copper, 112^ lbs. ; tin, 37ilbs. 

44. Pure spirit, 40-^ gallons ; water, 43|^ gallons. 

45. 5 per cent 46. 96f|-lbs. 

47. A's share, 8s, 2^. ; B's, 5s. 5^.; C's, 4*. 1^.; 

D's, 3*. 3^. 

48. 133 cwt Iqr. 12 lb. 49. £8 8*. 7id. 
50. 6 ra. 2 w. 6 d. 51. July 14th. 

52. Each ofGcer, £178 8*. d^d. ; midshipman, £39 13*. Old.; 
sailor, £22 6*. Id. j^ 
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NEW LIST Foa 1854. 
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2. Natural Philosophy, by Charles Tomlinion, 2nd edition - 1 
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10. • ^voLiii. ,lf. 

1 1, — WT-— History, Progress, and Prcient State of the Electric Telegraph 

in its several appUcaUonsT by Edward Higbton, C. £. double ^ 

VL Pneumatics, by Charles TomliMonp 2nd edition * . ,1 

13. — Civil Engineering, by Henry Law, C.E., vol. i, 2nd edition 1 

14. 15, ' voh iL, val, Ui., eee^i I 

15* . ^^ vol* ill ► part "I, 1*. L 

16i. Architecture (Orders), by W. H» LcedSx 2nd edition . 1 
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1 8 . ^ Principles of Design in lircbitecture , by E . L* Garbctt , Arc*, v. i, 1 
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20, Perspective, by G- Pyne, Artist, vol. i. 3rd edition , p 1 

II, voLii 1 

22, Art of Building, by E. Dobson, C.E., Aaaoe. Inat. C.E. * 1 

83. — Brick- makings Tile-making, by the same, vol. i, • 1 

34, — ^ ' vol. ii. • 1 

f 5, • Masonry and Stone-cutting, by the same . . 1 

afi. Illustrations of the preceding, in 16 4to atlas platea . . 1 

27. Art of Painting, or a Grammar of Colouring, by George 

Fiddf Esq., vol. u * . , p I 

20, voL it* • , * 1 

29, Draining District! and Lands, by G. D. Dempaey, C.E. 1 

30, ■ Draining and Sewage of Towns and Buildings, by 
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31, « Well-sinking and ^ori&|j, \j^ 1. G.^^\tJi(SL, te^Soi.- 
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32. RudimenUury Art of Use of InstromenU (generally), by J. F. Heather, 
M.A., of the Royal MiL Acad., Woolwich, 2nd edit. • U 

33. - Constructing Cranes for the Erection of Buildings 
and for Hoisting Goods, by J. Glynn, F.R.S., C.E. . . It, 

34. Treatise on the Steam Engine, by Dr. Lardner. (Written 

specially for thi* Rudimentary Series.) . . . . U 

35. Art of Blasting Rocks and Quarrying, and on Stone, by 

Lieut.-Gen. Sir John Burgoyne, K.C.B., R.E., &c. &c. • U 

36. «« , Dictionary of Terms used by Architects, Builders, Civil and 

Mechanical Engineers, Surveyors, Artists, Ship-builders, 
&c. vol. i U 

37. vol. ii .♦.•!* 

38. -^ — vol. iii 1* 

39. vol. iv 1* 

40. — Art of Painting on Glass, or Glass-Staining, by Dr. M. A. 
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41, : Essay on the Art of Painting on Glass, by E. O. Fromberg U 

42. • Treatise on Cottage Building ; and some new Hints for Im- 
proving Dwellings, by C. B. Allen, Architect . . . U 

43. ^ Tubular, Girder Bridges, and others, more par- 
ticularly describing the Britannia and Conway Bridges, 
with the Experiments made to determine their form, 
strength, and eflSciency, by G. D. Dempsey, C.E. , . U 

44. - Foundations and Concrete Works, by E. Dobson, 

C.E U 

45. . Limes, Cements, Mortars, Concrete, Mastics, 

Plastering, &c., by Geo. R. Bumell, C.E. . . . li. 

46. . the Art of Constructing and Repairing Common 

Roads, by H. Law, C.E U 

47. ^ • the History, Construction, and Illumination 

of Lighthouses, by Alan Stevenson, LL.B., F.R.S.E., 
M.Inst. C.E voLi. U 

48. .. . Ditto, Continuation of the same subject, vol. ii. U 

49. vol. iii. U 

50. the Law of Contracts for Works and Services, by 

David Gibbons, Esq. .....••!« 

51. — Naval Architecture, the Elementary Principles of 

the Science, by J. Peake, H. M. Naval Architect • . If 

52. — • the Practical Principles of Ditto, forming a 2nd 

and a 3rd volume, to complete the work, vol. L • • li 

53. — — vol. ii. . . li 

54. — Masting, Mast-making, and Rigging of Ships If. & 

55. _ ' — Navigation : the Sailor's Sea^Book ; in two 

Parts : i. How to keep the log and work it off. ii. On 
finding the latitude and longitude. By Jamea Green- 

. wood, Esq., B.A. — With Directions for Great Circle 

/ Sailing; an Essay on the Law of Storms and Variable 

^ Winds ; and an ExplanaJdou oi Icxmi -^o&n^ \sl ^hK{« 

Boilding, with co\<raredV!l\nB\xtltkiM 
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adimentary Treatise on Navigation, &c., yoI. ii. • • • . • 1«. 
' the Principles of the Art of Warming and Ven- 

tilating Domestic and Public Buildings, Mines, Light- 
houses, Ships, &c., by Chas. Tomlinson, yoI. L • • 1«. 

> Tol. iL • . 1«. 



Steam Boilers, their Construction and Practical 



Management, by Robert Armstrong, C.E. • • . 1«. 
Land and Engineering Surveying, for the use 



of Schools and Private Students; for Practical Land 

Surveyors, and Engineers, by T. Baker, C.E., voL i. • 1«. 

voLii. . 1*. 



• Introductory Sketches of Railway Details, by R. M. 

Stephenson, C.E 1«. 

> Treatise on the Construction of Agricultural Buildings of every 

description, by G. H. Andrews, Agricultural Engineer . 1». 
■ * on Motive Powers, and the Machinery of the 

Steading, by G. H. Andrews, A^E la, 

• on Agricultural Field Engines, Machines, and Im- 



plements^ by the same 1«. 

»■ ■ on Clay Lands and Loamy Soils, and the Value of 
different Lands, by Prof. Donaldson, Government Land 
Drainage Si^preyor ••••.•• la. 
• on Clock and Watch-making, and on Church Clocki, 



with illustrations, by E. B. Denison, M. A., vol. L • .I*. 
■ ' voL iL . . 1«." 



aad Practical Treatise on Music, with plates of ezamplet» 

by C. C. Spencer, Professor of Music, vol. L • . , U. 
■■- ■ > ToL iL . • .1*. 



Instruction for Playing the Piano-Forte, by the same . . 1«. 
Treatise (A Manual of the Mollusca) on Recent Fosul 

Shells, by S. P. Woodward, Assoc, of the Linnsean Soc . 1«. 

— . Illustrations to Do. la, 

. voL ii. of the same . I*. 

— — — .^— Illustrations . • la. 



*4t* Coloured after nature, price 10«. 6d, each aeriea, 
— Treatise on Descriptive Geometry, with the Theory of Sha- 
dows and of Perspective, from the French of G. Monge, by 

J. F. Heather, M.A. la. 

Descriptive Geometry: Illustratious to the same, 



in 14 plates, atlas 4to la. 

Steam as applied to General Purposes and Loco- 



motive Engines, by J. Sewell, C.E. , . voL L . U, 

by the same • • . • • 'voLiL . U, 

• Supplementary volume to the above, illustrative 



of the Origin, Growth, and rapid Developments of the 

Locomotive Engine . If. 

> Marine Engines, particularly in reference to KJil. 



Steam Navy, by R. Murray, C.1L. .. . * -^^V ^*A 
Ditto, and on ttie Scx«w, fttc-^Vs ^^«ft %»B!L<b.'^^^ "^^^ 



RUDIMENTARY SCIENTIFIC WORKS. 



82. RudimenUry Treatise on the Power of Water, as applied to drive Flour- 

Mills, and to give Motion to Turbines and other Hydro- 
static Engines, by Jos. Glynn, F.R.S., C.E. . . • 1j 

83. — — « Book-Keeping and Commercial Phraseology, by James 

Haddon, M. A., King's College, London • • • li 

MATHBMATZOAIi SBRIBS. 

84. — ^— — — and Elementary Treatise on Arithmetic, with a fall Explana- 

tion of the Theory, and numerous Examples for Practice 
and for Self-Examination, by J. R. Young, late Fnd. of 
Mathematics, Belfut ColL : with Key, each • • . 1«.6 

85. — ^— — Equational Arithmetic, applied to Questions of Interert, An- 

nuities, and General Commerce : also Formulas for the So- 
lution of all ordinary Calculations by a simple Equation, 
by W. Hipsley, of Hull U 

86. — ^— Elements of Algebra, for the use of Schools and Self-Instnic- 

tion, ToL L by James Haddon, M.A., King's CoIL, London la 

87. vol. iL by the same •••••• la 

88. Principles of Geometiy; the application of Logic to Geomfr* 

trical Reasoning, based on the text of Sadid, Booki 
1,2,3. By Henry Law, C. E., vol. L • • . . U 

89. voL ii., by the samt; 4«h, Sfh, 6th» 

11th and 12th Books of Eud^d, with IHuitrativa lloti% 
and a practical application of Uie various Thcocims • U 

90. ■ Analytical Geometry, by James Hann, Profaiaor, King's ML U 

91. Treatise on Plane Trigonometry, by the same • . « la 

92. ' Spherical Trigonometry, by the tame . . ii 

93. ._..^ Elements and Practice of Mensuration and Geodeij, by % 

Baker, C.E U 

94. Treatise on Logarithms, vol. i. by Henry Law, C* E. • • U 

95. Tables for facilitating Astronomical, Nautical, Tiigonomeftii- 

cal, and Logarithmic Calculations, voL iL by Uie samt • la 
96. and Elementary Treatise on Popular Astronenny, by the Rev. 

Robert Main, of Her Miyesty's Observatory, Greenwidi . la 
97. Principles and Practice of Statics and Dynamici, by T. 

Baker, C.E la 

98. ..^__ Elements of Mechanism, elucidating the Principles developed 

by the Science of Mechanics for the elementary and prac- 
tical Construction of Machines, for the use of Sduwla and 
the Student in Mechanical Engineering, by T. Baker, C JB. 8a 
98*. ^^.^^ with Practical Machines, by the same la 

99. The Theory and Practice of Nautical Astronomy and Navigation, by 

H. J. Jeans, Royal Naval College, Portsmouth, vol. i . If. 

100. —• voL iL . la 

These voluxDes describe the use of the ' Nautical Almanac,* bj means of an invead- 
mtion of the construction of some of the Tables contained therein t tbeyllM 
contain numerous easy Examples,— Bules at length for finding the latitBte md 
/ }oagitadp and variation of the compass, and also their investigation,— thus 

' nadaing it complete, without reference to an j other work on the mb^eet. 

Oh Rudimentary JDifferential Calculus, in wMcYi tYie ^iVncv^les are deifly 

elucidated, by VF.S.B.Woo\\ioxttft,'?.'fe-K-V * • U 



HfiZ. RttdiroenUry Integnvl CalculuSi in which the Principlei are alio ckirly 

elucidated, by ilomeraham Cox, M* A* of Cambridge > 1 

103. Collection of Eicantplea of the Integral C&lt^uliis, vol i. by 

Jatnei Hann^ l^nifessar, King*H College - » , 1 

104, — — ^ the DiflTercDtial CalculuJi vol. It* 

by J. Haildoji, M. A., King's College < ^ , , 1 

10&. " and Firat MaemonLcal Leasons in Algebra, Geometry, md 

Trigonometry, by the Rev. Thos. Penyngton Kirkman, 
M.A., Hector of Cmft-witb -South worth, Lancashire . It, 
TtitA T&lume^ which cDntum mQr« tbui tht miuil uupUmi of p*^^ U ma cscdlent 
MCQmpuumeDt tQ the SI prKeding^ worki. 



NEW SERIEB OF * LONDON/ 



qimS 



N£W SERIES OF ^ LONBON,' 1 

A new Series at 1*. each^ developing in Ten Sectional Divisioast 
for the convemence of the Industrial Cla!>ses, 

TM£ MBTKOFOLtS OF THE BRITISH 6HPIRS 
AND ITS NUlGHBOTJRHOODj 

Described and elucidated hy an Expositioa of its Histoij and Antiqn 

1KCLtJt»INa 

The History of the CoTporation of the ancient City of London— its Arts, Tfadi 
and Commerce^itB Architecture, Cliih^HouMS, Docka, Picture Galleries, Scieotil 
InstittitioiiE and Public Libroriej, Astronomical Obsenratoriea in and near Lnndoi 
ftnd other interesting and useful information, araply deacribed and iliiiatrated. 

The following opinion of the whole combined ai a Tolnme has been e^cpresae 
by a periodical of the highest atand&rd, devoted to literatore and the art* : 

A Vdlurae oi aesalf i thQUund eloielf printed pis^i deKSriptive of enrj^iiiff UiM ci 
ititETttt tke fttmit^er m Ihe reiident, profuK^r embellitlied with more than tvQ hmiiind can 
fullf executed wtjod-cutt of the priacipBl poinLi at interHt in iti thoroughfanA^ and m nenl 
conttrucrteil Ma^p hf Mt* hovrry, caanot be otherwise thu aciseptBhle to the m»^ of viattoi 
to the MelroppHi ii^t the pment tiiDe^ When we add that aU thii Li prodund at an eiceeding] 
iiio<Se74t« cmt, tt-c cannot Imt Ted that Mr. Weale*a work vaa iug:guted hj higher than mci 
trmde n^timut-'^l n wlah, io fact, to he terriceable to all who wanted auch teTvicu, Tbroug'hoi 
we XT%ct A carcfui Atait^ t& he bccumte and a freedom from a meiv common-place laudation, i 
certain pet placet whkh afe iteTeotTped for praiu;^ lucb u tli« view from Richniond HiU an 
othei kecaliti«^ With Hich a book aa thii none hut the bj>p«rcriti^ could ba diuatiiflec 
to ffoinf o*rei m lar^s a Icid, and the vait amount of paini taken, the inai^ilQcance of a fe- 
atipa of tbe pen render them rcniAl^ We cannot but feel the luperiortty of a work af tbia kbl 
to lome more ambicloui hand-books, which are made up hj a paite^and-icisaora prDceia,with a 
abundmiiet of (juotationi from old hooki, containing mere nominal allutiona to placet and thinfi 
void of all Lnterot hut that which the philotophicftl inquirer ma; need in noting the tniidifecte 
ingcmilty of the compiler. Mr+ Weale't hook takei a hif her potUion th»n theic, and h« ii juitl 
vnlitled to hlg^ber reward. Hb voliuae li a Mniible a£id mefiil guide.' '^.drl>E7iu«aJMnia 

1. LoNtiON. — Section i. The Phyttcal Geography of the Bana of the Thatnet 
— H. Climate — in. Geology — ly. Natural Htatory — v. Statiitics^J 
Spifit of the PuhUc Jonrnah— **Tjtne3' Printing-prcM — tj. Legttlalioa ' 
and GoTeimiiient, Munieipal AirangementBt Police, Poatat Ajrange- ( 
meat* ^ Banking — Ai8uranc« Ofhcei — Export and Import Duiku 
Wood'cuit fif ' Timea' Machine , * * * , * ^ - ' 
^ ^— — Afcshitecture— Remarka on \U HUtor?— V^ ^<af^<3t— ^wa^ 



I 



NEW SERIES OP 



Church —Westmiiuter Abbey— St. Stephen's Chi^— St. Pinl's— 
ChurcheSi including those by Sir C. Wren, Inigo Jones, Sir W. Cham- 
bers, 6lc. 30 wood-euti, interior and exterior of Chnrdies 

\. London. — Somerset House — St. Paul's before the fire— Almshouses — ^Arts, 
Manufactures, and Trades — ^Tables of Life Assurance Companies, with 
the Rates of Premiums — Asylums — the Bank of En^and — ^Baliha and 
Washhouses — Buildings for the Labouring Classes — Breweriet — 
Bridges — Canals — Cemetery Companies — Club-Houses. 27 wood-emtM 

I. — — Club-Houses — Churches— Alleges— -an elaborate acooont of 
the Privileges and Constitution of the City of London, a special article 
— Customs, Custom House, Docks, and Port of London — ^Royal Dock- 
yards, with plans — Ducal Residences — ^the Electric Telegraph — ^Ednca- 
tion — Engineering Workshops — ^the Royal Exchanges, Coal and Com 
Exchanges — Coffee Houses, &c. 30 wood-cuta of Club Houses, the 
Docks, and the three Royal Exchanges, plans and elevations 

». — — Galleries of Pictures. — Succinct account of all the Pictores, with 
the names offthe Masters, in the Galltries and Collections of Lord Ash- 
burton — Barbers' Hall, City — Bridewell Hospital— Thomas Baring, 
Esq., M.P. — the Society of British Artists — British Institution—- British 
Museum — the Duke of Buccleuch — Chelsea Hospital-*the Duke of 
Devonshire— ^G. Tomline, l^sq., M.P. — Dulwich College-— the Earl of 
Ellesmere — the Foundling Hospital — School of Design — Gieenwidli 
Hospital-r-Vemoa Gallery — Grosvenor Gallery — Guildhall— Hampton 
Court:r-T.Holford, Ssq.— H. T. Hope, Esq., M.P.— St. Jamea's Pdaee 
— H. A. J. Munro, Esqv — Kensington Palace — the Marqida of Laas- 
downe-^the National Gallery — National Institution— -the Duke of 
Northumberland — Lord Overstone — Mr. Sheepshanks— Lord Ganra^ 
— ^Earl de Grey — Lord Normanton— Sir Robert Peel — the Quean's 
Gallery, Buckingham Palace — Samuel Rogers, Esq. — ^Royal Academy 
— Society of Arts — the Duke of Sutherland — ^Lord Waid--4he Marqnis 
of Hertford— the Duke of Wellington— Whitehall Chapel— Windsor 

Castle, &c. 13 wood-ctUa 

Gas Works and Gas-lightmg in London — Gardens, CoBser« 



vatories, Parks, &c. around London, with an account of tlieir for- 
mation and contents. 21 vkh>4-cu/« of the principal Conservatoriety 

Gardens, &c « 1j 

Halls, Hospitals, Inns of Court — Jewish Synagognet— Sdiools, 



l4e|uiied Societies, Museums, and Public Libraries — Lnnatie Aaylnma 
«r>Markets — Mercantile Marine — ^the Mint— Music, Operat OntoiiD 

—Musical Societies, &c. 17 wood-^mU 

Obserratories in London and its '\^cmity— Obfenratoiies 



Astronomic^ Instruments in use at Cambridge and Oxford, with 20 
wood-^uta of ii^^erior and exterior of Observatories, and of Astronomical 

Instruments 

Patent luye^tions in England— Public and Private BnildiBcs 



of London, oritiwnM o« ^he taste and construction of them— Houms 
ofAiifamtmt-^JPriMfmMf Ac |6«vood-€«ta . • ^ « • L 
'^ ^ ' lUUwtij 5totlons in London — ^Sewes»— ^tsknixi— %\MMa1SaB^. 
$9iion on dka Thnwos.. The Worka of ihe 'IVkimM *t«ssM& ^itaa- 




DiicetarT. ^ ^ 






Vbhbt vsfc vUesL ^s : 
vod isdiBBi M&s TiniiMiBrii ' 

: iir iidix7 if .gig- ' Lu g- 

msuBi^ ynii ■iiif iixc t i^znn 
7!iev "Vil aiM i« ixnmi if ^aearzuL 

lajbeeuieda :;^9Qekcs; and x x iwsuri^ ^us ta« ycaos iii^ 
»t wUek kv beat mde to mBa & foo^uEE* Lo^oaK of ?&e Grcei^ 
1 10 imin a eoEpHL 

llama oa Evclajtb, Gbdcb aaid Bcjcs, it ai itfcaded to ms ^ 
L ScwMe. and to prmbbs ia a ooBUKsed nrv u asa£j«s of tbe Iv«^ 
irewaria of tbe BOsKkifhIytalicdkBtonalwTitcn. Tlw extcssive 
of the |veee£ag Scria ob the pore and ^pficd Soeneei amoagst 
neCical mcdiaTiift, aad ochen, aflbrdi cu D ci uM ie endeaee of i^ 
or indoitziooi rlnifi to aeqaire wffamiil koovlcdge wlm placed 
r readi ; and Ab hai indoeed the hope that the vidiiiiiei on HUtor? 
id profiteUe not oidy in an iatellectaal point of Tiew, hat, which U of 

importanee, in the lodal improvement of the peoples fcr without 
^ of the prindplei of the Bngiith eonititntioB, and of thoae eTrnta 

mofo eapedally tended to proawte oor commercial proapeiily amt 
edom, it it impoaable that a eoffreet jndgment eta be Ibraied by tbtf 
people of the measoiea best ea kn lated to iacTMae the national welfkrf , 
laracter of men beat qnahlled to lepreaent them in PwUawent i antl 
dge becomes indiipensable in exact proportion M the eleeltvt franfliUo 
»ded and the qntem of 0omamtBt beoomt aort under (he iMfluanre 
inion. 
»laatie application of thete i^xmu hM not bm oforloeked, •««! « j 



8 NEW SERIES OF EDUCATIONAL WORKS. 



oompariaon of the text with the examinationi for degrees, given at the end of 
•econd Tolome of the History, will show their applicahility to the conne of hist 
•tody panned in the UniTersitiet of CSambridge and London. * 

1. Outlines of the Hibtobt ov EvaLAirD, with special reference to the origin 

and progress of the English Gonstitntion, by William Douglas Hamilton, of 
University College, with Illustrations 

2. Continuation, bringing the History 

down to a recent period 

*«* This history is designed to communicate, in an accessible form, a knowledge of the : 
e«ential portions of the great works on the English Ck)nstitution, and to form a text-i 
for the use of Colleges and the higher classes in Schools. 

S. View of the Histobt ov Gbuok, in connection with the rise of the arts and 

dvilization in Europe, by W. D. Hamilton, of Unirersity College 

'* To Greece we owe the Arts and Sciences, but to Rome our knowledge of them."^ 

4. HuTOBT OV RoMB, considered in relation to its social and political changes^ 

and their influence on the ciTilization of Modem Europe^ designed for the 
use of Colleges and Schools, by the same 

5. A Chronology of Civil and Ecclesiastical History, Literature, Science, and 

Art, from the earliest time to 1850, by Edward Law, toL L 

0. -_ ■ Tol. iL . , 

7. Grammar of the English Language, for Schools and Private Instruction 

S. Dictionary of the English Language, comprehensive and concise . . 2t. 

9. Grammar of the Greek Language, by H. C. Hamilton 

10. Dictionary of the Greek and English Languages, vol i., by H. R. Hamilton 

11. ; vol. il, by the same . 

12. ■ English and Grecft Languages, vol. iii., by the same . 

19. Gtammar of the Latin Language, by H. C. Hamilton .... 

14. Dictionary of the Latin and English Languages, vol. i., by H. R. Trumil^n 

15. '■ vol ii., by the same . 

16. English and Latin Languages, vol iii., by the same . 

17. Grammar of the French Language 

18. Dictionary of the French and English Languages, vol i., by A. Elwes 
19. English and French Languages^ vol il, by the same • 

50. €kammar of the Italian Language, by Alfred Elwes, Professor of Langoagea 

51. Dictionary of the Italian, English, and French Languagesy v. I, by the same 
32. ■ English, Italian, and French Languages^ v. ii, by the nme 

2S. French, Italian, and English Langnagesy x. iii, by. the game 

S4. Grammar of the Spanish Language, by the same 

Sff. Dictionary of the Spanish and'English Languages, vol I, by the aame • 

2^ ■ English and Spanish Languages, vol ii., by the imm 

S7« Grammar of the German Language, by G. L. Strausi, (Ph. Dr.) . • 
SB. German Reader, lelections from the best authors, by the same 
S9. Dictioiiary of the English, German, and French Languages, toL i, hj NkalM 

Ssterhasy 8. A. Hamflton 

^^, (TanBaiiy. BngBak, and Fttnah Lui^Dagea, vaL iL, Vj tW 



y^ 



'FgmkA, SB^iili»aii4 Qannaik l«ii|;niV^ ^«^ ^\q ^ 



JOBM WJUU^ Mm HICI& B.O^'^^^^ 



tlvwriOM 



In one Volttme large 8ro,, with 13 Ftaies^ Price One G^ima^ 
in haif'tnoroeco bhiding^ 



MATHEMATICS 



WQR 



PRACTICAL MEN: 




COMMON-PLACE BOOK 



iND mXED MATHEMATICS, 



DESTONSD CHIKFEiT fOS XEB UiB 01 



GINEERS, ARCHITECTS, AHB SUEVEYORS. 



LINTilUS GEEGORT, LL.D,, F.E.A,S. 



D EDlIIOlfl', REYtSED AND ENLARGED. 
BY HENRY LAW, 



oinL inaiHEEK. 
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1CA1HBMATIC8 FOB PB^OTICAL MEN 



CONTENTS. 



PART I.— PURE MATHEMATICS. 



OHAPTBB I.— AuTHxiTio. 
SacT. 

1. Definitions and Notation. 

2. Addition of Whole Numben. 
8. Subtraction of Whole Numben. 

4. Multiplication of Whole Numben. 

5. Dirision of Whole Numben. — Proof of 

the fint Four Bulet of Arithmetic. 

6. Vulgar Fractiona.— Bednction of Vul- 

gar Fractions. — Addition and Sub- 
traction of Vulgar Fractions. — Mul- 
tiplication and Division of Vulgar 
Fractions. 

7. Decimal Fractions. — Beduction of 

Decimals. — Addition and Subtrac- 
tion of Decimals. -— Multiplication 
and Diyision of. Decimals. 

8. Oomplez Fractions used in the Arts 

and Commerce. — Beduction. — Addi- 
tion. — Subtraction and Multiplica- 
tion. — Diyision. — Duodecimals. 

0. Powen and Boots. — Evolution. 

10. Proportion.— Bute of Three.— Deter- 

mination of Batios. 

11. Logarithmic Arithmetic — Use of the 

^^les. — Multiplication and Division 
by Logarithms. — Proportion, or the 
Brule of Three, by Logarithms. — 
Evolution and Involution by Log- 
arithms. 
15L Properties of Numlien. 

CHAPTBB II.— Algibra. 

1. Definitions and Notation. 

2. Addition and Subtraction. 
8. Mvltijfdication. 

4. Division. 
fiL Involution. 
8. Bvolntion. 

7. Sards. — Beduction.— Addition, Sub- 
traction, and Multiplication. — Di- 
^ rinaa. Involution, and Evolution. 
A Simple JSquBdonM, — Extermination. — 
Soltttiim of General Problems. 



SSCT. 

9. Quadratic Equations. 

10. Equations in General. 

11. Progression. — Arithmetical Piogni 

sion. — Qeometrical Progression. 

12. Fractional and Negative Exponents. 

13. Logarithms. 

14. Computation of Formnln. 

CHAPTEB III— GioiDRftT. 

1. Definitions. 

2. Of Angles, and Eight Lines, •ni, lU 

Bectangles. 
8. Of Triangles. 

4. Of Quadrilaterals and Polygoni. 

5. Of the Circle, and Inscaribed and di 

cumscribed Figures. 

6. Of Planes and SoUdi. 

7. Practical Geometry. 

CHAPTEB IV— MmuftAnoK 

1. Weights and Measnres. — 1. Meafoara 

of Length.— 2. Measnrea of Svrfrea 
— 8. Measures of Solidi^and Oi 
pacity. — 4. Measures of Weight - 
6. Angular Measure. — 8. Measme • 
Time. — Comparison of English aoc 
French Weights and Measure!. 

2. Mensuration of Superfidea. 

8. Mensuration of SoUds, 

CHAPTEB v.— Tbioovomkbt. 

1. Definitions and Trigonometrical For 

muls. 

2. Trigonometrical Tablet. 
8. General Propositions. 

4. Solution of the Cases of Plane Trias 
gles. — Bight4mgled Plane ^Maq^ei 

8. On the application of TrigonQnietr] 
to Measuring Heights and Pistanoei 
— Determination of Heists 
T>\ft\«xiceft\)i'3 Li^^xiniate , 



MATHEMATIOS'FOB FAACTICAL HEK. 
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CHAPTER VI.-— CoHio SBonoHS. 

fixer. 

1. Definitions. 

2. Properties of the Ellipse. — Problems 

relating to tbe Ellipse. 

8. Properties of the Hyperbola. — Pro- 
blems relating to the Hyperbola. 

4. Properties of the Parabola. — Problems 
relating to the Parabola. 



CHAPTER VII.— PaoPKBTiBS o» 

CUBYSS. 
SscT. 

1. Definitions. 

2. The Conchoid. 
8. The Gissoid. 

4. The Cycloid and Epicycloid. 

5. The Quadratrix. 

6. The Catenary. — Tables of Eelationfl 

of Catenarian Cnryes. 



PAKT II.— MIXED MATHEMATICS. 



^APTER I.— Meohanios nr Qeneiul. 

CHAPTER II.— Statics. 

I. Statical Equilibrium. 
f 2. Center of Gravity. 

8. General application of the Principles 
of Statics to the Eqmlibrium of 
Structures. — Equilibrium of Piers 
or Abutments. — Pressure of Earth 
against Walls.— Thickness of Walls. 
— Equilibrium of Polygons. — Sta- 
bility of Arches. — Equilibrium of 
Suspension Bridges. 

CHAPTER III.— Dtkamios. 

1. General Definitions. 

2. On the General Lavs of Uniform and 

Variable Motion. — Motion uniformly 
Accelerated. — Motion of Bodies un- 
der the Action of Grayity. — Motion 
oyer a fixed Pulley. — Motion on 
Inclined Planes. 

3. Motions about a fixed Center, or Axis. 

— Centers of Oscillation and Per- 
cussion. — Simple and Compound 
Pendulums. — Center of GyratioUi 
and the Principles of Rotation. — 
Central Forces. — Inquiries connected 
with Rotation and Central Forces. 

4. Percussion or Collision of Bodies in 
Motion. 

6m On the Mechanical Povers. — Lerers. 
— Wheel and Axle.— Pulley.— In- 
clined Plane.— Wedge and Soew. 



CHAPTER IV.— HzDEOSTATios, 

1. General Definitions. 

2. Pressure and Equilibrium of Non- 

elastic Fluids. 

3. Floating Bodies. 

4. Specific Gravities. 

5. On Capillary Attraction. 

CHAPTER v.— HTDRODTNAMI03. 

1. Motion and Effluence of Liquids. 

2. Motion of Water in Conduit Pipes 

and Open Canals, over Weirs, &c — 
Velocities of Rivers. 
8. Contrivances to Measure the Velocity 
of Running Waters. 

CHAPTER VI.— Pnbtjmatios. 

1. Weight and Equilibrium of Air and 

Elastic Fluids. 

2. Machines for Raising Water by the 

Pressure of the Atmosphere. 
8. Force of the Wind. 

CHAPTER VII.— Mbohahioal Agkhts. 

1. Water as a Mechanical Agent 

2. Air as a Mechanical Agent — Gon- 

lomb's Experiments. 
8. Mechanical Agents depending upon 
Heat The Steam Engine.— Table 
of Pressure and Temperature of 
Steam. — General Description of the 
Mode of Action of the Steam Engine. 
—Theory of the Steam En^uA.— 



Id 



1CATHS1C4TI08 fOR FSAGTICAL KEN. 



Saof 

Enginety and tlie FormnUB for eaka- 
lating their Power. — PnwtieAl appli- 
cstion of the foregoing Formula. 
4. Aninaal Strength m aMtchanicd Agtnt 



CHAPTBB YIII.— Srinen ov 

1. Seralti of Experiment!, and Prindplet 

upon which they shonld be pncticidlj 
applied. 

2. Strength of Materialf to Eeeift Teniile 

and Cnuhing Stzaini. — Strength of 
Column!. 



Sect. 
8. Elaeticitj and Elongation of 
aubjectod to a Cnuhing or 
Stnin. 

4. On the Strength of Materialf fu 

to a Tianarene Strain.— 
tndinal form of Beam of i 
Strength. — Tranirerae Stren 
other Materiala than Chut 
The Strength of Beams accor 
the manner in which the ] 
diftributed. 

5. Elasticity of Bodies sabjeetei 

TransTeree Strain. 

6. Strength of Materials to redit \ 



APPENDIX 

I. Table of Logarithmic Differences. 
n. Table of Logarithms of Numbers, firom 1 to 100. 

III. Table of Logarithms of Numbers, from 100 to 10,000. 

IV. Table of Logarithmic Sines, Tangents, Secants, &c. 

V. Table of Useful Factors, extending to sereral places of Decimals. 
VI. Table of Tarious Useful Numbers, with their Losarithms. 
VII. A Table of the Diameters, Areas, and Circumferences of Circles and & 
sides of E<mal Squares. 
VIII. Table of the jEtelations of the Arc, Abscissa, Ordinate and Subnormal, 
Catenary. 
IX. Tables of the Lengths and Vibrations of Pendulums. 
X. Table of Specific GraTities. 

XI. Table of Wei^t of Materials frequently employed in Construction. 
XIL Principles of Chronometers. 

XIII. Select Mechanical Expedients. 

XIV. Observations on the Bftct of Old London Bridge on the Tides, A«. 
XT. Professor Parish on Isometrieal Perspectire. 
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Supplementary to the Rudimentaiy Series, 

Mb. Wxau has to announce a yery important addition to his useful and p 
series of Tolumes; tIz., " Thb Pbaoxioh ov ExRiinuHa Lakds vbox th 
treated as a means of profitable Employment of Capital; with Examples and Par 
of actual Embankments, and also practical Bemarfcs on the Bepair of Old Sea ' 
bj JoBX WifiMnra, F.G.S.— Double Volume, Price 2t, 
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